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Abstract We have simulated the evolution of sexually

reproducing populations composed of individuals repre-

sented by diploid genomes. A series of eight bits formed an

allele occupying one of 128 loci of one haploid genome

(chromosome). The environment required a specific

activity of each locus, this being the sum of the activities of

both alleles located at the corresponding loci on two

chromosomes. This activity is represented by the number

of bits set to zero. In a constant environment the best fitted

individuals were homozygous with alleles’ activities cor-

responding to half of the environment requirement for a

locus (in diploid genome two alleles at corresponding loci

produced a proper activity). Changing the environment

under a relatively low recombination rate promotes gen-

eration of more polymorphic alleles. In the heterozygous

loci, alleles of different activities complement each other

fulfilling the environment requirements. Nevertheless, the

genetic pool of populations evolves in the direction of a

very restricted number of complementing haplotypes and a

fast changing environment kills the population. If simula-

tions start with all loci heterozygous, they stay heterozy-

gous for a long time.

Keywords Monte-Carlo simulations �
Allele complementation � Polymorphic loci

Introduction

A Mendelian population is, by definition, a group of

interbreeding diploid individuals sharing the same genetic

pool. Such population should be panmictic, which means

that each individual can randomly choose a mating partner

from the whole population. If the population is large, one

can expect random and independent assortment of alleles to

the gametes. In fact, in Nature, populations of one species

usually do not fulfil the parameters of the Mendelian

population even if they occupy the same and uniform

environment. First of all, inbreeding populations could be

much smaller than the whole considered populations, not

necessarily because of real physical or biological barriers,

but simply because of physical distances between indi-

viduals. Wright has introduced the definition of effective

population size (Wright 1931). According to this definition

the effective population is ‘‘the number of breeding indi-

viduals in an idealized population that would show the

same amount of dispersion of allele frequencies under

random genetic drift or the same amount of inbreeding as

the population under consideration’’.

Introducing the finite effective size of population, one

has to consider much deeper changes in the population

evolution. The most important is that in such populations
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some genes cannot be inherited independently of each

other. Genes in the genomes are arranged linearly in the

large sequences called chromosomes. A diploid genome is

composed of several pairs of homologous chromosomes

(i.e., the human genome is composed of 23 pairs of chro-

mosomes). Even if we assume that chromosomes are

inherited independently, the genes located on single chro-

mosomes are genetically linked. Two homologous chro-

mosomes (one inherited from the mother, the second from

the father) can recombine during gamete formation

exchanging corresponding parts, in a process called

crossover, but the frequency with which this process occurs

is restricted and relatively low. For example, the human

chromosome 19 contains almost 1,500 genes while the

crossover happens usually only once during gamete pro-

duction (Jensen-Seaman et al. 2004; Kong et al. 2002). As

a result, two neighbouring genes can be inherited together

as a linked unit for hundreds of generations. Thus, single

genes are not inherited independently, they tend rather to

form clusters of genes.

Deleterious genes can be even lethal, they can kill their

carriers. Nevertheless, they can be compensated by a

functional copy of the other allele located in the corre-

sponding locus of the homologous chromosome since they

are usually recessive. In situations of large Mendelian

populations, deleterious genes are eliminated by purifying

selection: If a given locus in a genome is occupied by two

lethal alleles, the individual is eliminated by selection, thus

decreasing the number of deleterious genes in the genetic

pool. In cases where we should consider the inheritance of

large clusters of genes, the strategy of population evolution

could be different. Not only single deleterious genes can be

complemented by their functional alleles, but whole clus-

ters, with several deleterious genes, can be compensated by

the corresponding fragment of the homologous chromo-

some. This strategy has been called the complementing

strategy (Zawierta et al. 2007), as an alternative for the

above purifying selection. In the complementing regions,

the fraction of heterozygous loci (occupied by two different

alleles) is much higher than in the regions under purifying

selection and can reach up to 100% of the positions

(Zawierta et al. 2008; Waga et al. 2007, 2009). The tran-

sition between the two alternative strategies may have the

character of a phase transition and it depends on the fre-

quency of crossover between homologous chromosomes,

effective population size, and the number of genes in the

crossing chromosomes: Lower recombination rate, smaller

effective population size, longer chromosomes and

changing environment favour the complementing strategy

(Kowalski et al. 2009; Zawierta et al. 2008). Comple-

menting strategy allows sympatric speciation—emerging

new species inside the larger ones without any barriers

(Waga et al. 2007, 2009). This is possible because the

complementing clusters in the modelled populations have a

unique sequence of defective and wild alleles. Surviving

offspring can be produced mainly by individuals sharing

the same sequence of defective genes in the complement-

ing clusters. A tendency for gene clustering has been

observed in other models which have allowed gene shuf-

fling by the nonreciprocal recombination events in the

haploid genomes (Pepper 2007). On one hand, this strategy

explains also the results showing that fecundity in the

human population decreases with large genetic distance

between spouses (Helgason et al. 2008). According to the

predictions of models of population evolution under puri-

fying selection, on the other hand, fecundity should

increase with the genetic distance between spouses, while

models with gene cluster complementation predict both,

inbreeding and outbreeding depression (Bońkowska et al.

2007; Cebrat and Stauffer 2008). The last predictions of the

models are in agreement with other findings of Helgason

et al that evolutionary success measured in the number of

grandchildren has a maximum for spouses which are the

third level of cousins.

In the previous articles dealing with complementing

strategy only lethal characters of defective alleles have

been considered. Thus, each gene could be represented

only by two different alleles: the wild one, which is

functional, and the defective one, lethal in the homozygous

state and neutral in the heterozygous state. Many agent-

based models of population evolution share this feature

(Stauffer et al. 2006). In this article, we are introducing

more polymorphic alleles with hundreds of possibilities

(morphs). The environment requires specific values of loci

activities and these requirements may change during the

evolution of the population (Sá Martins et al. 2009). The

required activity can be realised by several combinations of

different alleles of a specific gene. Since a single allele is

now composed of eight bits, the number 256 of different

alleles which can occupy a given locus is high and the

population can be highly polymorphic.

The model

A diploid individual genome is represented by a pair of

parallel bit-strings, each one with 1,024 bits. Each string is

divided into L = 128 equal pieces or loci of 8 bits each.

Thus, each genome consists of a pair of homologous

chromosomes with 128 pairs of alleles located at corre-

sponding loci. Each string corresponds to one chromosome

and each locus of 8 bits is occupied by one allele. The two

alleles at the corresponding loci on two chromosomes are

denoted A and a, but this terminology does not indicate a

dominant or recessive character of these alleles. We denote

as activities Al and al, with l ¼ 1; 2. . .L; the number of bits
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set to zero in the corresponding alleles. The activity of the

l-th locus is given by the sum Al þ al; which is a number

between 0 and 16.

The environment is also represented by a (single) string

of L = 128 loci, where the value El of each locus repre-

sents the ideal activity of the corresponding l-th locus of

each genome. The total deviation D ¼
PL

l¼1 jAl þ al � Elj
determines the individual survival probability x1?D during

one iteration, with a free parameter x slightly below 1.

With this selection strategy even perfectly fitted individuals

have a probability 1 - x to die at each iteration.

For each adult who dies, one new baby is born in the

same iteration, from two randomly selected different

partners; no distinction between males and females is

made. For each of the two partners, the genome strings are

crossed over with an intergenic recombination probability

C� 1; thus the 8 bits of each locus are always kept toge-

ther. The baby gets with probability m one new mutation in

each of its two genome strings, modelled by inverting the

value of one randomly chosen bit. If pre-natal selection is

used (in ‘‘Other initial configurations’’ section but not in

‘‘Starting from full complementarity’’ section), the baby

has to pass the above selection mechanism, depending on

its deviation D, in order to be born; if it is not born, a new

pair of parents is randomly selected and a new trial is

made, up to some maximum number of attempts. The

population size N is fixed if pre-natal selection is not used,

but we regard the population as extinct and stop that sim-

ulation if the number of surviving adults, without the

newborn babies, approaches zero. With pre-natal selection,

the population size may decrease if the maximum number

of trials for a newborn is reached without any success in

passing the selection mechanism. The environment string

may change at each iteration with a low probability e by

changing one El by ±1 at a randomly selected locus l.

As mentioned in the ‘‘Introduction’’ section, our main

purpose is to check if this more realistic model also pre-

sents the two different strategies of evolution, the Dar-

winian purifying selection and the complementarity of

haplotypes, and how these patterns behave in a changing

environment (Gibbons 2010). For this purpose we first need

surviving populations. It is important to notice that in this

model complementarity of haplotypes at a given locus

means that the activities of the two corresponding alleles

are different (heterozygous locus), but their sum is close

enough to the environmental requirement for that locus for

the individual to stay alive. On the other hand, purifying

selection favours the homozygous state of loci, with the

same activities of both alleles. Because we failed to reach

full complementarity (for all loci) starting from homozy-

gous loci, we decided to first start from a fully comple-

mentary configuration and check its stability, as described

in the next section. Results for other initial configurations

will be discussed in ‘‘Other initial configurations’’ section.

Starting from full complementarity

Initially we set El = 8 for all loci, meaning that the ideal

activity (sum of the activities of both alleles) of any locus

equals 8, and set all alleles of one bitstring to have bits

00000000 while all alleles of the second bitstring have bits

11111111. That is, we start with ideal complementary

activities and check their evolution. Our parameters are:

population size N = 5000, number of genes L = 128,

selection strengths x = 0.9 (strong selection) or x = 0.995

(weak selection), no pre-natal selection, probability of

changing one locus of the environment string e = 10-4

(slowly) or e = 10-2 (rapidly changing), total number of

time-steps between 0.1 million and 10 millions and muta-

tion probability per string at birth m = 0.9, all reversible

(0$ 1).

At each time step and for each adult individual the

activities Al and al are computed and their differences D ¼
PL

l¼1 jAl � alj and deviations from environmental ideal

D ¼
PL

l¼1 jAl þ al � Elj are calculated. In the following

figures we show the evolution of the averages per locus of

both quantities, hDi=L and hDi=L: Due to the initial

condition, we always have hDi=L starting from eight and

hDi=L starting from zero.

Figure 1 shows for x = 0.9 and a constant environment

that for C = 1 both averages rapidly approach the value 4,

while for C ¼ 0:512; hDi=L decays from 8 to 5 and hDi=L

increases from zero to 3. Such results indicate that the

initial heterozygosity is maintained, although with
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Fig. 1 Constant environment, for x = 0.9 and total population

N = 5,000. Average difference (per locus) between the two genome

strings (upper curves) and between genome and environmental

requirements (lower curves). C decreases from inside out: C = 0.512

for symbols plus and asterisk, C = 1 for symbols times and squares
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fluctuations which are stronger for larger C, since crossing

mixes the genomes disturbing their initial perfect hetero-

zygous configurations (We will turn back to the value 4

mentioned above when discussing Fig. 4).

Figure 2 shows the results for a slowly (e = 10-4, part a)

and a more rapidly (e = 10-2, part b) changing environment,

also including the crossing probability C = 0.256. Now both

averages approach the value 4, independently of the C value.

Notice the changed time scale from part (a) to part (b) due to

early extinction: for x = 0.9 populations do not survive in a

drastically changed environment. Note that for e = 0.01 we

have one unit, El, of the environment string mutated at every

100 steps. After 10,000 steps on average 100 units were

mutated, meaning that most of the 128 ideal gene activities

were changed. If selection pressure is high, there is no time

for the population to adapt to these changes. For e = 0.0001

the population died out only after almost 1 million time steps.

Figure 3 shows that if the selection pressure is reduced,

x = 0.995, the populations are stable for times above one

million time-steps even for a rapidly changing environment

(part a) and above 10 million time-steps (part b) for a

slowly varying one, even for C = 1.

Now we go back to x = 0.9 in constant environment

and present in Fig. 4a the histograms for j Al � al j and

for the bit-by-bit Hamming distance between the corre-

sponding 8-bit genes of the two genome strings. For

C = 1 about half of these distances are 0 and half are

maximal (8), which explains why the averages hDi=L

presented in Fig. 1 go to 4. Figure 4b shows the variation

with the recombination rate C. (For these histograms all

time steps between 90,000 and 100,000 and all adults

were summed over.)

In all results presented so far averages were performed

at each time-step before applying the environment-depen-

dent selection mechanism. If they are performed after

selection, the populations are much smaller (since only

adults contribute to them; not shown), and the averages

stay much closer to the initial full complementarity, as

shown in Fig. 5.

Results do not change much if mutations are made

irreversible instead of reversible, babies are born from

adults only, the genome length L is shortened from 128 to
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Fig. 2 As Fig.1, but for changing environment. a e = 0.0001;

b e = 0.01. Now C = 0.256 (outermost curves, symbols plus and

squares) included, besides C = 0.512 (symbols times and full
squares) and 1 (symbols asterisk and circles). In b population dies

out much earlier, also if N is increased from 5,000 to 50,000, 500,000

and 5 million
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Fig. 3 Weaker selection, x = 0.995. In this case populations may

survive much longer. a): e = 0.01, C = 0 (symbols plus and times)

and C = 1 (lines); b e = 0.0001, C = 1
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32 (or lengthened to 512) or the mutation rate m is lowered

from 0.9 to 0.1 and 0.01.

Other initial configurations

When we started our simulations our intention was to

check if we could reach full complementarity and not to

depart from it. For this reason we established that the ideal

number of bits set to 0 at a locus would have to be even: an

odd-valued requirement would favour heterozygosity at

this locus, independent of the value of the crossing prob-

ability, since the number of bits set at any locus of a

haplotype is an integer in the model.

A number of different initialisations were then tried,

before we could find one that led the resulting genetic pool

of the population to resemble the expected complemen-

tarity. Those attempts were:

1. The environment requires the same activity El = 8 for

each locus and all individuals have all loci in the

homozygous state—at each locus, each haplotype has

4 bits, chosen randomly, set.

2. The environment requires the same activity El = 8 for

each locus and half of the individuals are in the

homozygous state, as above, and the other half in the

extreme complementary state, as in the previous

section.

3. Initially the environment requires no bits to be set at all

loci and all individuals are ideal, i.e., have no bits set.

Then the environment changes constantly with some

probability e per step.

The results of strategy 2 quickly decay into those for

strategy 1, no matter what value of C is used. This means

that the complementary state is metastable and that the

homozygous state is much more robust. In fact, when

strategy 1 is used the population never leaves the homo-

zygous state, for all values of C. These results may be

understood by the following reasoning: in the perfectly

heterozygous state, if the effect of new mutations is
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Fig. 5 Constant environment (e = 0), averages performed after

selection, x = 0.9 for C = 0.512 (symbol plus) and C = 1 (sym-

bol times). a activity differences (|A - a|); b distance to environment

(|A ? a - Env|)
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Fig. 4 Constant environment, x = 0.9. a Histograms for the activity

difference (symbols plus for C = 1, asterisk for C = 1) and the bit-

wise Hamming distance (symbols times for C = 0.512, squares for

C = 1); for C = 0 (lines) the results are barely distinguishable.

b Histogram values at 0 and 8 versus C for t = 100,000; differences

(symbols) and Hamming distances (lines) again barely differ.

Parameters as in Fig. 1; e = 0
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omitted, only 50% of the tentative newborn will have

complementary genomes while the other 50% have gen-

omes composed of two identical haplotypes, which are

lethal. In the case of a full homozygous state, all newborns

are surviving.

Strategy 3 has as a drawback the fact that if a mutation

of the environment pattern adds ±1 to the required number

of bits set at some locus the end result may be an odd

number, and this does not allow that particular locus to be

homozygous for a well fit individual. If we add or subtract

two, then the load carried by each environment mutation is

so strong that it may lead the population to extinction.

There are, nevertheless, unexplored regions of parameter

space that might lead to interesting developments using this

strategy or some variant thereof.

The procedure that gave heterozygosity starts with the

environment requiring no bits to be set at all loci and all

individuals are ideal, i.e., have no bits set. The population

is allowed to evolve for a number of time steps propor-

tional to the initial population and then starts an equili-

bration procedure: at each Monte Carlo step, with a 0.001

probability, the environment changes its requirement at

some random locus, by increasing by one the number of set

bits required. This procedure continues until 16 loci require

each of the even values 0; 2; . . .; 14; which happens, for the

parameters we used, shortly before 1 million time steps

have elapsed. The environment loci requirements are no

longer increased during this initialisation after having

reached these values.

We start presenting the most important results we got

with this last version of the model, which also includes pre-

natal selection, namely the partial answer to the original

question about the establishment of a purifying regime for

large values of C and of a complementary one for small

values of this parameter. Figure 6 shows this feature for

two different measures of heterozygosity, which is now

understood to be the translation of complementarity for this

model. One is activity-wise: a locus is homozygous if the

activity of both its alleles are the same, it is heterozygous

otherwise. The fraction of the loci that are heterozygous in

this concept is plotted against the value of C (? symbols).

The other measure is bit-wise: a locus is homozygous if the

bit configurations of both its alleles are precisely the same,

and are heterozygous otherwise. The fraction of loci that

are heterozygous in this concept is shown as a function of

C (9 symbols). The end result of both measures is similar:

this fraction is higher for small than for large C. Never-

theless, the heterozygosity measured by bit-wise Hamming

distance is higher, which means that polymorphic alleles of

the same activity for the same locus were generated several

times independently if the recombination rate was low.

Under higher recombination rates, the fraction of hetero-

zygous loci measured by both Hamming distances, activ-

ity-wise and bit-wise, are the same, suggesting other

mechanisms of generating the polymorphism. The results

shown were produced by one single run for each value of

C, as in the previous section. The other parameters are

shown in the caption of Fig. 6.

Now come some time evolution plots. The first, Fig. 7,

shows how the average deviation D from the environment

ideal per locus evolves. The equilibration step of this

version starts at step 64,000 for the parameters used in this

plot. Up to that point, the average deviation per locus,

which started with a value of zero, grows thanks to the

mutations to a stable value below 0.02 for all values of

C. For C = 0 (no recombination) it stays small and even

decreases during the equilibration process to half of its

original value. For C = 0.512 it increases during equili-

bration but not much, and by the end of this step it is back

to the value it had before equilibration. For C = 1 the
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Fig. 6 Fraction of heterozygous loci as a function of C for a constant

environment (e = 0). Other parameters are: x = 0.9, N = 500,

m = 0.5
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ideal (per locus) for a constant environment (e = 0) and for C = 0

(symbol plus), C = 0.512 (symbol times) and C = 1 (symbol aster-
isk). Other parameters are: N = 100, m = 0.5 and x = 0.9
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behaviour is completely different: as equilibration starts,

the deviation first increases up to nine times its original

value, and can lead smaller populations to extinction. At

the end of this step, the deviation decreases back to its

starting value and at the end, when the population is

brought down to the value of N, lies in between the values

for the two other values of C. This difference between

C = 0.512 and 1 agrees with Figs. 1, 2, and 4b.

Figure 8 shows how the allele activity difference per

locus hDi=L evolves with time. Before the start of the

equilibration process it has a small residual value, reflect-

ing the initialisation of the population and of the environ-

ment ideal (all zeroed for all loci). During the equilibration

process it first rises for all values of C, more steeply for

smaller values then for larger ones, but it decreases after-

wards. At the end of this phase of the simulation it stabi-

lises, albeit at values that depend on C monotonically: they

are larger when C is smaller. This result reflects again the

answer given by simulations of this model to the original

question. For C = 1 the population is close to being

completely homozygous, which leads the difference

between allele activities to a small value, while for C = 0

heterozygosity emerges and the value gets close to unity.

As in Figs. 1, 2, 3, 4, 5, 6, and 7, homozygosity increases

with increasing recombination.

The importance of inbreeding for this effect is shown by

the data from a simulation where the population size is

initially 300, whereas this value was 2,000 for all the

others. Now, not only the size of this difference is bigger

but also the fraction of loci where the allele difference is

non-zero increases (not shown). This effect is even stronger

for a population of 20,000 and agrees with earlier simu-

lations (Zawierta et al. 2007, 2008; Waga et al. 2007,

2009; Helgason et al. 2008, Bońkowska et al. 2007), but

contradicts our results in ‘‘Starting from full complemen-

tarity’’ section (see caption of Fig. 2b) where N had little

influence.

As a final statement about the issue of purifying selec-

tion versus the strategy of complementarity, or homo-

versus heterozygosity, we present our Fig. 9. It shows the

distribution of the activity-wise Hamming distance, defined

as follows: for each individual of the population, each of its

haplotypes is compared with each of the two haplotypes of

all the other individuals, and the summed activity differ-

ence between them computed and normalised by the total

number of such pairs. When C = 1 this distribution has a

single peak close to 0. In fact, in this limit most loci are

homozygous and the individuals are all very similar to each

other. The resulting distances are all very small, and it does

not matter which haplotype of one individual is compared

to haplotypes of other individuals since they are essentially

equal. This situation changes as C decreases, and a double-

peaked distribution develops, analogous to Fig. 4a. For

C = 0 it is clear that two patterns of haplotypes have been

fixed in the population. Among each pattern the distances

are very small, but the distance between two different

patterns is substantial, characterising in a different way the

establishment of a heterozygous regime in the population.

For the strong selection that was used in the simulation, the

average deviation from the ideal is essentially zero and

the maximum value of this distance would then be 512.

The result of the simulation shows a peak close to 200, at

0.4 of the maximum.

This feature of high degree of homozygosity for C = 1

has an interesting counterpart in the actual distribution of

the crossing loci of the gametes of the population as shown
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in Fig. 10. These loci are those points where the maternal

and paternal bit-strings crossed over to produce those

gametes which now form the investigated surviving adult.

The few loci where full homozygosity did not set in are

located close to the mid part of the chromosome—this is a

general feature noticed in other models (Waga et al. 2007;

Mackiewicz et al. 2010) and it will be further discussed

elsewhere. Because of this location, gametes generated by

crossing near the middle of the chromosome will, with a

very high probability, end up pairing into homozygosity for

some of those loci and an activity far from the one required

by the environment, leading the individual to fail pre-natal

selection. The individuals that are alive come from cross-

ings that avoid this region of the genetic material.

As a final remark, we show a time evolution plot for a

simulation where the environment varies with some prob-

ability after the initial equilibration, Fig. 11, while for

Figs. 6, 7, 8, 9, and 10 the environment was kept constant

after its initial equilibration. It shows the effective popu-

lation, defined as the difference between its actual size at

the start of one Monte Carlo step and the number of indi-

viduals that die in that same step. For the case C = 1 where

we have maximum homozygosity in the population, this

variability leads to a quick extinction. This feature has to

be checked for other values of the parameters, in particular

for a less selective environment.

Discussion

In this article, we have assumed that two alleles comple-

ment each other if they have different activity (heterozy-

gous locus) and together fulfil the environment

requirement. If both alleles have the same activity

(homozygous locus), their relation is not considered as

complementation even if they fulfil the environmental

demands.

In a constant environment, the most robust populations

have all loci homozygous. This is an obvious result

because, independently of haplotypes’ combination, the

activities of loci corresponded exactly to the environment

demand. Thus, ignoring new mutations, the fusion of

gametes always resulted in forming a surviving newborn. If

a specific locus can be occupied by alleles of different

activities, only some of them combine in such a way that

they fit exactly to the environment requirement. If we

imagine such complementing alleles in a given locus, then

to succeed in forming the fittest zygote, all other loci

should also complement or should be homozygous. One

should expect a tendency to form clusters of comple-

menting alleles. This is more probable under low recom-

bination rate and/or high inbreeding (smaller effective

populations). In fact, we have observed this phenomenon

(see Figs. 6, 9) in our simulations. On the other hand, genes

located at the ends of chromosomes, close to the telomeric

regions, are more efficiently separated by recombination,

while genes in the middle of chromosomes could be

transferred into gametes as a linked unit more frequently.

As a result, genes in the middle of chromosomes are more

prone to form clusters of genes which are complementing

other clusters. It is expected that in the regions of clusters,

recombination is restricted. This is presented in Fig. 10,

even for relatively high recombination rate (C = 1). The

same phenomena have been observed in models where

genes were represented by single bits and existed in the

genetic pool only into two states: wild-functional and

defective-recessive lethal (Zawierta et al. 2007, 2008). The

observed complementation and gene clustering is not

connected with an effect of epistasis, like in the case of the

phenomena described by Pepper (2003). In his models,

genes could be relocated by recombination (inversion) on
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circular chromosomes and selection worked on the haploid

individuals. In our model individuals are represented by

their diploid genomes with the homologous chromosomes

with fully reciprocal recombination.

Parameters of the model presented in this article seem to

be too restrictive to allow the evolution of high polymor-

phism. The function of selection is too rigorous, killing

even slightly unfit genomes. For the version of ‘‘Other

initial configurations’’ section, the assumption that the

activities of genes can be regulated in a broader range, like

a survival probability exp½�constD2� instead of xD, should

allow for the generation of a much higher polymorphism of

the genetic pool, and it should be possible to find a con-

figuration of parameters such that a larger set of haplotypes

in the genetic pool could be more advantageous in a

changing environment.

Open Access This article is distributed under the terms of the

Creative Commons Attribution Noncommercial License which per-

mits any noncommercial use, distribution, and reproduction in any

medium, provided the original author(s) and source are credited.
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(2006) Biology, sociology, geology by computational physicists.

Elsevier, Amsterdam

Waga W, Mackiewicz D, Zawierta M, Cebrat S (2007) Sympatric

speciation as intrinsic property of expanding populations. Theory

Biosci 126:53–59

Waga W, Zawierta M, Kowalski J, Cebrat S (2009) Darwinian

purifying selection versus complementig strategy in Monte Carlo

simulations. In: Miekisz J, Lachowicz M (ed) From genetics to

mathematics. Series on Advances in Mathematics for Applied

Sciences, vol 79, pp 70–102. World Scientific, Singapore

Wright S (1931) Evolution in Mendelian populations. Genetics 16:

97–159

Zawierta M, Biecek P, Waga W, Cebrat S (2007) The role of

intragenomic recombination rate in the evolution of population’s

genetic pool. Theory BioSci 125:123–132

Zawierta M, Waga W, Mackiewicz D, Biecek P, Cebrat S (2008)

Phase transition in sexual reproduction and biological evolution.

Int J Mod Phys C 19:917–926

Theory Biosci. (2011) 130:135–143 143

123


	Modelling survival and allele complementation in the evolution of genomes with polymorphic loci
	Abstract
	Introduction
	The model
	Starting from full complementarity
	Other initial configurations
	Discussion
	Open Access
	References



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (ISO Coated v2 300% \050ECI\051)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Perceptual
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts false
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 149
  /ColorImageMinResolutionPolicy /Warning
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 150
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 149
  /GrayImageMinResolutionPolicy /Warning
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 150
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 599
  /MonoImageMinResolutionPolicy /Warning
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<

    /BGR <>
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /CZE <>
    /DAN <>
    /ESP <>
    /ETI <>
    /FRA <>
    /GRE <>

    /HRV (Za stvaranje Adobe PDF dokumenata najpogodnijih za visokokvalitetni ispis prije tiskanja koristite ove postavke.  Stvoreni PDF dokumenti mogu se otvoriti Acrobat i Adobe Reader 5.0 i kasnijim verzijama.)
    /HUN <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /LTH <>
    /LVI <>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /POL <>
    /PTB <>
    /RUM <>
    /RUS <>
    /SKY <>
    /SLV <>
    /SUO <>
    /SVE <>
    /TUR <>
    /UKR <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /DEU <>
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [595.276 841.890]
>> setpagedevice


