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Abstract

In e-commerce, sellers can disclose product information (such as quality, size information,
function, and so on) to make consumers understand the products. However, in the process
of information disclosure, consumers often fall into information distortion or information
loss. Because of its immutability and traceability, blockchain can help e-commerce sellers
improve information disclosure and ensure the efficiency of information transmission. We
study a duopoly competitive e-commerce market in which two e-commerce sellers compete
in information disclosure. According to whether to apply blockchain, we divide the sellers’
decision-making into four research scenarios (NN, BN, NB, BB). Based on the above four
scenarios, we get the market demand of different products depending on the consumer utility,
and further establish the game model in the competitive environment. This paper explores
the impact of blockchain on information disclosure and consumer surplus, and achieves the
Nash equilibrium of blockchain application for both sides. In the expansion model, we study
e-commerce sellers’ risk aversion and capital constraints, and further explore their impact on
blockchain in practice. Finally, combining with blockchain’s characteristics, we also analyze
the impact of the application of blockchain at other aspects on the supply chain. We find that
when consumers’ trust in information is low or the cost of blockchain applications is low, all
e-commerce sellers in competition will adopt blockchain. In addition, when consumers have
low trust in information, it will be difficult to achieve complete equilibrium in the application
of blockchain as their risk aversion increases. For capital constrained sellers, when the cost
of blockchain application is low, it will be difficult to achieve full equilibrium for blockchain
applicants as the bank financing rate increases.
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1 Introduction
1.1 Research background and motivation
1.1.1 Problems in information disclosure

In e-commerce transactions, sellers and consumers in different time and space cannot physi-
cally contact and perceive the goods that need to be purchased under offline consumption, and
can only judge the goods’ quality by the information from the text, pictures and videos pro-
vided by the merchants. Online sellers can increase the information disclosure (for example,
product specifications, dimensions, use experience, etc.), which helps to reduce consumers’
perception of risk (Montecchi et al., 2019) to improve consumers’ understanding on the prod-
uct, and accordingly, consolidate consumers’ preference for the product to increase the sales
to certain extent. Consumers consider that it is always good for online sellers to increase
information disclosure, while online sellers believe that increasing information disclosure
will add more burden in different ways. For example, online sellers can introduce the details
in the product description to consumers through beautiful pictures, where each additional
picture requires professional personnel to design and upload, thereby the cost cannot be
ignored. Moreover, if the online seller acts as a middleman, he/she will review the resale
products when he/she sells the products, and increasing the information disclosed means
increasing the review content, which will also increase the labor and management costs. As
a result, there is a tradeoff between the potential benefits of disclosing more information in
increasing demand and the costs associated with it.

However, consumers are always in a passive position when receiving the information,
which causes many of them to shout "fooled" after trying on the goods, and find that there
is a wide gap between the real appearance of the goods and the "seller show". It should
be emphasized that the false propaganda is one of the main manifestations of information
asymmetry, which is more obvious in such industries as food, health products, clothing and so
on. In particular, the health products industry is the hardest hit by false propaganda, especially
during the COVID-19 epidemic. The relevant complaints exist from January 1, 2020 to March
6, 2020, of which 76% are from the accused enterprises concentrated on the e-commerce
platform, while 24% from other purchase channels. The statistics show that water purifiers
are the major health products with the most complaints at this period. The proportion of
consumers’ complaints against false propaganda is as high as 37.5%. In the promotion of
health food, some enterprises deliberately blur the difference between functions and curative
effect, and deliberately exaggerate the efficacy. The reason is related not only to the online
sellers’ adverse selection, but also to the lack of middlemen’s strict scrutiny.

1.1.2 Therole of blockchain

Fortunately, blockchain can solve information asymmetry to some extent. Information disclo-
sure can be realized through blockchain. This means that all previously disclosed information
will be permanent, and current and future users will be able to view the history of all public
information. Because everything is more transparent, the product authenticity can be traced
back. It is worth mentioning that if blockchain supports information disclosure, the platform
must pay special attention to avoiding errors, because the information is always there. Table
1 shows the characteristics of blockchain related to product information disclosure.
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Table 1 Characteristics of blockchain related to product information disclosure

Application basis Basic features Meeting point
Consensus Joint maintenance It ensures the authenticity,
mechanism security and transparency of

the disclosed information

Distributed ledger Decentralization It can be jointly maintained and
get the rapid transmission and
integrity of information

Digital signature Information that cannot be tampered with and ~ The symmetrical encryption of

self-governing information is realized to avoid
malicious tampering with the
disclosed information by
unscrupulous merchants

Hash algorithm

Time stamp Traceability It can trace the released time and
content of the information, and
increase the judgment of the
information authenticity

Smart contract Automatic execution It avoids human interference and
reduces the probability of
errors in disclosure
information

As for the application of blockchain, e-commerce sellers can establish alliance chain
based on the whole life cycle of the supply chain. The upstream primary suppliers, secondary
suppliers and downstream e-commerce platforms and consumers can constitute different
nodes of the blockchain network. As shown in Fig. 1, blockchain facilitate three steps for
product information from generation to disclosure: information broadcasting, information
verification and block generation. Information broadcasting is convenient to broadcast the
generated product information to all nodes. Information verification is to verify the accuracy
and credibility of all node information. Only qualified information will be packaged and
further released. When the disclosed information is written, the e-commerce seller’s identity
and release time are also written into the blockchain ledger and notify all the nodes in the
network. Viewing the blockchain ledger can promote the verification of the seller’s identity
and release time. Viewing the blockchain data of the information source, consumers can judge
the credit of the information disclosed by e-commerce sellers, so as to judge the credibility of
the information to certain extent. Based on the traceability of blockchain, the source of false
information will be easier for people to obtain. Even if speculators publish false information,

Information Information Information Block Information
Generation Broadcasting Verification Generation Disclosure
Nodel .
Product Information Pl Accuracy Rating Hash Value
) Node2 Timestamp 'l')
uality Informati Creditability )
Quality Information N Node 3 A )
Pruduct Information
graction : Information Value User Information
Information : Time Information
Verification Information
i Node n Information Integrity

Traceability Traceability Traceability Traceability

Fig. 1 Information disclosure under blockchain
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people can trace back to the source through blockchain. Therefore, blockchain can guarantee
the authenticity and integrity of the disclosed information.

1.1.3 Information disclosure competition

In the aspect of e-commerce operation, in addition to the importance of product disclosure,
we should also be aware of the competition among industries, the uncertainty of consumers’
willingness to buy and financial constraints. Among them, the high uncertainty of industry
competition and consumers’ willingness to buy is more obvious in the mobile phone indus-
try, luxury industry and other high-consumption industries. This has led to online sellers’
rational sales judgment. Traditional competition is mainly reflected in two aspects: price
competition and quantity competition. However, with the development of the Internet, the
importance of information is self-evident, which makes e-commerce sellers have to consider
the competitors’ information decisions when disclosing information. Take the mobile phone
market as an example, for two mobile phones with similar performance, one seller will show
consumers its powerful photo function and reasonable price, while the other seller will show
its beautiful appearance and powerful function on this basis. Such examples are common in
e-commerce. After the application of blockchain, we need to pay attention to the impact on
such information disclosure competition.

1.2 Research questions and main conclusions

Based on the industry practice of e-commerce sellers in the real world and the importance
of product information disclosure in blockchain era, according to consumers’ product pref-
erence, two competitive e-commerce sellers are divided into two types, e-commerce sellers
with competitive advantages and e-commerce sellers with competitive disadvantages. We
consider four clear situations, namely: neither of the two competitive sellers use blockchain,
only the seller with competitive advantages uses blockchain, only the seller with competitive
disadvantages applies blockchain, and the two competitive sellers both apply blockchain.
We analyze and construct a duopoly game model of game theory separately, and discuss the
product information disclosure game and blockchain application game between e-commerce
sellers. We have also expanded the model and analysis in terms of risk aversion and financial
constraints, and generated additional insights.
To be clear, this paper is to study the following research questions.

1. In the basic model of two competitive e-commerce sellers, what is the optimal level of
product information disclosure of two competitive e-commerce sellers in four cases? And
what are their characteristics? What are the consumer surplus and its characteristics after
reaching the optimal level?

2. In the basic model of two competitive e-commerce sellers, what is the nature of the
optimal profits of all parties in different situations? And which situation can achieve the
Nash equilibrium of blockchain applications?

3. If the e-commerce seller has an aversion to risk, how do the degree of risk aversion and
demand fluctuation affect the optimal product information disclosure level and consumer
surplus in the four cases? Will the application of blockchain cause a change in this effect?

4. If the funds of e-commerce sellers are constrained, how does the bank’s loan interest rate
affect the optimal product information disclosure level and consumer surplus in the four
cases? Will the application of blockchain cause a change in this effect?
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With the study on the above mentioned research questions, we have the following main
conclusions.

1. If only one seller uses blockchain, when the cost of blockchain application is very small,
consumers’ high trust will drive the high level of the seller’s information disclosure. For
consumer surplus, under different costs of blockchain application, the number of main
bodies of applied blockchain will also have impact on the size of consumer surplus. For
the applied blockchain equilibrium, we give the equilibrium region about the blockchain
cost and the degree of consumer trust.

2. Risk aversion will increase the level of information disclosure and consumer surplus, but
after blockchain application, information disclosure will be in lower level, while it does
not increase consumer surplus. We also find that after blockchain application, its cost will
increase the sensitivity of e-commerce sellers to market demand fluctuations. Both risk
aversion and market volatility will change the equilibrium of the application blockchain.

3. Under the capital constraint, increasing the lending rate of banks will reduce the level of
information disclosure and consumer surplus. If the cost of applying blockchain is very
high, the blockchain application will reduce this impact. If the blockchain is applied, the
cost of the blockchain will change the seller’s sensitivity to the loan interest rate. The
change of bank loan interest rate will change the equilibrium of applied blockchain.

1.3 Contribution and organizational structure

As far as we know, this paper is the first to study the impact of blockchain on the information
disclosure of competitive e-commerce platforms. Combining with the characteristics of the
existing e-commerce sellers, we clarify the sellers’ attitude to the risk aversion and the impact
of blockchain technology under financial constraints. The results are novel and reveal some
crucial insights. This paper builds a foundation for the future research on the game of e-
commerce operation information disclosure by using blockchain, and also provides valuable
management insights for e-commerce operation practice.

The rest of this paper is organized as follows. Section 2 reviews literature related to prod-
uct information disclosure, supply chain competition and blockchain. Section 3 builds four
basic models for two competitive e-commerce sellers, and analyzes the role of blockchain
and the equilibrium conditions of the application blockchain. Section 4 checks the robustness
of the main insights generated by the basic model and analyzes various extended models.
Section 5 discusses other functions and research directions of blockchain in information dis-
closure. Section 6 concludes the paper and indicates its implications for product information
management in e-commerce.

2 Literature review
2.1 Information disclosure

In recent years, information disclosure has been widely concerned, and different types have
been studied. For example, Cao et al. (2020) took quality information as the object, and exam-
ine the impact of voluntary and mandatory information disclosure on the equilibrium strategy,
payment and consumer surplus of manufacturers and retailers. Jeon (2019) and Chondrakis
et al. (2019) have studied technological information disclosure. The former found that in
the case of technological information disclosure, innovators invest in R&D earlier, while the
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latter found that increasing technological information disclosure increases M & An activi-
ties. Zhou et al. (2018) studied the impact of information disclosure on lenders’ behavior in
the financial market of crowdfunding supply chain. The results show that additional informa-
tion disclosure can help lenders to make reasonable investment decisions. Cho et al. (2019)
established a game theory model based on two-tier supply chain to study how information
disclosure affects the motivation of enterprises to use different strategies to combat child
labor. With the development of e-commerce, information disclosure often brings some prob-
lems in online sales. Many scholars explore its role in e-commerce through the method of
game. Zhang et al. () established an analytical model to study how intermediaries and sellers
manage consumers’ uncertainty and returns by disclosing product information. Markopoulos
and Hosanagar (2018) introduced a game theory model of the competitive market and found
that the information availability of the third parties makes companies free-rider, especially
low-quality enterprises, who can reduce investment more than high-quality enterprises in
information disclosure. Hu et al. (2020) studied a two-phase model, where the sales volume
of the first phase is disclosed, based on which the customers of the second phase will make
a purchasing decision. The above studies are all focused on disclosing information by the
seller to the consumer, while, there are, of course, also studies by the consumer to the seller
(Feri et al., 2016; Ichihashi, 2020). Our research object is still that the seller to disclose
information to consumers, because generally speaking, sellers are more likely to conceal
information from consumers, so it is more meaningful to explore the role of blockchain
in it. What is closest to our research is the study by Choi et al. (2019a), who established
a duopoly model and analyzed the Nash game of product information disclosure between
product leasing alternative service platforms. Finally, they discussed the role of blockchain,
but they did not bring blockchain into the model. Our research makes up for this shortcoming.
We consider that blockchain will increase consumers’ trust in information, so as to establish
a model based on blockchain and analyze the role of blockchain. Similarly, we mainly focus
on the competitive market, and it is common to explore the issues related to information
disclosure in the competitive market (Clark & Kundu, 2020; Sheth, 2019).

2.2 Competition in supply chains

Nowadays, supply chain management under competition is an attractive topic, and there are
many types of competition in the supply chain, but the most classic is price competition and
output competition. In terms of price competition, Xiao et al. (2014) developed a retailer-
Stackelberg pricing model to study the product types and channel structure strategies of
manufacturers in the annular market. Shavandi et al. () studied the problem of price compe-
tition in multinational supply chains. They focused on manufacturers’ pricing strategies and
unauthorized dealers’ impact on prices, market share and profits. Matsui (2017) considered
the price competition between manufacturers and retailers when studying the dual-channel
supply chain. His biggest innovation is that manufacturers and retailers can choose not only
the price level, but also the pricing timing. In the aspect of output competition, Shao et al.
(2020) considered a purchasing game with opaque cost, described the equilibrium of pur-
chasing game, and studied the influence of different parameters on purchasing strategies and
profit performance. Han & Liu (2020) established an optimization model of high-quality
product supply chain, in which many competing companies adopt the strategy of vertical
integration and must determine the quality level of production and the quantity of production
at each level. In addition, some studies also consider service competition. For example, Pi
etal. (2019) studied pricing and service strategies under retailer competition and cooperation
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after considering channel interruption. With the further increasing practical problems and the
further deepening research, the research on supply chain competition also considers capacity
competition (Yang & Hsieh 2021), social responsibility competition (Wang et al., 2020) and
advertising competition (Zhang et al., 2020) and so on. Similar to the above research, our
study also considers the competition between different supply chains, but unlike existing
studies, our research does not consider price competition or output competition. What we are
considering is the competition of the information disclosure level. In contrast, we consider
the competition of information disclosure, which is easier to reflect the role and change of
blockchain in the supply chain (thanks to the insurable modification of blockchain).

2.3 Blockchain application in operations management

Blockchain was originally proposed by Nakamoto (2009). It was born with Bitcoin. This
peer-to-peer distributed ledger has attracted more and more attention. As a kind of informa-
tion and communication technology, blockchain has been largely researched in the computer
field (Ikeda, 2018; Lin & Tang, 2018; Sharma et al., 2018). However, related studies (Babich
& Hilary, 2020; Gomber et al., 2018; Kumar et al., 2018; Queiroz et al., 2020) have proved
that blockchain plays an irreplaceable role in improving operation management, especially
in supply chain management (Chang et al., 2020; Helo & Hao, 2019; Wang et al., 2019). In
recent years, blockchain has been paid more and more attention in researching operation man-
agement. De Giovanni (2020) discusses the optimal strategy of the traditional online platform
and blockchain platform through the supply chain game model. Lohmer et al. (2020) used the
simulation method to explore the impact of blockchain on supply chain risk management and
supply chain elasticity. Choi (2019) explored different consumer utility-driven operational
models and emphasizes the value of blockchain technical support platforms in diamond certi-
fication and certification. Choi et al. (2019b) discussed how to apply the mean variance (MV)
method to explore the operational risk of global supply chain and air transportation logistics
in the blockchain era. After that, Choi (2020) thought that blockchain can reduce the financing
cost of enterprises, studies the introduction of revenue-sharing contract again, and explores
the supply chain coordination before and after the use of blockchain through Nash bargaining
model. Yoon et al. (2020) introduced an analytical model considering the implementation of
blockchain in international trade. The results show that under the condition of blockchain, the
delivery time is shortened, and the shipping cost is reduced. Choi et al. (2020) believed that
blockchain helps the platform to accurately assess the proportion of risk-seeking customers,
risk-neutral customers and risk-averse customers. Under the general pricing strategy and the
customized pricing strategy, the significance of customized service pricing strategy mediated
by blockchain technology is obtained through the optimal service price. Considering con-
sumers’ pursuit of traceability, Fan et al. (2020) also introduced a revenue-sharing contract
to achieve the equilibrium of the application blockchain. Similar to the above research, our
research also belongs to the application category of blockchain in operation and management.
However, the difference is that in our consideration blockchain can ensure that information
and data cannot be tampered with. In the traditional information disclosure, the phenomenon
of information fraud is also very common, but because blockchain cannot be tampered with,
we think that the information can be disclosed through blockchain system so that it can be
guaranteed to be true. Obviously, there is no similar research at present. Even Choi et al.
(2019a), which is most similar to our research, did not take into account that blockchain can
guarantee that the information cannot be tampered with.
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3 The model
3.1 Model description

We consider two e-commerce sellers who sell the same products in the same market. We
define the two sellers as m, and the products they sell as m(m = 1, 2). The products sold by
the two sellers has the same nature. Because the products are sold online, consumers cannot
know the true value of the products, but the consumers’ valuation of the two sellers’ products
is the same but uncertain. With reference to Chen & Chen (2016) and Yang et al. (2017),
we assume that v is uniformly distributed between o and 1. We also consider consumers’
preferences for products. For example, even if they sell the same products, consumers tend
to think that the quality of the products on JD! is higher than that on Taobao.? Based on this
point, the sellers on JD have more competitive advantages than the sellers on Taobao. Taking
this into account, we introduce the consumer preference coefficient 6,,, i.e., the valuation of
the product m purchased by the consumer is 6,,v. And we assume that seller 1’s product is
more likely to gain consumers’ trust, i.e., 61 > 6;. This assumption is reflected in competitive
marketing study (Chen & Bell, 2011) and competitive financing study (Yang et al., 2019).

In order to increase the product sales, seller m needs to disclose the product information
to consumers through the e-commerce platform, including product quality, product spec-
ifications, user experience, etc. When consumers receive these kinds of information, they
will know more about the product. For example, in the actual e-commerce market, the seller
will describe the product through gorgeous pictures and personalized words on the plat-
form. Through these methods, consumers know more about the product information, which
undoubtedly leads consumers to arouse their willingness to buy. In reality, it is a pity that
many sellers exaggerate their products too much and often post some false information, which
may temporarily increase consumers’ willingness to buy in the short term, but in the long
run, this will often deal a great blow to consumers’ confidence in their products. Therefore,
consumers’ trust in product information has become an issue that sellers need to focus on
in traditional e-commerce, where we assume that consumers’ trust in product information
is A, and A € (0, 1). Because blockchain cannot be tampered with, it can be used to ensure
the authenticity of the product information. Under this condition, the information released
by the seller on the platform is so real that the consumer’s recognition of the product can
be guaranteed. We assume that after the blockchain application, consumers’ recognition of
product information is 1. For the e-commerce platform, the increasing information of the
seller will also be a burden, because the e-commerce platform will have to increase the stor-
age space for the relevant data. Although increasing sales through information disclosure will
indirectly enhance the revenue of the platform (because the platform will charge the seller),
considering the cost, the platform will charge for the information disclosed by the seller.
We only consider the unit cost of information disclosure, which is recorded as k. Similarly,
the cost of applying blockchain cannot be ignored. For each information unit disclosed by
the seller, a new block is formed and connected to the previous block. During this period,
power and storage consumption is obvious cost. In addition, the related labor and communi-
cation increase with information disclosure increasing. In this paper, the cost of blockchain
application is defined as unit cost, which is recorded as .

In addition, we also define the unit sales price of product m as p,,, which is exogenous,
and related to the product nature. And we define the unit selling price of the product as c,,,

1 https://www.jd.com.

2 https://www.taobao.com.
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which includes the production cost, transportation cost and so on. To be simple, we make
m = pm — ¢m Seller m needs to decide the degree of product disclosure ¢, and whether
to apply blockchain. If seller 1 applies blockchain, we set i = B; otherwise i = N. If seller
2 applies blockchain, we define j = Bj; otherwise j = N. We use ¢,, to indicate whether
seller m applies blockchain, and define the following formula:
1if i=B lif j=B
g”‘_{oz‘fi:N’ ¢ _{Oif j=N
The utility gained by consumers in purchasing products is Uy,. For comparison, we also
assume the situation where the seller has no information disclosure. In order to distinguish the
consumer utility with or without information disclosure, we assume that the consumer utility
without information disclosure is U,,—y;p, while the consumer utility with information
disclosure is U,,_pip.

3.2 Consumer’s choice

First of all, we analyze the consumer utility when there is no information disclosure. Under
the premise that the consumer’s product valuation is v, the product utility m is U,,,—njp =
Omv — pm. If we consider that there is only a single seller in the market, then only when

Un_nip > 0,1ie.,v > 5—:, the consumer will buy the product. We can get the product
demand m at this time is d,, = fpli dv=1-— 19%.

Om
In order to make our research more rigorous, we assume that seller 1 has an advantage

over seller 2 in the e-commerce market, so we add the following assumptions.

(1) When the product information is not disclosed by the e-commerce seller, and the con-
sumer values product 1 and product 2, v = 1, Ui_y;p > Us_nip, 1€, 01 — p1 >
0 — p2.

(2) In a single market without information disclosure, d; = 1 — 5—1' >dp=1-— 5—22.

(3) In the absence of information disclosure, the unit sales profit of e-commerce 1 is larger
than that of e-commerce 2, i.e., p; — ¢1 > p2 — C2.

The hypothesis (1) shows that when the consumer has the information about the product,
the consumer is more inclined to product 1, and the consumer only buys product 1 but not
product 2. In hypothesis (2), the basic market capacity of product 1 is larger than that of
product 2. In hypothesis (3), seller 1 is easier to get higher profits than seller 2.

In the market with information disclosure, under the condition that the consumer’s prod-
uct valuation is v, the seller’s information disclosure level will increase the consumer utility
after purchasing goods. What needs to know is that when there is no blockchain applica-
tion, the consumers’ trust degree in the information disclosure is not high enough, and for
each additional information disclosure unit, consumers only get an increase in the utility of
A(A € (0, 1)), while after the application of blockchain, a unit of utility will be increased for
consumers. Therefore, the utility that consumers get after purchasing product m is as follows:

Un—prip = 0pv + (o + (1 — @) ANy — pim =+ &m,

where ¢, is a random variable with symmetrical distribution, and E(e;) = Wm,
Var(ey) = a,%l. The correlation coefficient between & and &3 is p. &, is used to reflect
the uncertainty of the utility of consumers after buying products. If ¢, is very large, con-
sumers will be more willing to buy enough products; otherwise, consumers will have little
willingness. This reflects the uncertainty of the market faced by sellers indirectly.
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In order to explore consumers’ willingness to buy, we make it possible for U, = 0 to get

Pm — (@m + (1 — @u)A) Aoty — &m
Om

Um =

Only when U,, > 0 (i.e., when the consumer’s valuation of the product m, v > v,,), the
consumer will buy product m.

In order to explore consumers’ choice between two products, we further make Uj_p;p =
U,_p1p, the boundary of consumer valuation worthwhile:

_ph—p+ (o1 + (I =@My — (g2 + (1 —@)A)az — &1 + &2

v
21 o — 6,

It is obvious that vo; > v,,. The above formula shows that when Uy_p;p > Us_pip,
ie., v > va1, consumers will buy product 1 instead of product 2, as shown in Fig. 2. But
when Uj_p;p < Us_pyp and Ur_pyp > 0,1i.e., v < vp1 and v > vy, consumers will buy
product 2 instead of product 1. As shown in Fig. 2, v < v1 < v31 < 1, so when v > vy,
v > v is bound to be established, there is no conflict between the market of product 1 and

the market of product 2.
1

Therefore, when we do the integral, we get D1 = [, |

v21 — v2, and when we expand, we get:

dv=1—wvy and D; = fvvzzl dv =

_Pi—p2+ (@ + A —epMag — (92 + U — )M
01 — 6

1=+ @+d-gDMeg — (g2 + A —g)May  p2 — (g2 + 1 = g2)M)Aep

01— 6 )

D=1

+§

Dy = +&

_ e—e _ biea—bheg
where &1 = 5=¢2, &2 = 55 =5, -

Obviously, E(&)) = E(&) = 0, Var() =

01022+92012—29102p01 o)
03 (01—62)2

012+<712—2p0101

=D and Var(&) =

U, =0y +(p, +(1-@,)A)a,— p,+ &,

|
I
I
|
|
I
1
1
I
1

Fig. 2 The utility of consumers buying products
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3.3 Analysis

In the basic model, if seller m applies blockchain, i.e., ¢;; = 1, then each unit of information
disclosure will have to pay more ¢ cost; otherwise, each unit of information disclosure will
only have to pay k cost. Therefore, we can get that the cost of information disclosure of seller
mis L, = (k + @mt)a,, — PCM. In addition to the cost of information disclosure, we need
to take into account the cost of selling products, so the analysis shows that the expected profit
function of seller m is:

My—pip = (Pm — Cm _Zm)E(Dm — PCM)

sure level of seller 1 and sel(ler 2 in the basic market respectively. According to our hypothesis,

we can find Z,, < 0. And, obviously, Z,, is the decreasing function of d,, and the increasing
function of d,,-, i.e., if the basic market demand of seller m is very large, his information
disclosure level in the basic market will be even smaller. On the contrary, if the basic market
demand of the other party is very large, seller m will increase the amount of information
disclosure, which reflects that the basic market demand will increase the competitiveness of
information disclosure between the two sides. Since d,, is the decreasing function of p,,, we
can get that Z,, is the increasing function of p,, and the decreasing function of p,,-. Based
on the above analysis, we further solve the optimal level of information disclosure, and we
can get four cases according to whether seller 1 and seller 2 apply blockchain. In the four
cases, their optimal information disclosure level is shown in Table 2.

We define Z; = —0 26 92)? 01602y g Zs ==& (29‘( 4992)”[2;'6192‘11 which are the disclo-

Proposition 1

(1) In the competitive product information disclosure market, there is a unique Nash equi-
librium under different blockchain application scenarios. The level of balanced product
information disclosure for product 1 and product 2 is shown in Table 1.

(2) (a) Foranyi = N, B, am pey’ 1S increasing function with respect to A. (b) For any

j = N, B, amfPCM is increasing function with respect to A. (c¢) Only if t < Ty,
a{V_BPC v and af _NP cu’ are increasing function with respect to A.
3) For anyiand j, o Z peum’ IS the decreasing function of k, and for anyi = B or j = B,

m poy’ 1S the decreaszng functlon of t.

Nj Bj
@ o lpey”™ > pey ’“2 pem’ >0‘2 peM’

Table 2 Equilibrium product information disclosure level of seller 1 and seller 2

p1=0,0=0 ¢ =1¢=0 p1=0,0p=1 p1=1,
=1
7 201 R A@] Ry Z 2601 R 61 Ry
of " - T 21t @ T P S Y(=%) ko
201 R1+01 R 1R +01 Ry
PCM 1 lk 1R SR
Z Zy 6 Ry 291R2 szl 2601 Ry
o 2+ % T L+ + &0 o
)R +20| R h R1+201 Ry
PCM p2\8| T 1R —
Rl - 491 —6° R2 491 —6)
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From proposition 1 (1), we can get the optimal returns of both parties in different
blockchain application scenarios, as shown in “Appendix A.1”. It can be seen from propo-
sition 1 (2) that as long as one party does not apply blockchain, the optimal information
disclosure level of seller m is correlated with the consumer trust degree A. When competitors
do not apply blockchain, the greater the trust of consumers in the information, the greater the
level of information disclosure of seller m. This is because when consumers have more trust
in information, consumers are more willing to buy products, which leads to a larger poten-
tial market for any seller. What needs to be distinguished is that if seller m does not apply
blockchain, the consumer’s trust in information A only affects the sensitivity of the optimal
level of information disclosure to the underlying market. But if seller m applies blockchain
alone at this time, A only affects the sensitivity of the optimal level of information disclosure
to the unit income of competitors.

Proposition 1 (3) shows that when k and ¢ are large, the information disclosed by seller m
will decrease accordingly, because the larger k and ¢, the higher the marginal cost of prod-
uct information disclosure. Proposition (2c¢) shows that only when the competitor applies
blockchain, and ¢ is small, the information disclosed by seller m will increase with the
increase of L. Combining with the conclusion of (3), we can think that when ¢ is relatively
small and A is relatively large, competitors will increase the level of information disclosure.
Therefore, in order to balance their own income, seller m will increase the level of infor-
mation disclosure. In addition, it also explores the nature of consumer surplus from product
information disclosure. Proposition 1 (4) shows that for either party, as long as blockchain
is used, the volume of information disclosure will be reduced. With the previous analysis, it
also shows that the seller is more sensitive to the cost of blockchain.

In addition, we also want to explore the impact of product information disclosure game
on consumer surplus. We use C'S,, to represent the consumer surplus after the product infor-
mation disclosure of seller m to the consumer (i.e., the user). We use CS), to represent the
consumer surplus at equilibrium. When there is no information disclosure, the consumer
surplus is:

o0
CSu—-n = ];m (Omv - Pm)f(U)dU

Om

When the information is disclosed, the consumer surplus is as follows:

00
CSn—pPID = _/;7m—(<ﬂm+(1—<ﬂn1))h)al11 B Omv + (pm + (1 — om)M)am — pm) f (v)dv
Om
i -
_ m _ _
- /Pln*(‘ﬂr:l+(§1*¢m))»)0(m Omv = pm) f(W)dv + /Pm*(fﬂerg(lflﬂm))»)am (pm + (1= gm)Mam f©)dv + CSp—N
m m

It can be seen that the consumer surplus obtained by seller m through information disclo-
sure is:

SCSm = CSmfPID - CSmfN = Am[Am + dm]

where Ay = (@ + (1 — @) Moy .
In order to explore the properties of CS,; , we get Lemma 1.

-
Lemma 1 Foranyiand j, CS,) is an increasing function of A*m[/- and d,,.

Lemma 1 states that whether blockchain is applied or not, seller m will increase consumer
surplus through information disclosure, and the greater the basic market demand, the more it
will increase. In addition, consumer surplus is also related to the blockchain application, and

@ Springer



Annals of Operations Research (2023) 329:1009-1048 1021

at the same level of information disclosure, after the application of blockchain, consumer
surplus will become smaller.
Observing Lemma 1, we can find that the consumer surplus of seller m is only related to

Ay, so we get the optimal A;L pcem’ according to Proposition 1, as shown in “Appendix
A.1”. Comparing their relationship, we can get Proposition 2.

Proposition 2
(1) Wheni =Nor j= N CS _pcy 1S an increasing function with respect to .
(2) Foranyiand ] C S _pcy’ IS adecreasing function with respect to k, and wheni = B

or j =B, CSm_PCM is a decreasing function with respect to t.
(3) Under different blockchain application scenarios, the consumer surplus from
information disclosure of product m has the following relationship: When

> < < <
t 1 BB * BN * NB * NN *
k|l = | x L, CSl*PCM = CS —PCM = CS —PCM = CS —PCM >
< > > >
< < <
CS2 PCM = CSZ PCM = CS2 PCM = CS2 PCM .
> > >

(4) Proposition 2 (1) states that as long as one party in the competitive market does not use
blockchain, the consumer surplus of seller m is related to A. When A is relatively large,
consumers can obtain higher consumer surplus from information disclosure. With the
conclusion of Lemma 1, it is also easy to obtain the expression with the most consumer
surplus, so we can also explore whether X has an effect on consumer surplus after the

. - T dcsy pen” .
blockchain application. By further derivation, it is found that —="*— has nothing

to do with 7, but the sensitivity of the consumer surplus of seller m to A is positively
correlated with the unit sales income of competitors. Proposition 2(2) states that with
the high cost of information disclosure, the consumer surplus will be lower, because the
seller will reduce the volume of information disclosure.

Proposition 2 (3) compares consumer surplus in four cases, and also illustrates two prob-
lems: (1) when 7 is very high, the consumer surplus with applying blockchain will be very
low, and as long as one party applies blockchain, it will reduce consumer surplus; (2) with the
increase of sellers who apply blockchain, the consumer surplus of either side will decrease. Of
course, if the cost of quoting blockchain is relatively low, the conclusion is just the oppo-
site. Proposition 2 (3) just shows that the consumer surplus is still very sensitive to the
blockchain application cost.

From Proposition 1 (1), we can get the optimal returns of both parties in different situations,
compare their benefits, and we can get the scenario of the seller applying blockchain. The
specific results are represented by Proposition 3.

Proposition 3 For any aZﬁPCM* >0, (m=1,2),

> >
. t 1-) BB * BN *
(1) When t and X satisfy | = |5= then N7 Zpqy = | pcy™ and
< <
>
BB * NB *
1_[2—PCM = 1_IZ—PCM .
<
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*

NN % NB % pNN BN %
@) Mpem™ <M pen™ I pen™ < T lpey™

. > Vak(k+1)—k/k+t (201 —602) R —Om R, —
(3) When t and A satisfy k<<> and N <<) z , then

NN * BB * NN *
Mo N pen™ > Ta? pey™ else TN oy < TP by

Proposition 3 (1) shows that when seller m applies blockchain, his competitors apply
blockchain to his optimal return. When seller m applies blockchain, if ¢ is relatively large
or A is relatively small, his competitors’ blockchain application will increase their revenue;
otherwise, his competitors will reduce their income if they apply blockchain, which also
reflects that competitors’ blockchain application alone will promote the transfer of competi-
tors’ income to their own side.

Proposition 3(2) shows that when seller m does not apply blockchain, his competitors apply
blockchain to his income; when seller m does not use blockchain, regardless of the size of ¢
and A, the competitors’ use of blockchain will reduce their revenue, because if seller m does
not apply blockchain, while the competitor applies blockchain, consumers will rely more on
the competitors’ products, and the market demand will shift to the competitors. However, we
must also pay attention to the influence of . Theoretically, although seller m loses consumer
information when he/she does not apply blockchain, it also avoids the cost of applying
blockchain. Proposition 3 (2) fully shows that in this case, competitors using blockchain will
make themselves at a disadvantage.

We regard the situation in which neither of the two perfectly competitive sellers should
use blockchain or both apply blockchain as the complete equilibrium of blockchain appli-
cation. Proposition 3(3) gives the condition of complete equilibrium for the blockchain
application. We can find that only when their own unit return is very large, and the com-
petitor’s profit is very small, the two sellers will apply blockchain. But it should be noted
that the competitor’s unit return also determines the complete equilibrium If for seller m
the competitor’s income is Very small, then I'Im reu’ > Hm pcy’” > but his competitor

l'IB B _prC M* < 1'[ _peM *, and in this way, the complete equilibrium will not exist. There-
fore whether complete equilibrium exists depends on the relationship between the relative
unit income of seller m and his competitors, and A and ¢. Specifically, we have carried out
the following analyses.

In order to further analyze the results of the equilibrium, we make 6; = 0.9, p; = 0.6,
c1 =0.2,0, =0.6, pp =04, c; = 0.1, k = 0.3, and then we can get the relationship

between A and ¢ as shown in Fig. 3.

Theorem 1 When the values of Aand tare (1) in reglon I and region VI in Fig. 3,

HBBPCM* > M{_pey™ and TS PCM* > M5 _pcp™ there is a unique game equilib-

rium for the blochham application, i.e., (p1,¢2) = (1,1); (2) in region Il and region 'V,
H{\LNPCM* > H11]7PCM*, and HQCNPCM* > HlZJfPCM*’ there is a unique game equilib-
rium for the blockchain application, i.e., (¢1, ¢2) = (0, 0); (3) in region IlI, HfiVPCM* >

NN  x BN
M pen™ and T Zpcy

blockchain appllcanon ie., (<p1 @) = (1,0); (4) in region 1V, H{VBPCM* > HBBPCM*,

o> 1'[2 PCM*, there is a unique game equilibrium for the

and 1'[2 PCM* > l'I2 pem’» there is a unique game equilibrium for the blockchain appli-

cation, i.e., (¢1, ¢2) = (0, 1).

No matter what A is, when ¢ is very small, i.e., in region VI in Fig. 3, the two sellers in the
perfectly competitive market achieve a complete equilibrium of the game, i.e., (¢1, ¢2) =
(1, 1), which is easy to understand, because when ¢ is very small, the advantages of applying
blockchain outweigh the disadvantages. However, the value of 7 in area [ in Fig. 3 is relatively
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Fig. 3 Region of equilibrium for the application of blockchain

large, and the application blockchain will increase the burden on the seller. At the moment,
we need to pay attention to A, A in region I is relatively small, and consumers’ trust in product
information is relatively low. From this point of view, both sides need blockchain to increase
consumer confidence, so it is reasonable to achieve complete equilibrium, i.e., (¢, ¢2) =
(1, 1), in region I. When ¢ is small, and A is large, i.e., in region V of Fig. 3, the two sellers in
the perfectly competitive market achieve a complete equilibrium of the game, i.e., (¢1, ¢2) =
(0, 0), which shows that when L is relatively large, consumers have a certain degree of trust
in product information, and thus it is no longer necessary to apply blockchain. However, for
region Il in Fig. 3, A is very small, and this region has little relationship with 7. Both sides
in this region show that the competition between the two sides is more likely to achieve
complete equilibrium. In addition, the value of ¢ and A in region III in Fig. 3 are larger than
those of region IV, but in both regions, i is relatively small. Therefore, we can find that the
equilibrium of these two regions is the result of the game between the two sellers.

4 Extended models

4.1 Considering the risk aversion behavior of E-commerce sellers

In the actual operation of the e-commerce supply chain, the risk sources are extensive, but the
uncertainty of the utility obtained by consumers after purchasing products is the main source
of the market risk. For example, in the electronic products industry, due to the instability
of the product itself (not caused by quality), the feeling of using the product is different;
thus, the utility of consumers after buying this kind of products is full of great uncertainty.
In the clothing industry and the jewelry industry, consumers’ feeling of using them depends
not only on the nature of the products themselves, but also on the comparison with others,
which will further lead to the uncertainty of the utility of the products after purchasing.
Therefore, for many products, the market risk caused by the consumers’ utility uncertainty is
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also an issue that e-commerce supply chain decision-makers should pay attention to. In the
competitive environment, when considering the application of blockchain, what impact the
e-commerce sellers’ risk aversion attitude will have on the optimal decision will be a problem
worth discussing. Under the premise of considering the blockchain decision-making, we will
explore its changes in the four situations when the e-commerce seller evades the risk, and
whether the blockchain will affect the risk aversion seller’s response. We also analyze the
conditions for the application of blockchain equilibrium in e-commerce sellers. In this part,
we choose to use the mean—variance model to describe the seller’s risk.

From our basic model, we can find that the risk of seller m only comes from the market
demand, so we can easily get the variance of seller m’s income as follows:

Var(Ty—prp) = (pm — cm — (k + @ut)am—p1p)>Var (En)

When seller m is risk-averse, the utility function of seller m is:

Un—ra = EQlyy—pip) — 8m+/Var(lly—pip),

where &, is the risk aversion coefficient of seller m. §,,=0 shows that seller m is risk-
neutral, and 8, > 0 shows that seller m is strictly risk-averse. It is easy to see that U,,_g4 is
a strictly concave function of «,,— g4, from which we can get Proposition 4.

Make Qi=\/07 + 03 — 2p0103 and Q= /6167 + a0} — 20162p0102.

Define UA| = % and UA, = %. UA,, is the increasing function

of §,, and §,,- respectively, and U A,, is the increasing function of ¢,, and o,,-.

Proposition 4 For the case of risk aversion, the game is super modular and has a unique
Nash equilibrium. The level of balanced product information disclosure of products 1 and 2
is as follows.
(1) FQ?’anyj =N, B, wheni = N, aij_*RA = ai’jP,D + UTAI, and wheni = B, aiijA =
l/* .
_pip T UAL

Forcmyl—NBwhen]—NLYZRA—ot2 P,D—I— z,andwhenj:B,
o gy =i pyp + U

(2) Foranyiand j, n{RA*>a”jl PID,CS A*>CS _pip™

3) n{ ratand CS] _gratare increasing functions of 8,and §,,-

ij
4) a,_gs and C S _gratare increasing functions of oyand o, -.

% and U A,, are the residual information disclosure of risk aversion before and after the
blockchain application by seller m respectively. From (1) of Proposition 4, we first observe
that the optimal product information disclosure level in the case of risk aversion is higher
than that in the case of risk neutral, because U A,, is always positive. If sellers are not willing
to take risk, they will improve the level of product information disclosure, which is also
confirmed in (2) of Proposition 4. The higher the degree of risk aversion of sellers, the higher
the level of product information disclosure, not only for their own products, but also for the
products of competitive platforms. From (1) and (2) of Proposition 4, it can be further found
that under the condition of risk aversion of e-commerce sellers, the increased information
disclosure level of e-commerce sellers has nothing to do with ¢ application blockchain. This
also shows that the cost of applying blockchain cannot affect e-commerce sellers’ response to
market uncertainty. Further analysis can find that when e-commerce sellers have awareness of
risk aversion, the increased level of information disclosure with blockchain application will
be smaller than that without blockchain application. Similarly, Proposition 4 (3) emphasizes
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the impact of demand fluctuations, similar to the degree of risk aversion, because they are
both risk-related.

As proved in (3) and (4) of Proposition 4, the higher the level of product information
disclosure, not only for their own products but also for the products of competitive platforms.
But it should be noted that C S”{ RA * is only related to A, b _ra"- When the seller does not

apply blockchain Am RA _)tozm pip’ + UAp, and when the seller applies blockchain

A;Jl RA —a;{ pip’ 1+ UAp. Therefore, we come to a conclusion that the consumer residual
added value of the seller’s risk aversion has nothing to do with whether to apply blockchain.

From the conclusion of (1) of Proposition 4, we can conclude the optimal utility of each
party in the seller’s risk aversion, as shown in “Appendix A.4”. Obviously, the utility of
sellers is related to the degree of risk aversion and the demand fluctuation. According to the
previous analysis, as long as one party applies blockchain, the utility of both parties will be
related to ¢. Next, we want to explore whether ¢ will affect the sensitivity of the optimal utility
to the degree of risk aversion and the demand fluctuation. Proposition 5 can be obtained by
analyzing this.

Proposition 5 There is threshold mZand threshold U Ai,,j respectively, as shown in Table
3, which makes the following conclusion true.

(1) Foranyi, junequal to N at the same time, when 0 < U A, < Wﬁ,{, U,l;',i*is the decreas-
ing function of U Ay,.
auil”

avis |18 the

(2) (2) For any i, junequal to Nat the same time, if 0 < UA,, < UA}},

dUm

. . . ij l]
increasing function of t, and when UA; < UA, < UA,, i

is the decreasing

function of t.

Because U A,, is an increasing function of the degree of risk aversion and demand fluctua-

o
tion of seller m and its competitors, we analyze the impact of U A, on U, to further explore
the impact of risk aversion and demand fluctuation on the optimal utility. It should be noted

that the reason why we order 0 < UA,, < m;i is to ensure that even under the condition of
risk aversion, the market demand of seller m is non-negative, because if the market demand
of seller m is negative, for a completely rational seller, he/she will definitely withdraw from
the market. Proposition 5 (1) shows that if the seller is not willing to bear too many risks,
then the utility he/she obtains through information disclosure is not high. Similarly, if there
is a large uncertainty of utility (i.e., the demand fluctuation) after the consumer purchases

his product, his utility will be reduced, and the impact on his competitors will be the same.
u

‘We use s

to express to what extent U A,, affects U,; i . Proposition 5 (2) shows the

influence change of UA,, on U,,'[ with the change of 7. We find that if U A,, is very small,
and ¢ is large, U A,, will have a greater influence on U,/ *, and if U A,, is particularly large,
and ¢ is larger, U A,, will have smaller influence on U, " This shows that if any party, seller
m or his competitors, applies blockchain, the seller’s ability to withstand risk is in a larger
range, and the high cost of blockchain application will make the seller more sensitive to the
market demand fluctuation. However, when seller m’s ability to bear the risk is in a relatively
small range, a higher blockchain application cost means a less sensitivity for the seller m to
the market demand fluctuation.
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From Proposition 4 (1), we can get the optimal returns of both parties in different situations,
we compare the benefits of both parties, and we can get the scenario of seller m applying
blockchain. The specific results are represented by Proposition 6.

Proposition 6

> >
I kand Asatisfy  t| = 1%’\, then UI*—RABB = Ul*—RABN’
< <
>
Ufpen| = UzN—IiDCM*'
<

(2) There is always U1 RA* < U1 RA ,U RA*

(3) If kand Asatisfy i( > and «/T/(L+ti\//;{%ﬁ<<>(291—§?n)in&;?;n&n* UN RA* -

BB NN % BB %
U, RA,otherwzseU ra S U ZRA™

<U2 RA.

The conclusions of Proposition 6 (1) and (2) are the same as those of Proposition 3 (1)
and (2), which shows that even under the condition of the seller’s risk aversion, when their
own blockchain decision is determined, there is no change for the competitor’s decision to
apply blockchain. However, when the seller is risk-averse, the complete equilibrium of the
applied blockchain has changed, as illustrated in Proposition 6 (3). As mentioned in (3) of

Proposition 3, when ¢ is relatively large, the unit sales income of seller m and his competitors
(201 —=02) Ry —6m R, — > m(k-‘rt)—k\/k—ﬂ
Znm NS W=

blockchain, and ¢ is relatively small, this conclusion is just the opposite. However, Proposition
6 (3) expresses that when ¢ is relatively large, the unit income of both sides needs to satisfy
0 =02)Rn—On Ry ‘ﬁ(k'm —kvk+1 and because U A

Zi+UAp /\/ —AVk+t
found that when seller m is rlsk -averse, seller m needs a high unit income in order to achieve

the complete equilibrium of blockchain applied by both sides. And if any seller is unwilling
to take risks, or anyone’s demand is too volatile, the great unit return is required to achieve
such an equilibrium. Because the unit income we analyzed is relative, based on the above
analysis, we can think that the risk tolerance of any seller is too low or the demand fluctuation
is too large, it is not easy to achieve the complete equilibrium of the application blockchain.

When seller m is risk-averse, the game equilibrium of blockchain application is the same
as that mentioned in Proposition 1. In order to explore the impact of risk aversion on this
equilibrium, we further assign values to get the results shown in Fig. 4. Obviously, we can
see Fig. 4 that with the increase of risk aversion coefficient, the area of region I and region
II decrease obviously, while the area of other regions increases obviously.

As described in the analysis of proposition 1, precisely because of consumers’ low trust
in information, both parties apply blockchain in region I. However, we can see in Fig. 4
that with the increase of risk aversion coefficient, region I gradually decreases to the upper
left corner, i.e., the complete equilibrium of using blockchain will be achieved only when
consumers have lower trust in information. Similarly, region II gradually decreases to the
left, but with the analysis of proposition 1, the equilibrium result of region II comes from
the competition between the two sides. Therefore we can think that with the increase of risk
aversion coefficient, the competition between the two sides of region Il becomes greater.

need to meet . When the two sides will jointly apply

m 1s always greater than 0, it can be
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Fig. 4 Region of equilibrium for the application of blockchain under different risk aversion coefficients

4.2 Capital constraints of E-commerce sellers

E-commerce platform provides convenience for a large number of small- and medium-sized
enterprises so that more individuals can run a store without physical facade. Therefore, the
development of e-commerce platform has created more and more enterprises. However, due
to the low threshold of e-commerce, more and more e-commerce sellers are small- and
medium-sized enterprises, which are characterized by the insufficient funds. The scale of
small- and medium-sized e-commerce enterprises is small, the financial system is irregular,
and the branch does not make its capital flow even more optimistic at night, which is often
the main reason that hinders the further development of these enterprises. In the case of
bank financing, these small- and medium-sized e-commerce enterprises can get funds to
support their operations in the short term, but the cost of capital brought about by loans
brings operating pressure. In the application of blockchain, these enterprises will further
increase their cost, but considering that blockchain can indirectly increase product sales, so
comprehensively considering the shortage of funds, the application of blockchain is an issue
of concern. In this part, we pay attention to the e-commerce sellers with capital constraints.
On the basis of considering bank loans, we explore the changes of optimal decision-making in
four scenarios, and we can also study the influence of blockchain on the e-commerce sellers’
response to bank loan interest rates. Finally, the decision equilibrium of applied blockchain
is analyzed.

We use NSC to denote the scenario of financial constraints. We use B, to represent the
initial capital of seller m. Usually, financial constraint refers to that the seller’s initial capital
is insufficient to support the sales cost, i.e., By, < (¢ + (K + @mt)@m—nsc, but in order to
simplify our model, we order B,,=0. In order to obtain funds, e-commerce sellers need to
borrow money from the bank. We use E to represent the interest rate of the bank loan, and
we do not consider the capital cost of the bank. To sum up, we can get the return function of
both parties when the financial constraints of e-commerce sellers are as follows:

My-nsc = (pm — (e + (k + @ty —nsc)(1 + ) E(Dy—nsc)

According to the above formula, we can get Table 4 by solving the optimal level of
information disclosure under financial constraints.

Proposition 7
(1) When e-commerce sellers lack start-up funds, there is a unique Nash equilibrium in

different blockchain application scenarios. The balanced product information disclosure
level of product 1 and product 2 is shown in Table 2.
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) o 7NSCand CS Nscare the decreasmgfuncttons 0f77
ij* ij*

(3) Foranyi = N,Band j = N, B, amfNSC < amfplD, CS,_nsc < CSo_pip

>

e . e

For Aa;{—z\/sc = afi_P,D — aZ_NSC(a) When % = I_T)‘, for e-commerce

<

ANN* = AaVB' o ABN AaBB
—NSC ay— NSC ar- NSC > Ad_Nsc

sellerl, | Aq N N is established, and for

1-Nsc = A0‘1 NSC > A“l {ysc = A0‘1szsc
A“l NSC = AO‘1 NSC = Aal NSC > Aal NSC

NN* BB
Aay” NSC > Aoyl NSC > Aoy % NSC > Aoy NSC

e-commerce seller2, is estab-

A"‘l NSC = A“l NSC > A“l NSC = A“l NSC

NB
Aaz NSC = A“z NSC =~ A"‘z Nsc > Ay ge
ACSNN* > ACSNB* > ACSEN* > ACSBB*
lished; (b) When £ | = | 52, | ACSNMV* = ACSYE* > ACSEN* = ACSEE* |and
< ACSNN* < ACSNB* > ACSEN* < ACSEB*

ACSYN* > ACSEN* > ACSYB* > ACSPE*
ACSYN* = ACSBN* > ACSNB* = ACSEB*
ACSYN* < ACSBN* > ACSNB* < ACSEB*

\

From (1) of Proposition 7, we first observe that the optimal product information disclosure
level under capital constraint is lower than that under risk neutral condition. If the loan
interest rate of banks is very high, our results prove that sellers will reduce the product
information disclosure level. Correspondingly, consumer surplus will also decrease. This is
also confirmed in (2) of Proposition 7. The higher the loan interest rate of a bank, the lower the
product information disclosure level, not only for its own products, but also for the products
of competitive platforms.

Proposition 7 (3) shows that under the condition of capital constraint, the optimal prod-
uct information disclosure level will be lower than that without capital constraint, and the
consumer surplus will also be lower. Proposition 7(3) compares the optimal level of prod-
uct information disclosure and consumer surplus under insufficient funds and that under
sufficient funds in the blockchain application. In this way we can also see the impact of
blockchain on the level of product information disclosure and consumer surplus under cap-
ital constraints. First of all, we can see that when it is relatively large, we can get that for
any party, the decreased amount of product information disclosure when blockchain is not
applied is more than when blockchain is applied, and the more the sellers who do not apply
blockchain, the more the information disclosure reduced. This shows that if the cost of apply-
ing blockchain is relatively high, blockchain will reduce the impact of capital constraints on
product information disclosure. By analogy, when it is relatively small, the corresponding
conclusion should be opposite. However, what is more interesting is that if it is relatively
small, for any seller, the information disclosure is in the largest reduction when he/she does
not apply blockchain and his competitors apply blockchain, while information disclosure is
in the smallest reduction when he/she applies blockchain and his competitors do not apply
blockchain.

(b) in (3) of Proposition 7 gives the comparison of the reduction of consumer surplus under
capital constraints. We find that when ¢ is relatively large, for any party, the consumer surplus
reduction without blockchain application is more than that with blockchain application, and
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the more the sellers without blockchain application, the more the consumer surplus reduction.
This shows that if the cost of applying blockchain is relatively high, blockchain will reduce
the impact of capital constraints on consumer surplus. Of course, when ¢ is small, we get
the opposite conclusion. This shows that the impact of blockchain on consumer surplus is
mainly related to 7.

Now, although information disclosure will increase the market demand, the situation will
be more complicated in the case of capital constraints. From the conclusion of Proposition 7,
we can easily find that when oe _nsc islarge enough, am ~sc Will continue to decrease until
it becomes 0. Therefore, in the case of financial constraints on sellers, should the platform
not disclose any product information? According to the conclusion of Proposmon 7, we can
get Corollary 2, providing answers to the question. We define threshold 7y, as shown in
“Appendix”. In particular, when only one seller applies blockchain, in order to distinguish
which seller applies blockchain, we need to make the following explanation: if m=1, 7
means 7} 8 if m= 2, 7,;, means 75~

Corollary 2 For m = 1,2andi = N,B,j = N, B, if n > ﬁ% then a:;{*_NSC=O, and if

<7 then aij ' >0
n<nm m—NSC -

Corollary 2 shows that when the bank’s loan interest rate exceeds a certain critical value,
seller m’s optimal decision is not to disclose any information. Through our model, we can
easily understand, because if the bank’s loan interest rate is too high, the cost of information
disclosure will be very large. If it exceeds the seller’s affordability, the seller’s further infor-
mation disclosure will increase the market demand. But from the perspective of income, it
is not worth the loss.

In order to get more insight, we analyzed the sensitivity of the critical threshold. The
results are summarized in Table 5.

When the basic market demand of seller m is relatively large, the bank loan interest rate
that seller a can bear will be lower, and if the basic market demand of his competitors is
relatively large, the bank loan interest rate that seller m can bear will be higher. In other
words, if their own basic market demand is greater, there is no need to make efforts to expand
the market through information disclosure. Of course, if the competitor’s basic market is
large, seller m needs to seize the competitor’s market through information disclosure. If the
price of their own products is relatively high, the loan interest rate of affordable banks will be
higher, because the income of products can offset the increase of costs. From the point of view
of consumers’ trust in information, it is natural that the greater the degree of trust, the higher
interest rates seller m can bear, which is the same for himself and his competitor. In general,
any cost (including sales cost, information disclosure cost and blockchain application cost) is
not conducive to any seller, and any cost is too large to make two sellers be in less information
disclosure level.

Table 5 Sensitivity of the critical threshold

dm 1 pm 1 cm 1 At k1 t 1
m ! '
n_ 1 1 !
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From the conclusion of Proposition 7 (1), we can conclude that the optimal returns of
both parties under the seller’s financial constraints are shown in “Appendix A.4”. Obviously,
the seller’s best return is related to the bank’s lending rate. Similarly, in the case of financial
constraints, as long as one party applies blockchain, the income of both parties will be related
to 7. Next, we want to explore whether ¢ will affect the sensitivity of the optimal return to the
bank loan interest rate. Proposition 8 can be obtained.

Proposition 8 When the e-commerce seller does not have the start-up capital, and if he/she
borrows money from the bank:

(1) Foranyi, jand m, When 0 < n < nm, Hm Nscls the decreasing function of n.
2) (2) ‘dl’lm NSC /dn‘is the decreasing function of t.

Proposition 8 (1) states that under financial constraints, the higher the bank’s loan interest
rate, the smaller the seller’s income, because if the bank’s loan interest rate is very high, all
the seller’s cost will become higher, which will reduce the seller’s income.

We use ’dl’[ij* Nsc/d”’ to express the influence of n on HZ* Nsc- Proposition 8 (2)

illustrates the influence of n on mn M—NSC changes with 7. We found that if any seller uses
blockchain, ¢ affects the influence of 1 on l'I _nsc- If t is larger, the influence of n on

I, i _nsc Will be smaller. Combining with (1) we can see that if ¢ is larger, then l'[m NSC
w1ll decrease more slowly with the increase of 1. This phenomenon means that if a seller
applies blockchain, the two sellers’ ability to bear the bank loan interest rate increases.

From Proposition 7 (1), we can get the optimal returns of both parties in different situations,
we compare the benefits of all parties, and we can get the scenario of seller an applying
blockchain. The specific results are represented by Proposition 9.

Proposition 9

> >
. t 1-A BB * BN
(1) When kand Asatisfy 71 =155 N5 ™| = |1 v se™ and
< <
>
BB * NB *
HZ—NSC = HZ NSC -
<

2 (2) Hl NSC* < nl NSC Hz NSC* < Hz NsC

(3) (3) If kand hsatisfy - ( g ) 1=t and 76@'; bt ( g ) ) B NS Emmtis,

NN * BB * ; NN *
M Yysc™ > T vse™s otherwise TNy oo < TIIE %

The conclusions of (1) and (2) of Proposition 9 are the same as those of Proposition
3, that is, even under the financial constraints of sellers, when they make blockchain deci-
sions, competitors’ decisions on the application of blockchain have no change in their own
income. However, in the case of financial constraints, the complete equilibrium of the seller’s
application blockchain has changed, as illustrated in Proposition 9 (3). There are still many
similarities between Proposition 9 (3) and Proposition 6 (3), because 1 + n > 1. Under the
financial constraints of seller m, the unit income of seller m needs to reach a larger value in
order to achieve the complete equilibrium of blockchain applied by both sides. Moreover, if
the bank’s lending rate is too high, a great unit income needed to achieve such equilibrium.
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Fig. 5 Region of equilibrium for the application of blockchain under different interest rates

Therefore, we can think that the higher the loan interest rate of the bank, the more difficult
it is to achieve the complete equilibrium of the application blockchain.

When the seller is risk-averse, the game equilibrium of blockchain application is the same
as that mentioned in Proposition 1. In order to explore the impact of bank lending rates on the
overall equilibrium, we further assign values to get the results shown in Fig. 5. Obviously,
when the loan interest rate of the bank increases gradually, the area of region VI and region
V decrease obviously, while the area other regions increase obviously.

5 Further analysis

The research and analyses in Sects. 3 and 4 are based on the fact that blockchain can ensure the
information authenticity. But in practical application, the role of blockchain in information
disclosure is far more beyond. In this part, according to the characteristics of blockchain,

we focus on the significance that blockchain can contribute to e-commerce information
disclosure.

5.1 Reducing 07 and 0,

For a new market, e-commerce sellers will investigate and predict consumers’ willingness
to buy in advance, generally based on historical data or market data, no matter whether the
data are distorted or unreliable. These distorted or unreliable data will lead to inaccurate
predictions. The two blocks cannot be tampered with, and the traceability can increase the
reliability. Transferring the required data through blockchain can ensure that the data will
not be distorted in the process of transmission, and can also ensure that the data will not
be tampered with. On the other hand, the traceability of blockchain can trace the source of
the data, and further investigation of the historical data on the upper chain can further test
its authenticity and reliability. Based on more accurate data, e-commerce sellers can predict
market demand more accurately, so the application of blockchain can reduce o and o73.

Theorem 2 [f blockchain is applied to predict consumers’ willingness to buy, when e-
commerce sellers avoid risk, compared with those not applying blockchain,

(1) E-commerce sellers will reduce their information disclosure level after applying

blockchain. At the same time, it will also reduce the competitors’ information disclosure
level.

(2) It will also reduce the expected consumer surplus when consumers buy any product.
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(3) E-commerce sellers always make a profit for their competitors after using blockchain.

Theorem 2 shows that if e-commerce sellers use blockchain to predict consumers’ purchas-
ing intention, the market demand risk will be greatly reduced. For this reason, e-commerce
sellers will not respond to the uncertain market to some extent. Meanwhile, the blockchain
application by e-commerce sellers will not only have an impact on themselves, but also
have an impact on their competitors. Even when competitors do not use blockchain to make
predictions (the competitor’s market risk is still high), competitors’ response to market uncer-
tainty will be reduced accordingly. For consumers, e-commerce sellers applying blockchain
are disadvantageous to consumers, because the lower information disclosure level after the
blockchain application will reduce the utility of consumers in purchasing products. If e-
commerce sellers adopt blockchain, whether they can make a profit depends on the cost.
But their competitors can reduce the market uncertainty without paying any price, so for any
e-commerce seller, they want their competitors to adopt blockchain.

5.2 Reducing

In fact, after receiving the loan request from the e-commerce seller, the bank will make
relevant investigation. In order to get more loans, e-commerce sellers (especially some small
e-commerce sellers) will package and fake their own information, resulting in that banks will
spend more on fertilizer to check the authenticity of the information. If banks do not consider
the amount of lending, banks will increase interest rates accordingly. However, blockchain
can reduce information fraud to certain extent. If e-commerce sellers use blockchain, they
will not continue to package their own information, because (1) the cost of counterfeiting is
very high under the condition that blockchain is not allowed to be tampered with; (2) banks
can also track the real information. For example, the loss of e-commerce sellers will outweigh
the gain if they continue to counterfeit after using blockchain. In this way, the bank will not
have to spend more to check the information authenticity, and the corresponding n will be
reduced.

We assume that after the e-commerce seller applies the blockchain, the loan interest rate
given by the bank is n,andn < n. Further analysis can get Theorem 3.

Theorem 3 When e-commerce sellers lack start-up capital, if e-commerce sellers use
blockchain to reduce bank loan interest rates, compared with those not using blockchain,

when << p”’,) — cm> (% - cm> > % e-commerce sellers will increase the infor-
1+n

mation disclosure, and consumer surplus will also increase. Its competitors will certainly

increase the information disclosure, and the consumer surplus of competitors’ products will

also increase. E-commerce sellers always make a profit for their competitors after using

blockchain.

As can be seen in Theorem 3, although the blockchain application can reduce e-commerce
sellers’ pressure on loans, this will indirectly lead e-commerce sellers to increase the infor-
mation disclosure. However, considering that e-commerce sellers have to bear the cost after
applying blockchain, if e-commerce sellers use blockchain to reduce bank loan interest rates,
whether e-commerce sellers will increase the information disclosure depends on the cost of
the application blockchain and the loan interest rate offered by the bank. If the loan inter-
est rate given by banks after the applying blockchain is small enough, e-commerce sellers
will naturally increase the information disclosure. At the same time, we should also note
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that the key factors that determine whether the information disclosure of e-commerce sell-
ers increases or not are the sales price and the production cost. In addition, similar to the
conclusion drawn from Theorem 2, after e-commerce sellers apply blockchain, their com-
petitors can also indirectly reduce loan costs, and the benefits gained by their competitors
are cost-free. Therefore, its competitors can also make a great profit.

5.3 Increasing 81 and 6,

Asseenin Sects. 5.1 and 5.2, blockchain can avoid information fraud to a certain extent, which
can indirectly reduce consumers’ worries. As consumers gradually understand blockchain,
consumers will think that the product that uses blockchain is a "high-quality product".
Blockchain is gradually favored by people because of its high reliability. If blockchain is
used in the process of product information disclosure, it will also increase consumers’ sense
of product identity. Accordingly, 81 and 6, will increase.

Theorem 4 If e-commerce sellers use blockchain to increase consumers’ preference for
products, after e-commerce sellers use blockchain, their competitors will disclose more infor-
mation, and the consumer surplus of buying competitors’ products will also increase. At the
same time, if only the e-commerce seller 1 applies blockchain, then the e-commerce seller 1
will have a greater advantage. But only the e-commerce seller 2 applies blockchain, the gap
between the two sides will narrow, and the competition between the two sellers to disclose
information will be fiercer.

Theorem 4 shows that if e-commerce sellers apply blockchain, they will make themselves
more competitive (from consumers’ preferences), which blows their competitors. So, their
competitors will increase the information disclosure to obtain the consumers’ favor, so as
to obtain more market demand. What we study is a market composed of e-commerce sell-
ers with competitive advantages and e-commerce sellers with competitive disadvantages, so
sellers with competitive advantages will naturally continue to increase their advantages after
applying blockchain. Sellers with competitive disadvantages will continue to increase their
information disclosure, which may lead to high cost, so it is quite disadvantageous to competi-
tive inferior sellers. However, if the party with competitive disadvantages applies blockchain,
it will narrow the competitive gap. If the two sides want to expand demand, they can only
continuously increase the information disclosure, which leads to further competition.

6 Conclusions

Blockchain can ensure the validity and authenticity of information transmission in e-
commerce supply chain. On the basis of fully considering the competitive relationship in
e-commerce market (such as the competition between JD and Taobao), we regard the informa-
tion disclosure as the competitive decision of two e-commerce sellers, and divide e-commerce
sellers’ decision-making into four research scenarios (neither of the two e-commerce sellers
should use the blockchain, and the e-commerce seller applies the blockchain, e-commerce
seller 2 applies blockchain, and both e-commerce sellers use blockchain). After solving the
equilibrium results, the influence of blockchain is analyzed from the e-commerce sellers’ and
consumers’ viewpoint. After that, we analyze the Nash equilibrium region of the blockchain
applied by the e-commerce sellers. Considering the uncertainty of the utility of consumers
buying products and the inadequate funds of e-commerce sellers, we expand these two cases
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in the expansion model. Our research is only carried out on the basis of ensuring the authen-
ticity of information in the blockchain, but the role of the blockchain is much more than that.
We make a further analysis in Sect. 5 in view of the many functions of the blockchain in the
information disclosure supply chain, and some conclusions are drawn.

To sum up, the main conclusions of this paper are as follows:

(1) If only one seller uses blockchain, when the cost of blockchain application is very small,
the high trust of consumers will drive the seller’s, information disclosure. For consumer
surplus, if the cost of blockchain application is relatively high, the results show that
the blockchain application will reduce consumer surplus, and more consumer surplus
will be reduced by self-application than by competitors, and the more the application
subjects, the more the consumer surplus will be reduced. For the applied blockchain
equilibrium, we give the equilibrium region about the blockchain cost and consumer
trust.

(2) Risk aversion will make the two competitive platforms set a high level of product infor-
mation disclosure and obtain high consumer surplus. However, after the blockchain
application, the level of information disclosure will be lower, but it has no effect on
the increase of consumer surplus. In addition, the high cost of using blockchain will
increase sellers’ sensitivity to demand fluctuations. Based on the analysis of the equi-
librium results, it is found that if the information is not transmitted relatively effectively
before the blockchain application (the degree of trust of consumers to the product), with
the increase of risk aversion, it is more difficult to achieve the Nash equilibrium of the
blockchain application.

(3) Under financial constraints, increasing lending rates will reduce the information dis-
closure and consumer surplus. Interestingly, if the cost of applying blockchain is high,
applying blockchain will reduce this impact. If the blockchain is applied, the high cost
reduces the seller’s sensitivity to the loan interest rate. Based on the analysis of the equi-
librium results, it is found that if the information is transmitted relatively high effectively
before the blockchain application (the degree of trust of consumers to the product) is
relatively high, with the increase of the bank loan interest rate, it will be more difficult
to achieve the Nash equilibrium of the blockchain application.

We further analyze the other functions of blockchain: blockchain can accurately predict the
utility of consumers to buy products, blockchain reduces bank lending rates, and blockchain
increases consumer preference. We find that what we have in common under these three
effects is that e-commerce sellers will increase the information disclosure after applying
blockchain. But for themselves, whether to increase the information disclosure depends on
the cost of applying blockchain.

Our study assumes that the information disclosure ability for two sellers is homogeneous.
In the future, we can extend the study to the fact that it (unit information disclosure cost) is
heterogeneous. And we can also consider exploring the impact of the two e-commerce sellers’
information transmission efficiency and blockchain costs on their optimal decision-making.

Appendix

The optimal value of A} ; under different situation
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Proof of Proposition 1

6, 01— da?

1-cDMNN

NN . NN 2NN

1 A pip _ (=c1+p1—ka(lp p)2 k1= pi—pat(—a P10+D‘2 "prip)* d M pip

(D oW = an =
Y—PID

AarTNN NN
2k, My pip (= C|+p1)k+k(17| p2—01+02+a) N 1)
—5-5 < 0, v = 0, can be obtamedozl PID = SEr ,
; ATy, (=c2+p2)01 Atk (p261—p162 =2 N, 01 A+ N, 020
in the same way, —=2L2 = P (p (f; e rip iepipf2h) g
da A _PID 1 2)02
22N AN
2-PID 2k61 A 2-PID . NN
2 = —G- < 0, then let o = 0, can be obtained o'’ =
0, _cpmNN ©1=62)62 305 p 1 2—-PID
(—c2+p2)O1 Atk (p261 —p162+alVN, 62 .
b (p2k91 Ap 1=PID ). The further solution of the values of a{V_AfD ;p and
NN i * — Zi | 201Ri+61Ry — Zr | ORiI+201Ry
a,_prp can be obtained A pypvy = + Z Lol o = + = )

The similar methods for solving other optimal decision values in Proposition 1 are present.

Proof of Lemma 1

Because (¢, + (1 — ¢,,)A) is always greater than 0 and «, is always greater than or equal
to 0, A,, is always greater than or equal to 0, and CS,, = A,;,[A,;, + dn] is an increasing
function about A,,, and in this paper, dp, is a constant, so CS,, is only positively related to

A So, the size and nature of CS'" is the same as that of A% *,

Proof of Proposition 2

(1) From Lemma 1, we can directly prove the properties of A:ﬂj and A. Take A:ﬂ' ; as an

dA*

example, L’i”/\NN = 2R 2‘ %R . (). Therefore, A; wv 1s the A increasing function, CS* v
is the A increasing function, and the properties of another consumer surplus are similar. (2)
The proving process of part 2 (2) of Proposition 2 is similar to that of part (1) 3) Through the

observation, it can be found that the size of A ; is related to the size of and — + ~. Through

the solution, it is found that when > X - 1, A*pp < A*pn < A%y < Ay, then
m m m m

CS pp < CSrpy < CS»yy < CS»yy. On the contrary, CS» pp > CS* > CS* >

CS*yn-

m

Proof of Proposition 3

When the values of A and ¢ are in region I and region VI, wa > l'IiVN > H{VB, l'[gB >
I'IQJN > 1'[1291\', l'[f;B > 1'[‘191\', l'[fB > HQ/B. Obviously, there is a unique game equilibrium
(¢1,92) = (1,1) for the application of blockchain. When the values of A and ¢ are in
region II and region V, I'[IIVN > HfB > HFN, HQ’N > I'[zBB > HQ’B and HIIVN > HIIVB,
Hév N S l'IgN . It is obvious that there is a unique game equilibrium (g1, ¢2) = (0, 0) for
blockchain application. When the values of A and t are in region ITI, 128 > ¥V > V8,
YN > 188 > 1'% and ¥ > MYV, The unique game equilibrium (¢, 2) = (1,0)
can be obtained by underlining method. When the values of A and ¢ are in region IV, 1—[11\' N
HfB > Hf’N, HfB > I'IQIN > l'lgN, and H%VB > HfB, l'IéVB > HQVN. The unique game
equilibrium (¢1, ¢2) = (0, 1) can be obtained by underlining method.
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Proof of Proposition 4

(1). The proving process of Proposition 4 (1) is similar to that of Proposition 1 (1).
(2). The conclusion in part 4 (2) of Proposition is obviously valid.

(D
Proof of Proposition 5

(1) Take the relationship between U fj and §,, as an example to prove it: The derivations
are obtained respectively:

dUNN* —2(—k(Z1 + UA)) 4+ 1((20) — 2)R) — 61 R2)(dU Ay /déy)

dsm A0 —6)
dUEN* — —2(—(k+0)(Z) + U A1) + (261 — 02) Ry — M5 01 Ry (U A, /d5)
ds, 0 — 6>
dUNB*  —2(—k(Z1 + U A1) + 1201 — 0)R) — 6, Ry)(dU Ay /d6,p)
dé, A(61 — 62)
dUEB*  —2(—(k+1)(Z1 + UA1) + (261 — 02) R — 01 R2)(dU Ay /d5y)
dém 01 — 0,

Obviously, under the premise that the sales volume is positive, the above formula

molecules should be negative, so we can get 0 < UA,, < mﬁi
(2) The absolute value of the formula in (1) and the derivation of ¢ can be obtained.

d(dUBN* [ds,))  2A—(Z1+UAD— ,\"IRZ)(dUAl/dam) d(|dUNB* fdsn) _ —2%F2 U A1)
dt - 01—0> dt A(01—02) ’
d(dUPP* [dsn]) _ —2(Z1+UAD@U A /dow)

7 = -6, . If the above three expressions are greater than
0 respectively, 0 < UA,, < UA,} can be obtained. If the above three expressions

are less than 0 respectively, Mi{l < UA, < Wj,ﬁ can be obtained. The methods of
proving other conclusions are similar.

Proof of Proposition 6

The proving process of Proposition 6 is similar to Proposition 3.

Proof of Proposition 7

(1) The proving process of Proposition 6 (1) is 51m11ar to that of Proposition 1 (1).

(2) The size relationship between «,, i" ~NSC and Olm PID can be easily compared, and
accordingly, the relationship between C S _nsc and C S _pyp can also be compared. After
combing Aaij—*Nsc’ it is found that Ao‘l—Nsc > Aal_NSC, Aal_NSC > Aal—NSC’
AalVB o > AaPP .. We further compare the relationship between Aa®™ (. and

G2=Dpi 0

) A2p1—2p2) )
. .. . . BN NB

This condition is obviously not true, so we can get Aayor < Aajygc- When

© BN* N B* t
Aal_NSC. if we assume AaTyo- > Ao Tyge, We can get ¢ <
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> > >
t 1—) NN* NB* BN* BB* ;
] = |55 we found n Aai o | = | A0 yses Ao yse | = | Aoy e In this
< < <
way, itis easy to compare the relationship between the variables. And Aay "y o0 > Ay Ty ges
NN* BB* BN* BB* : ;
Aay oo > A*a2—NSC’ AaZ:NSC > Aayygc- We further compare the; relationship
BN NB* . BN* NB
between Aay "o and Ay’ "y o-i if we assume that Aay "y o > Aay Dy o, then we
@2-nPly,

——————— < (. This condition is obviously true. So, we can get
,\(P2/92,AP1/61) y g

can solve { >

> >
BN* NB* t 1—x NN* BN*
Aa27NSC > AaziNSC. When I3 =175 we find that AaliNSC = AozliNSC,
< <
>
AaNB = | AaBB . . so that it is easy to compare the relationship between variables
1-Nsc| = 1-NSC sy p p S.
<

(b) Quotes the conclusion of Lemma 1.

We only compare the size relationship of AANY *. When % > 1%)‘, we can find that
AANNT S AABNT S AABB" and AAYN" > AAYE" > AASP". Further compare
the relationship between AA,’,’;N* and AAHI\;B*: suppose AAfN* > AA{VB*, we can get
p2 > 2p1. This conclusion is contradictory to our basic hypothesis, so AAf3 N AA{V B,
hypothesis AAZB NS AAQ’ B" We can get 29% > B corresponding to our basic hypothesis,

01
SO AAIZQN* > AAQ’B* holds.

Proof of Proposition 8

(1) We prove this Proposition by the relationship between Hajj ~nsc and 1.

AN e —(401 — 0KZ (1 + 1) — A(261 — 62)(p1 + (1 + m)er) + W01 (p2 + (1 + n)ea)
dn (1 + 261 — 6)

If 1 A(201—62) p1 =101 p2 0. obviousl A 0. Similarl
1 < 7 Thm Sy oo, < 0. obviously —2E < 0. Similarly, we can prove

that the other three cases are true in the same way. However, due to the limitation of n, we

must ask 0 < n < 7.

(2)
dnfNeoc | @01 — 627, (1 + ) + CAZRPHIENA) _ 46, (py + (1 + n)c2)
dn A +n?26 —62) ’
driy 8. _ (461 = 6)kZi(1 + 1) + 1261 — 62)(p1 + (A + ) — kki@l (p2 + (A +n)c2)
dn Me(1+ 261 — 62) ’
dnff;SC B (491 _ 92)21(1 + ’l) + (291—92)(171+(1+’7]3i1t)—91(ﬂ2+(1+77)l‘2)
dn A +m?261 —62) ’

Obviously, the above three expressions are ¢ decreasing functions.
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Proof of Proposition 9

The proving process of Proposition 9 is similar to Proposition 4.
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