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Preface

Because of the increasing complexity and growth of real-world networks, their
analysis by using classical graph-theoretic methods is oftentimes a difficult pro-
cedure. Thus, there is a strong need to combine graph-theoretic methods with
mathematical techniques from other scientific disciplines, such as machine learning,
statistics, and information theory, for analyzing complex networks more adequately.

The book Structural Analysis of Complex Networks presents theoretical as well
as practice-oriented results for structurally exploring complex networks. Hence, the
book does not only focus on classical graph-theoretical methods, it also shows the
usefulness and potential of structural graph theory as a tool for solving interdis-
ciplinary problems. Special emphasis is given to methods and areas which can be
roughly summarized as follows:

� Graph-theoretical applications in, e.g., structural biology, computational biology,
mathematical chemistry, and computational linguistics;

� Graph classes;
� General structural properties of networks;
� Graph colorings;
� Graph polynomials;
� Information measures for graphs, e.g., graph entropies;
� Metrical properties of graphs;
� Partitions and decompositions;
� Quantitative graph measures.

This book is intended for an interdisciplinary audience, covering topics from
artificial intelligence, computer science, computational and systems biology, cog-
nitive science, computational linguistics, discrete mathematics, machine learning,
mathematical chemistry, and statistics, and it contains nineteen chapters that have
been peer-reviewed according to the standards of international journals in applied
mathematics. The chapters and some of their interrelations can be briefly described
as follows.

Emmert-Streib starts the volume by surveying basic structural properties of com-
plex networks, important graph classes, and graph measures used when performing
network analysis quantitatively. The latter relates to determining the structural sim-
ilarity between graphs and their structural complexity using entropic measures.
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vi Preface

Further concepts used to explore networks structurally are provided by the next
chapters authored by Borowiecki, Goddard et al., and Ananchuen et al. In partic-
ular, these chapters present techniques of graph partitioning, distances in graphs,
and domination in graphs, respectively. The chapter written by Fujii also discusses
entropy measures, but for infinite directed graphs. However, these measures are ob-
tained by using operator theory and, hence, are differently defined than the ones
presented in the chapter by Emmert-Streib; those are derived based on Shannon’s
entropy and can be interpreted as the structural information content of a graph. Then,
the chapters authored by Matsumoto, Kovář, and Brešar et al. investigate multi-
faceted problems, like exploring infinite labeled graphs to study presentations of
symbolic dynamical systems, special graph decompositions, and the examination
of geodetic sets in graphs, which represents an important problem using metrical
properties of graphs. Ellis-Monaghan et al. provide two chapters in this volume on
graph polynomials: The first one emphasizes the Tutte polynomial and some closely
related graph polynomials. The second chapter by Ellis-Monaghan et al. sheds light
on interpretations of concrete polynomials and on interrelations between other graph
polynomials and the Tutte polynomial. The problem of reconstructing graphs by
examining specific properties of polynomials, here, the zeros of Krawtchouk poly-
nomials, is tackled in the next chapter by Stoll. Quantitative methods to calculate the
structural similarity or distance between two graphs have already been mentioned
in Emmert-Streib’s chapter. In particular, classical measures based on determining
isomorphic subgraphs have already been mentioned there. The chapter written by
Lauri treats the graph similarity problem in a similar manner, namely based on the
number of common vertex-deleted subgraphs, and examines aspects of the com-
putational complexity for calculating the mentioned graph similarity measure. The
idea of defining structural distances between graphs is tackled in the next chapter,
written by Benadé. More precisely, a chromatic metric is defined, and, remarkably,
by applying this metric, the maximum distance between any two graphs is at most
three.

The last six chapters of this volume use graph-theoretic techniques to solve
challenging problems in, e.g., applied mathematics, computer science, quantum
chemistry, electrical engineering, computational linguistics, structural biology and
RNA structure analysis, computational biology, and mathematical chemistry. The
chapter authored by Cioabă gives a broad overview on results for relating important
structural properties of a graph to its eigenvalues. Also, Cioabă surveys impor-
tant applications of graph spectra in subfields of the just-mentioned disciplines. To
demonstrate the great potential of novel graph classes within computational lin-
guistics, Mehler introduces a graph class consisting of hierarchical graphs called
Minimum Spanning Markovian Trees and shows its usefulness by outlining con-
crete applications within semiotic network analysis. The chapter contributed by
Scripps et al. starts by reviewing techniques to mine general complex networks,
but mainly focuses on link-based classification, which often appears as an impor-
tant problem in Web mining. The next two chapters, authored by Washietl et al. and
Mason et al., explore graph-based problems in structural and computational biology,
respectively. In particular, Washietl et al. investigate RNA structures represented by
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graphs and review graph-theoretical methods for describing and comparing such
structures. A problem that is currently of considerable interest in biological network
analysis is addressed by Mason et al. and deals with surveying methods for pre-
dicting protein function based on complex interaction networks. An area in which
graph-theoretical models and techniques have been intensely applied so far is math-
ematical chemistry. The volume concludes by presenting a chapter about a graph
class that is meaningful in mathematical chemistry: Vukičević presents techniques
for determining the existence and enumeration of what are called perfect match-
ings that correspond to Kekulé structures, which are well known in mathematical
chemistry.

Many colleagues, whether consciously or unconsciously, provided input,
help, and support before and during the formation of this book. In particular,
I would like to thank Hamid Arabnia, Alireza Ashrafi, Alexandru T. Balaban,
Subhash Basak, Igor Bass, Agnieszka Bergel, David Bialy, Danail Bonchev, Ste-
fan Borgert, Mieczysław Borowiecki, Monique Borusiak, Ulrike Brandt, Mathieu
Dutour, Michael Drmota, Abdol-Hossein Esfahanian, Maria Fonoberova, Bernhard
Gittenberger, Arno Homburg, Jürgen Kilian, Elena Konstantinova, Reinhard Kutzel-
nigg, Dmitrii Lozovanu, Alexander Mehler, Tomás Madaras, Abbe Mowshowitz,
Marina Popovscaia, Fred Sobik, Stefan Shetschew, Doru Stefanescu, Thomas Stoll,
Kurt Varmuza, Ilona Wesarg, Bohdan Zelinka, Dongxiao Zhu, and all authors and
co-authors of this book. I apologize to any who inadvertently have not been named.

I am deeply grateful to Armin Graber from UMIT for his strong support and for
providing such a stimulating working atmosphere. Many thanks to Isabella Fritz,
Bernd Haas, Gerd Lorünser, Brigitte Senn-Kircher, and Klaus Weinberger for their
help and fruitful discussions. Moreover, I thank Frank Emmert-Streib for the ex-
tremely fruitful collaboration and many stimulating discussions we had over several
years. Frank also provided the figures used to design the front cover of this book.

In addition, I would like to thank editors Tom Grasso, Rebecca Biega, and Regina
Gorenshteyn from Birkhäuser Publishing (Boston), who have always been available
and helpful. Last but not least, I would like to thank my wife Jana and my family
— Marion Dehmer-Sehn and Werner Dehmer — for their unfailing support and
encouragement.

Finally, I hope that this book will help to extend the enthusiasm and joy that
I feel for this field to others, and that it will inspire people to apply graph the-
ory to different scientific areas for the solution of challenging and interdisciplinary
problems.

Hall in Tirol, April 2010 Matthias Dehmer





Contents

Preface . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . v

Contributors . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . xi

1 A Brief Introduction to Complex Networks
and Their Analysis . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 1
Frank Emmert-Streib

2 Partitions of Graphs . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 27
Mieczysław Borowiecki

3 Distance in Graphs . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 49
Wayne Goddard and Ortrud R. Oellermann

4 Domination in Graphs . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 73
Nawarat Ananchuen, Watcharaphong Ananchuen,
and Michael D. Plummer

5 Spectrum and Entropy for Infinite Directed Graphs . . . . . . . . . . . . . . . . . . . . .105
Jun Ichi Fujii

6 Application of Infinite Labeled Graphs to Symbolic
Dynamical Systems . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .137
Kengo Matsumoto

7 Decompositions and Factorizations of Complete Graphs . . . . . . . . . . . . . . . .169
Petr Kovář
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Index . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .483



Contributors

Nawarat Ananchuen Department of Mathematics, Faculty of Science,
Silpakorn University, Nakorn Pathom 73000, Thailand, nawarat@su.ac.th

Watcharaphong Ananchuen School of Liberal Arts, Sukhothai Thammathirat
Open University, Nonthaburi 11120, Thailand, laasawat@stou.ac.th
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Damir Vukičević Faculty of Mathematics and Natural Sciences, University
of Split, Nikole Tesle 12, HR-21000 Split, Croatia, vukicevi@pmfst.hr

Stefan Washietl EMBL-European Bioinformatics Institute, Wellcome Trust
Genome Campus, Hinxton, Cambridge CB10 1SD, UK
and
Institute for Theoretical Chemistry, University of Vienna, Währingerstraße 17,
A-1090 Vienna, Austria, washietl@ebi.ac.uk

ptan@cse.msu.edu
aleksandra.tepeh@uni-mb.si
mark.verwoerd@nuim.ie
vukicevi@pmfst.hr
washietl@ebi.ac.uk



	Structural Analysis of Complex Networks
	Preface
	Contents
	Contributors



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (ISO Coated v2 300% \050ECI\051)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 149
  /ColorImageMinResolutionPolicy /Warning
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 149
  /GrayImageMinResolutionPolicy /Warning
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 599
  /MonoImageMinResolutionPolicy /Warning
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /DEU <>
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [595.276 841.890]
>> setpagedevice




