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Abstract

Tensor analysis methods have played an important role in identifying human
gaits using high dimensional data. However, when view angles change, it be-
comes more and more difficult to recognize cross-view gait by learning only a
set of multi-linear projection matrices. To address this problem, a general ten-
sor representation framework for cross-view gait recognition is proposed in this
paper. There are three criteria of tensorial coupled mappings in the proposed
framework. (1) Coupled multi-linear locality-preserved criterion (CMLP) aims
to detect the essential tensorial manifold structure via preserving local informa-
tion. (2) Coupled multi-linear marginal fisher criterion (CMMF) aims to encode
the intra-class compactness and inter-class separability with local relationships.
(3) Coupled multi-linear discriminant analysis criterion (CMDA) aims to mini-
mize the intra-class scatter and maximize the inter-class scatter. For the three
tensor algorithms for cross-view gaits, two sets of multi-linear projection matri-
ces are iteratively learned using alternating projection optimization procedures.

The proposed methods are compared with the recently published cross-view gait
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recognition approaches on CASIA(B) and OU-ISIR gait database. The results
demonstrate that the performances of the proposed methods are superior to
existing state-of-the-art cross-view gait recognition approaches.

Keywords: Gait recognition, cross-view gait, tensor representation, framework

1. Introduction

The demand to recognize and authenticate individuals using biometrics has
been rising due to its broad applications in security and surveillance. During
past decades, many biometrics have been applied to practice such as face, fin-
gerprint and iris. These biometrics are unique from person to person, which is
essential to quickly identify the target’s identity. Different from these biomet-
rics, i.e., face, fingerprint, vein, iris, ear, hand shape, palm print, retina and lip,
gait is a kind of soft biometric which aims to recognize one’s identity by his
unique walking patterns. It is more potential than the biological characteris-
tics in the surveillance field due to the advantage of gait recognition [, 2] lies
in the fact that it can be efficiently recognized at a distance without subjects’
cooperation.

The popular gait recognition methods can be roughly classified into the fol-
lowing two categories: model-based [3] and motion-based approaches |4, B, 6].
Model-based approaches can extract the gait features robustly and avoid the
noise interference problem. The changes all over the body can be characterized
by a short vector. It is possible for gait recognition to obtain a good per-
formance if the model is established accurately. However, the modelling and
its matching processes are both complex. Compared to model-based methods,
motion-based approaches avoid the complex modelling which can characterize
the motion patterns of human body without fitted model parameters. Due
to the benefits, motion-based approaches attract more attention recent years.
However, a challenge to motion-based gate recognition is the cross-view issue
[, B]. This is because motion pattern changes dramatically as the viewing di-

rections move, even though when it is the same subject’s gait. This is the main
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reason why most state-of-the-art motion-based gate recognition method do not
perform well [g, L0, 11, 12]. Basically, there is a trend that the larger the varia-
tion of viewing direction is, the worse the recognition performance is. Thus, the
core research question of this paper is how can we find robust and discriminative
representations, such that they can enlarge the discrimination between different
subjects, and meanwhile compact the variations of the same subject?

Previous methods try to bridge the view biases by constructing 3D model and
performing view transformation model, however, the former is computationally
complex and the latter does not consider discriminability. Data-driven CNN
approaches achieve significant success in many fields [13, 14, 15, 16], which
can be also applied to gait recognition. Due to its powerful representation
ability, CNN can extract view invariant features. However, limited labelled
data available easily causes the CNN model over-fitting. In another aspect,
CNN model highly relies on expensive GPU hardware to accelerate the training
speed. Different from them, tensors are higher order generalizations of matrices
[17], which is helpful to reduce the small sample size problem in discriminative
subspace selection. They have been successfully applied to gait recognition
under a fixed angle of view.

Inspired by success of tensor representation, this paper presents a novel gen-
eral tensor representation framework for cross-view gait recognition. Our for-
mulations model the gait data as a tensor and seek three robust and tensorial
discriminative representations by tensor analysis. Our framework can leverage
structure information and reduce the number of parameters used to model the
cross-view gait recognition. We present three novel criteria of tensorial coupled
mappings. First, by preserving local information, we obtain a common subspace
that best detects the essential gait manifold structure. Second, by encoding the
intra-class compactness and inter-class separability with local relationships, we
present coupled multi-linear marginal fisher criterion. Third, by minimizing the
intra-class scatter of cross-view gaits, and simultaneously maximizing the inter-
class scatter, we propose coupled multi-linear discriminant analysis criterion.

These three tensor alignment algorithms of cross-view gaits are achieved by
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alternating projection optimization procedures. The flourishing of cross-view
gait recognition methods depends largely on well-established multi-view gait
databases, such as CASTA(B) [L§] and OU-ISIR [19]. To the best of our knowl-
edge, our work is the first attempt to address the cross-view gait recognition
within a framework of tensor representations. The key contributions of our work

can be summarized as follows:

(1) We propose to model cross-view gait data as tensors and develop a novel
framework of cross-view gait recognition by tensor representations.

(2) We present three novel criteria of tensorial coupled mappings with their
tensor alignment algorithms of cross-view gaits.

(3) We systematically evaluate our methods on both the largest number of

cross-views gait database and the largest population gait database.

The remainder of this paper is organized as follows: Section E briefly re-
views some related works. Section E presents our general tensor representation
framework for cross-view gait recognition. After that, Section H proposes 3
criteria of tensorial coupled mappings with their tensor alignment algorithms
of cross-view gaits. Then, Section E demonstrates the experimental results on
both CASTA(B) and OU-ISIR gait database. Finally, this paper is concluded

in Section E

2. Related work

In this section, we give a brief literature review of related topics to our work,

i.e., cross-view gait recognition and tensor representation for gait analysis.

2.1. Cross-view gait recognition

Several related work tries to tackle this cross-view gait recognition problem,
which can be categories into three classes. The first class of work focuses on
constructing 3D gait information via panoramic or multiple calibrated cameras

[10, 20, 21, 22]. These 3D-based methods are usually set-up with complicated
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environment of controlled multi-cameras, which may not be available in prac-
tice. Even if it is available, its practical application can be adversely impacted
by the computation complexity. The second category is based on view trans-
formation model (VIM). This includes single value decomposition (SVD) and
regression, which have been massively deployed to generate gait features with
the information from the other view [23, 24, 25, 26, 27, 28, 29, 80, B1, B2, B3]
Although these methods minimize the errors between the transformed features
and original gaits features, they do not consider the discrimination capability.
The third category is to extract view-invariant gait feature. Generally, it infers
a view-invariant gait feature among cross-view gait data. For example, in [34],
Goffredo et al. proposed a self-calibration of limbs’ pose in the image reference
system. However, this method can only coarsely estimate the limbs’ pose when
the view of input gait is very different from the registered or front view gaits. To
alleviate this problem, domain transformation [35, B6, B7, B8], metric learning
[39], and deep CNNs [40, 41, 42] have been introduced recently. Especially, deep
CNNs have achieved encouraging recognition accuracy on the cross-view task
due to its powerful representation ability. The premise of using deep CNNs
requires to a large quantity of labeled training data efficiently, however, the

limited gait data available restricts its application.

2.2. Tensor representation for gait analysis

A variety of multi-linear subspace learning approaches based on tensor rep-
resentation have been applied to gait analysis, which can not only extract
spatial-temporal gait information but also avoid small size sample problem.
For example, Lu et al. [43] proposed multi-linear principal component analy-
sis (MPCA) to capture most of the original tensorial input variation. Then,
they extend MPCA to Uncorrelated multi-linear principal component analysis
(UMPCA) [44], which can produce uncorrelated features while capturing most
of the variation in the original tensorial input. However, the above algorithms
only concentrate on unsupervised dimension reduction instead of discrimina-

tive feature extraction and classification. Therefore, multi-linear discriminant
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analysis (MLDA) approaches [45, 46, 47| are proposed for gait feature extrac-
tion and classification. Tao et al. proposed the general tensor discriminant
analysis (GTDA) [45] via maximizing the differential between inter-class scat-
ters and the weighted intra-class scatters. Yan et al. proposed discriminant
analysis with tensor representation (DATER) [46] via maximizing the ratio of
inter-class scatters to the intra-class scatters. Lu et al. [47] developed un-
correlated multi-linear discriminant analysis (UMDA) to explore uncorrelated
discriminative features for gait recognition. Li et al. [48] applied locally linear
embedding (LLE) criterion and separability between different classes to for-
mulate tensorization of Discriminant LLE. Aiming at extracting discriminative
geometry-preserving features from the original tensorial data, Ben et al. [49]
proposed maximum margin projection with tensor representation. By charac-
terizing the multi-factor variation, Chen et al. [50] proposed multilinear graph
embedding (MGE) to adequately characterize local variations. Zhao et al. [51]
adopted sparse constraint in Tensor Discriminative Locality Alignment to select
gait features. However, the exsiting tensor analysis on gait recognition do not
focus on extracting view-invariant gait feature, and the tensor representation

framework for cross-view gait recognition is still lack of study.

3. A general tensor representation framework for cross-view gait recog-

nition
3.1. Cross-view gait data multi-linear transformation

Human gait samples are usually represented by second-order tensor or higher-
order tensor. Given two sets of training gait tensorial samples {Xi € RFuxHax-xHn
i=1,2,...,Mp} and {Y; € REvxL2xxIn =12 . My} from two views ¢
and ¢ , where H,, and L, are mode-n dimensions for views 6 and 1 , respec-
tively. My and My are the numbers of gait tensorial samples for views 6 and
9, respectively. Generally, both share a consistent one-to-one match between

two views, namely, My = My = M. Now our goal is to find transformation

functionsfp (X;) and fy (Y;) to make gait data under different views project
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Table 1: Similarity relationship between X; and Y;

X; and Y; belong
Side 1,{X;, X} eC
wij = to the identical
information 0, else
individual C.
vec(-)denotes a
vee(X;) vee(X;) .
Cosine WH“CC(M7 ifX; € Ny (Xj)orX; € Ni (X;) vectorization operator.
Wi = i j
similarity “ 0, else Ny, (+) denotes
k nearest neighbor.
Gaussian exp (—|lvec(X;) — vec(){j)Hz/t) ,ifX; € Ny (Xj) orXj € Ny (X;) t denotes Gaussian
Wi =
similarity ’ 0, else variance parameter.

into a common space and measure their similarity. The objective of a gen-
eral tensor representation framework for cross-view gait recognition is to find a
pair of multi-linear transformation matrices {Un € HnxFn n=1,... N } and
{Vn € bnxFn o =1,..., N} to project cross-view gait samples into a common
lower-dimensional tensorial subspace F} ® Fo ® -+ ® Fy from both of original

tensorial spaceH; @ Ho® ---® Hy and L1 ® Lo ® - - - ® Ly respectively. Thus,

N
,AZ-:XixlUIXQU;"'XNU]TV:XiHXkU;’ (1)
k=1
N
B; = V;jx1V{ xaV3 - xy Vi =Y, [] x1 VY, (2)
k=1

where A; and B; are projected tensor features for the views 6 and ¥ ,and A;, B; €
RFvxXFexxFn 45— 1 . M. F, is the mode-n dimension of the projected

tensor features, and F,, < min (H,, L,).

8.2. The similarity of cross-view gait data

To simplify the calculation on the similarity between &; and Y; across view,
we define

sim (X;,Y;) = || Ai — BjHi-'wijv (3)

w;; is the similarity relationship between X; and &) , which can be calculated
according to side information constraint, Gaussian similarity or Cosine similarity

[62].The similarity presented in Table m can be used in this paper.
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Table 2: The criteria, the alignment representation and the objective function used in the

proposed framework

Criteria Alignment representation Objective function for mode n
Coupled
1ti-lines D 1 -WQRI - ~ 2
muiti-tinear 1® ® arg_min 3 ||UIX7~,(”)U” VY V| wi
locality-preserved -W'®I D;®I n:Vn G5 ’ B
criterion (CMLP)
Coupled D, ®I - W®I
multi-linear W' oI Dy®I ) Z"'i:ﬂ'j HUIxi(n)ﬁn_v;[Yj(n)vnHi“ﬂ‘j
- ~ g arg min — -
marginal fisher D, ®I —-WQR®I Un,Vn EM#M‘ HUIXI-(")Un—VIYj(”)VnHiwij
criterion (CMMF) -WT eI D,®I
C led r Tg () 7 TS ~ 2
ouple I-K®I o g N.||U,, X<n) n— U, X(,)Un »
s P v e,
multi-linear o I-Kol =l 4N, V:YE;/))VTL _ VIY(”)VH
discriminant o ) - arg max ~ 2 F
K®RI— I 0 ns Vn < T ~ To( ~
analysis criterion ® M (ee )@ c Z HUn X‘E?’I)L)Un -U, X(vcz))U" ||F
(CMDA) 0 K®I- 7 (ee”)OL | T )
L =1 T~ () T (@) <7
+ 2 VIS0, Ve - vIXO VA,
The mode-n unfoldings of A; and B; can be derived as
T T -
Az(n) =U, Xz(n) (UN ®..U,10U0,1®...8 Ul) =U, Xz(n)Un (4)
N vl /T \/
Bj(n) = Vn Y](n) (VN ®...Q Vn+1 RVp1®...8 Vl) = Vn Yj(n)Vn (5)
~ N - N
where U, = [] ®Ug, Vo= [] ®&Vyg. (9) can be written as
k=1,k#n k=1,k#n
. 2
sim (X, Y;) = || Ai — Bj[|p wi;
T - ~ T
T U" Xz(n)Un 0 Wiy * 1 Wi 1 Xz(n)Un 0 Un
=Tr
\ 0 Y;mVa wi T w1 0 Y;mVa '
= AT\ Pn by Y | Ly n o
(6)
where Pn = 5 Zij = - y G,’j =
Vn 0 Yj(n)Vn I Wiy * I

The detailed mathematical deductions are put into the

Appendix Al

In the following section, we will introduce 3 criteria with tensorial coupled

mappings to obtain U,, and V,,. Table E shows the alignment representation of

each criteria used in the proposed framework.
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8.8. Classification

We denote Q; and Q2 be projection matrices trained by the improved met-
ric learning approach [52] respectively for the vectorized cross-view gait data
vec(A;),vee(Bj), 4,5 =1,..., M.

In the testing stage, with the learned multi-linear transformation matrices
{Un € RnxFn = 1,...,N} and {Vn € RinxFn 1 =1,... N}, the class
label of a query gait tensor ) € RE1*L2XXLN ypder the view o is determined
by ;s

" = argmindis (fy (Xi), fo (V) , (7
where 7;, denotes the class label of the tensor gait sample which has smallest
distance to the query gait sample Y, and dis (-,-)denotes a distance metric
function of transformed gait tensor data. fy(-) and fy (-) are transformation
functions from tensor spaces H1 ® Ho ® -+ - @ Hy and L1 Lo ® --- ® Ly to a

lower dimensional vector space, where

N
fo (X)) = Q vec(X; H Uy ), (8)
k=1
N
fo (V) = Qauec(V; [T 1 Vi) 9)
k=1

4. Three criteria of tensorial coupled mappings

In this section, we introduce three different criteria under the unified tonso-

rial framework in the last section and analyse the relationship between them.

4.1. Coupled multi-linear locality-preserved criterion (CMLP)

Preserving local information, tensorial coupled mappings with CMLP crite-
rion aim to learn a couple of multi-linear projection matrices for views 6 and
¥ to obtain a common subspace that best detects the essential gait manifold

structure. The objective function is defined as
2

{UZ,V;,nzl,.,,,N}: arg min E -
U,,V,,n=1,...,.N J

N N
X [T < Ui = [] xe Vi
k=1 k=1

(10)




The above objective function does not have a closed-form solution, so an iterative
w0 procedure (see Algorithm m) is proposed to solve it.
Its mode-n objective function can be written in a trace form as

2

arg min J (U, V,) =3 HU;XZ-(R)fJn ~ VY V| wi
nyvn ’Lj
T ~ ~
T U, X(n)Un 0 D ®I -WRI X(n)Un
= T -
V, 0 Y Va -W'el Dy®I 0

(11)
where X ) = [Xi(n): Xomys-- - Xy |» Yy = [Yim) Yooy - Yumy], ®
denotes Kronecker product, and I is a unit matrix, similarity matrix W is made

of w;j, and diagonal matrices D; and D, are

Zj wy; 0 0 ZZ w0 0
D, = 0 0 ;Do = 0 0 - (12)
0 0 Zj WM 5 0 0 Zi Wi M
15 The detailed mathematical deductions of (@) are put into the .

To simplify (@), several auxiliary matrices are defined as follows

U, XUy, 0 D;®I -WoI
P, = aZ(n) = ™ ~ G =
V., 0 Y(n)Vn -WTelI Dy®I

(13)

Hence, we have the following objective function for mode-n
{Pl.n=1,...,N} = argin T (PZz(n)Gz(Tn)Pn) : (14)

where P denotes the optimal solution for mode-n. Therefore, (@) has been
decomposed into N different sub-optimization problems although 2N optimized

200 variables are coupled in a single objective function.

With the orthogonal constraints introduced into the (@) tomake {P,n=1,...

unique, we derive

{P,n=1,...,N} = argrg}nnTT (PIZ<n>GZ<Tn>P">

st. PP, =1,

10

T

7N}



Algorithm 1: Projection of cross-view gaits with CMLP criterion

=

2
3 while not converged or t <= Ty ax do
4 for moden=1: N do
5 Calculate
~ (t_1 1
. X, O =X (U)o (U )T (UG
YO0 <, (VDT o i (V) T, (VI T L
7 Calculate auxiliary matrices X,y and Y, in (@)7 Z,) and G
in (19);
8 Calculate the eigenvalues and eigenvectors of
T _ T
Z(n)GZ(n)p(t) = (Z(n)Z(n)) p(t) and
T
P = [ (T v | = [ e ]
where the eigenvectors pgn’t), p;"’t), ceey p;f:’t) corresponding to
F,, smallest eigenvalues;
9 end
N () (o (t—1)%) |
10 Check convergence » " |[|Pn" (P —I|| <e.
11 end

Input: Two sets of training gait tensor samples {X; € RH1xHaxxHy

i=1,2,...,M} and {Y; € REFaxlaxxbn 5 —12 . M}

from two views 6 and ¢, dimensionality of the transformed gait

tensor Fy X Fy X --- X Fpy, the maximum iteration Tpayx;
Output: The projection matrices (U,,V,),n =1,..., N, the aligned
tensors {.Ai € RFvxxFy j — L...,M} and
{B; e RFvxIn j=1,... M},
Initialize Uﬁf” =1y, V%O) =15, ,n=1,..., N,where their superscript

denotes iteration number;

Calculate W, D1, D5 according to Table ﬂ and (@),

12 Project the high-dimensional gait tensor to matrices

(Upn,V,),n=1,..., N, and obtain the low-dimensional tensors

.Ai = XixlUirXQUQT XNU—]\FI and Bj = ij1VIX2V;"' XNV]Tﬂ

9

xn (U )T

XN(V

11

(t=1)
N

)T

b
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where I € RF»XFr i a unit matrix, e € R2ME»*1 s a column vector of ones,

K, =Fu41 XX Fn X F_1 X --- X F, the size of a column vector of zeros 0

is F,, x 1. The solution of @ are listed in

4.2. Coupled multi-linear marginal fisher criterion (CMMF)

We proposed CMMF criterion to encode the intra-class compactness and

inter-class separability with local relationships. As a result, for each mode n,

the objective function is

{U,, Vi,n=1,... N} =

. Zﬂ'i:ﬂ'j ||XiX1UI
arg min

2 _
o xNUL = Ypxa VI xn V[

U, Van=1,. N Zm?&ﬂj |’X¢X1U1T-

XN UL = Y VT -y V[
(16)

where m; and 7; denote the class labels of samples ¢ and j, w;; denotes the

similarity of intra-class gait data, and w,; denotes the similarity of inter-class

gait data, which are defined as

- Lif ie N} (j)
wi]‘ =
0, else

or jeN (i) Lif i€ N (j) or je€ N (i)

y Wi =
0, else

b

(17)

where N, (-) denotes a set of k; intra-class nearest neighbors, and N,_ () de-
1 2

notes a set of ko inter-class nearest neighbors.

Like CMLP, the alternating projection optimization procedure can also de-

compose (@) into N sub-optimization problems as follows

Z‘n’i =T

‘lei(n)Un -V, Y;mVa

2
w44
r

arg min J(U,,V,)=

Un,Va
Z‘n’i 757rj

12

U X U = VY ) Vi

nm=1---,N.

2

w. -
FY

(18)



Eq. (@) can be rewritten as

arg min J(U,,V,)=

nyvVn

(] va X0, o ][ Dier -WweI || X,,0, U,

V.|| o Yoy Vi || -W'®I DI || 0 Yy Vi | | Vi

(o] Xm0, o [ Pe1 —Well] x.,0, 1 [ o,

V. | 0 YuVu || -W'el D,oI [[ 0 Y,V | | Va
(19)

where W and W are intra-class similarity matrix and inter-class penalty simi-
larity matrix respectively and both of their i-th row j-th column elements are

20 W;; and d}ij. Four diagonal matrices D1, Dy, D1 and D5 are

D; = o . 0 Dy = o . o0 ,
0 0 Zj Whrg | I 0 0 Zz W; M i
: : . (20)
2wy 0 0 >y 0 0
Di=| o . o0 Dy=| o . o0
| 0 0 Zj Wyyj | | 0 0 > W |
To simplify (@), two alignment matrices are defined as follows
_ Di®I -Wol | - D, ®I -WoIl
G= _ ,G = _ _ (21)
~-WT eI Dyl ~-W'eI D,®I
Then, (@) reduces to
Tr (PI Z(n)(_}Z(Tn)Pn>
argmin J (P,,) = — . (22)
P, Tr (PIZ(n)GZEI;L)Pn>

Like CMLP, a regularizer 7I, which can be viewed as a small disturbance,
can be also imposed on the item G to avoid over fitting. Then we have the

25 following criterion

1 (P12 G2, P

argmin J (P,) =

P, Tr (P;er(n) (é + TI) Z(Tn)P”> |

(23)

13




The above problem can be converted to solving the generalized eigen-decomposition
problem. As a summary, the iterative procedure for the projection of cross-view

gaits with CMMF criterion is presented in Algorithm E

4.3. Coupled multi-linear discriminant analysis criterion (CMDA)

230 General Tensor Discriminant Analysis (GTDA) is a linear Discriminant anal-
ysis extended in the tensor space, which introduce supervised information into
multi-linear analysis. Motivated by GTDA, the mode n intra-class scatter and

inter-class scatter matrices in the projected tensor space are defined as follows:

T~ (©) T (
HV YO v, - VIOV,

C
Jw (Un7 VrL Z: ( HUTXZ(C;) UTXE:L))

)

+N

T (¢) 7 T
Vo= Vi¥ )V,
(24)

2
)
F

Jp (Up, Vy) = f: (

UX90, - UK,

where XEZ))’ Y((Z)) are the means of samples from the class ¢ from two views 6
25 and 1, respectively, X(n) and Y(n), are the means of total data sets from two
views 6 and ¥ respectively.

N
(e) - v (©)
(n) N, sz(n)’ (n) Z ](n)’ X = CZX(n)’Y -0 Y

7j=1 c=1

Again we wish to construct a large scalar when the mode n intra-class scatter

is small and the mode n inter-class scatter is large.

< () T 7 |I? (c) T o |12
Ty (Un, V) 3 (Ve UL XG0 - UK O+ N [ VIXE V0 = VI Va|
{U;,,V,} = argmax = °=
Uy Ve Juw(Un, V) < [ Ne —uTX 0, VTY(C) V VIV 2
cgl i=1 ’“(") (n) H + Z || - (n) "HF
(26)
(E) can be rewritten as
arg min J(U,,V,)=
g iy (Un,Va) B )
T U, X(n)ﬁn 0 I-K®I 0 X(n)f]" 0 U,
V. 0 Y(n)V(n) 0 I-K®I ] Y(n) V(n) Vo
T - T = -
ol | Un XmUn 0 K®I- gr(ee’ )1 0 Xy Un 0
Vi, 0 Y () Vin) 0 K@I- gr(ee’)®I 0 Y (n)Vin)
(27)

20 The detailed mathematical deductions of (@) are put into the .

14



Algorithm 2: Projection of cross-view gaits with CMMF criterion.

=

10

11

12

Input: Two sets of training gait tensor samples {X; € RH1xHzxx

Tnitialize U = Iy, v — I,

Hy

i=1,2,...,M} and {Y; € REFaxlaxxbn 5 —12 . M}
from two views 6 and ¢, dimensionality of the transformed gait

tensor Fy X Fy X --- X Fpy, the maximum iteration Tpayx;

Output: The projection matrices (U,,V,),n =1,..., N, the aligned

tensors {.Ai € RFvxxFy j — L...,M} and
{B; e RFvxIn j=1,... M},

n=1,..., N, where their superscript

n?

denotes iteration number;

Calculate W, Dy, Do, W, D; and D5 according to (@) and (@)7

while not converged or t <= Ty do
for moden=1: N do
Calculate
X, O =X (U)o (U )T (UG
Vi O = Ypa (V)T (V) T (V)T
Calculate auxiliary matrices X(,), Y () and Z,) as Step 6 in
Algorithm. m, G and G in (@),
Calculate the generalized eigen-decomposition problem on
(Zwy (G +71) 2],)) 2 G2,
P = [ (U)T (V)T }T = "y, pl),
where the eigenvectors pgn’t), p;"’t), ceey p%ﬁ’t) correspond to Fj,
smallest eigenvalues;
end
Check convergence 25:1 ‘Pg)* (PS‘I)*)T‘ - IH <eg
end
Project the high-dimensional gait tensor to matrices

(Upn,V,),n=1,..., N, and obtain the low-dimensional tensors

Ai = X,-xlUlTXQUQT XNU—]\FI and Bj = ij1VIX2V;"' XNV]T/“

xn (U )T

XN(V

15

(t=1)
N

)T,
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To simplify (@), several auxiliary matrices are defined as follows

U, Xm0, 0 I-K®I 0
Pn: 7Z(n) = ~ 7G: )
v, 0 Y m)Va 0 I-K®I
o — KeI- i (ee”)®I 0
0 KeI- i (ee”)®I
(28)

Then, (@) reduces to

T (P2 G2, P

argmin J (P,,) =

u - R (29)
" Tr (P2 G'Z/, Py

The above problem can be converted to solve the generalized eigen-decompos-
ition problem. As a summary, the iterative procedure for the projection of

cross-view gaits with CMDA criterion is presented in Algorithm E

4.4. Analysis

Complexity analysis. For all of the three criteria, the time complexity in-
cludes three aspects: n-mode projection in step 5 of Algorithm m and E, step 4
in Algorithm E, the scatter calculation and general eigenvalue decomposition.
In each iteration, the time complexity of the nm-mode projection and general
eigenvalue decomposition can be respectively computed by O(M 27]2,21 H,%I?n +
L2L,) and O(XY_ | (H, + L,)?) for all the three variations, where H, =
Y, . H; and L, = IIY, ., L;. For CMLP, the complexity to compute
the scatter matrices in the optimization procedure is O(Zi\il 2MK,(H, +
L,)2MK,+ H, + L,)). CMMF and CMDA considers both inter-class scatter
and intra-class scatter, which doubles the computation cost, i.e., O(Zfil AMK, (H,+
L,)(2M K, +H,+Ly,)). For simplicity, we assume that H,, = L, = ([[>_, H,)"/™ =
(ngl Ln)l/” = [, thus the computing complexity of CMLP can be denoted as
O@RMN - IWN+Y 4 8N - [3 + SMNI(M - FIN — 1) + I) x F(N — 1)) where it
is assumed the dimensionality of transformed tensor VF,, = F,n =1,2,..., N.

Similarly, CMMF and CMDA double the computational complexity.
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Algorithm 3: Projection of cross-view gaits with CMMF criterion.

=

2 while not converged or t <= T,.x do
3 for moden=1: N do
4 Calculate
~ i1 -1
5 Xi(n)U% )¢nXiX1(Ugt))T te Xn—l(Uq(mt)fﬂTXn—!—l(Ungl))T ce
~(t—1 -1
Y O <, (VDT o i (V) T, (VI T L
6 Calculate auxiliary matrices X(y), Y (n), Zn), G, G in (@),
7 Calculate the generalized eigen-decomposition problem on
T \- T
(Zny (G +7I) Z(n)) 1Z(n)GE(n),
P = [ ()T (v | = [ e ],
where the eigenvectors pgn’t), pé"’t), ey pg:t) correspond to Fj,
smallest eigenvalues;
8 end
T
9 Check convergence 25:1 ‘PS)* (ngl)*) — IH <eg;
10 end

Input: Two sets of training gait tensor samples {X; € RH1>H2x

><HN

9

i=1,2,...,M} and {Y; € RFaxlaxxby 5192 . M}

from two views 6 and ¢, dimensionality of the transformed gait

tensor Fy X Fy X --+ X Fy, the maximum iteration Ty,ax;

Output: The projection matrices (U,,V,),n =1,..., N, the aligned

tensors {.Ai € RFvXxFy 4§ — L...,M} and
{B; e RFXFN =1, M}

Initialize UY) = Iy, v = I,

denotes iteration number.

n?

n=1,..., N, where their superscript

11 Project the high-dimensional gait tensor to matrices

(Upn,V,),n=1,..., N, and obtain the low-dimensional tensors

Ai = XixlUIXQU;“' XNU—]\FI and Bj = ij1VIX2V;-” XNVI,.

XN(U%_U
XN(V%_I)
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Relationship analysis. All of the proposed three variations under the unified
framework aim to learn a shared multi-linear subspace in which the data bi-
ases caused by view differences are alleviated. Then, gait across different views
can be directly measured in the shared subspace. However, the three criteria
construct different manifold structure in the subspace. As in Table B, different
alignment representation are embedded into the manifold graph, which makes
the subspace discriminable. In detail, CMLP constructs a graph incorporating
neighbourhood information across gait views spanned on the dataset. From
perspective of Laplacian, we asymmetrically map the tensor data points from
different gait views into a shared subspace by a couple of multi-linear projec-
tion matrices, which the multi-linear transformation optimally preserves local
neighbourhood structure in the shared subspace. CMMF also blurs the data
bias across views by optimally learning asymmetrical projections based on local
neighbourhood information. However, CMMF is a multi-linear tensor discrim-
inative model, which encodes both the intra-class compactness and inter-class
separability with local neighbourhood relationships in the manifold. CMDA is
also a discriminative model which make the samples from the same class com-
pact and samples from the different class separate in the shared subspace. In
contrast to CMLP and CMMF, CMDA encodes not only local neighbourhood
information but also global relationships between classes. Though the three

criteria follow the same framework, each of them build unique manifold.

5. Experiments

In this section, the effectiveness of the proposed framework is assessed by
extensive experiments conducted on two databases: (1) CASTA(B) gait database
and (2) OU-ISIR large population gait database. Videos/images in both databases
are collected from multi-view cameras; therefore they are most applicable to
evaluate the performance of cross-view gait recognition. For each gait sequence,
we use dual-ellipse fitting approach [63] to detect gait periodicity. Then, we
adopt gait energy image (GEI) [p4] as the gait feature in a gait cycle. After that,
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Figure 1: GEIs from the CASIA(B) database.
GaborD-based, GaborS-based and GaborSD-based gait representations [15] are
used as recognized feature. GaborD and GaborS features are respectively ob-
tained by the direction summation and scale summation of Gabor features, and
GaborSD feature is obtained by both direction and scale summation of Gabor
features. For these three gait representations, the dimension of MPCA is chosen
according to a 98% energy criterion as in [43]. Furthermore, the proposed three
criteria of tensorial coupled mappings are used for extracting features. Finally,

the nearest neighbor classifier is used for classification.

5.1. Databases

5.1.1. CASIA(B) gait database

The CASIA(B) gait database contains 13640 sequences of 124 subjects. For
each subject, gaits are recorded by the cameras from 11 views, i.e. 0°, 18°, 36°,
54°, 72°, 90°, 108°, 126°, 144°, 162°, and 180°. There are 10 gait sequences
for each subject: 6 samples under normal condition, 2 samples walking with
coats and 2 samples carrying bags. Since the samples of walking with coats and
carrying bags are too limited to calculate intra-class scatter, all the 6 samples
containing normal walk for each subject are selected for the experiments in this
paper. These normal walk samples are divided into training and testing sets,
and the first 64 subjects are used for training and the rest 60 subjects are used to
test the performance of gait recognition approaches under the view change. All
the GEIs are cropped and normalized to 64 x 64 pixels. Figure E] shows the GEIs
from 11 viewing angles. After Gabor filter with the above-mentioned 5 scales
and 8 directions, the sizes of GaborD-based, GaborS-based and GaborSD-based
gait features are 64 x 64 x 8, 64 x 64 x 5 and 64 x 64, respectively.

5.1.2. OU-ISIR large population gait database
The OU-ISIR large population gait database has been released recently. It

contains 1912 subjects whose gait sequences are captured from 4 different ob-

19



320

325

330

335

340

Figure 2: GEIs from the OU-ISIR database.
servation angles of 55°, 65°, 75° and 85°. We randomly divide OU-ISIR gait
database into two sets equally for 5 times. Therefore, 956 subjects compose
the training set, and the rest 956 subjects make up the testing set. In our ex-
periments, the size of GEIs is aligned to 64 x 44 pixels. Figure E shows GEIs
from 4 different views. Compared with the CASIA(B) database, this database
contains more subjects with wider range of age variations but narrower range
of view variations. The sizes of GaborD-based, GaborS-based and GaborSD-
based gait features are 64 x 44 x 8, 64 x 44 x 5 and 64 X 44 respectively in our

experiments.

5.2. Performance evaluation

5.2.1. Fwvaluation on the CASIA(B) gait database

In this section, we evaluate the effectiveness of the proposed GaborD-CMLP,

GaborD-CMMF, GaborD-CMDA, GaborS-CMLP, GaborS-CMMF, GaborS-CMDA,

GaborSD-CMLP, GaborSD-CMMF and GaborSD-CMDA using the CASIA(B)
gait database. The numbers of iteration of CMLP, CMMF and CMDA are
all set to 5. For fair comparison, the recognition accuracies with optimal pa-
rameters are reported. Table E illustrates the recognition rates of probe view
54°. Tt can be seen that when the difference increases between the probe and
the gallery sample is 18°, the recognition rates of the proposed 9 methods, are
above 90%, and the recognition rate of each method is very close. In addition,
the recognition rates decrease as the view difference between the gallery and
probe views, but slow down the downward trend at a symmetrical gallery view
angle.

We compare the proposed methods with state-of-the-art cross-view gait
recognition methods including GEI[p4], CMCC[31], VITM+QM][23], SVD[24],
SVR[32], MvDA[b5] and GEI + Deep CNNs [U0]. GEI is a kind of spatial-

temporal template, which is the state-of-the-art feature representation in gait
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Table 3: Comparison on various methods on CASIA(B) under Probe view 54° (the best record

under each Gallery view is marked in bold, the second best is marked by underline ’_ ")

Gallery view 0° 18° 36° 72° 90° 108° 126° 144° 162° 180°
GEI [54] 0.04 0.09 0.30 0.22 0.18 0.17 0.38 0.19 0.02 0.03
CMCC [B1] 0.24 0.65 0.97 0.95 0.63 0.53 0.48 0.34 0.23 0.22
VTM+QM [23] 0.21 0.67 0.96 0.97 0.70 0.66 0.39 0.33 0.20 0.22
SVD [24] 0.13 0.46 0.87 0.81 0.49 0.31 0.27 0.19 0.18 0.16

SVR [32] 0.22 0.64 0.95 0.93 0.59 0.51 0.42 0.27 0.20 0.21
MvDA [55] 0.28 0.70 0.98 0.97 0.72 0.68 0.53 0.42 0.25 0.28

GEI + CNNs [40] | 0.5 | 0.67 | 0.99 | 0.99 | 0.93 | 0.90 | 0.79 | 0.73 | 0.63 | 0.62
GaborD-CMLP | 0.37 | 0.78 | 0.99 | 0.97 | 0.82 | 0.69 | 0.64 | 0.55 | 0.33 | 0.32
GaborD-CMMF | 0.43 | 0.72 | 0.99 | 0.98 | 0.82 | 0.71 | 0.66 | 0.56 | 0.37 | 0.30
GaborD-CMDA | 0.31 | 0.51 | 0.92 | 0.86 | 0.57 | 0.58 | 0.53 | 0.30 | 0.25 | 0.25
GaborS-CMLP 038 | 0.74 | 0.99 | 0.97 | 0.79 | 0.73 | 0.73 | 0.51 | 0.38 | 0.33
GaborS-CMMF | 0.42 | 0.78 | 0.99 | 0.98 | 0.81 | 0.76 | 0.65 | 0.53 | 0.37 | 0.35
GaborS-CMDA | 0.31 | 0.66 | 0.96 | 0.95 | 0.74 | 0.61 | 0.61 | 0.42 | 0.34 | 0.29
GaborSD-CMLP | 0.36 | 0.70 | 0.98 | 0.96 | 0.82 | 0.73 | 0.70 | 0.57 | 0.37 | 0.33

GaborSD-CMMF | 0.37 | 0.72 | 0.99 | 0.98 | 0.81 | 0.77 | 0.76 | 0.57 | 0.42 | 0.33
GaborSD-CMDA | 0.25 | 0.52 | 0.93 | 0.90 | 0.64 | 059 | 0.54 | 0.42 | 0.39 | 0.29

ss  recognition. We utilized GEI to characterize gait patterns in all of the compared
approaches. For CMCC, the computing complexity includes four parts, i.e., bi-
partite graph modelling, bipartite graph multipartitioning, correlation optimiza-
tion by CCA and linear approximation processes, which take O(M %), O(I3),0((I")?)
and O(M1I), respectively, where I’ is the dimension of the GEI segment. The
0 complexity of VIM+QM and SVD is dominated by SVD factorization, which is
O(2M?I). For SVR, the complexity is related to the number of support vectors
Sy, which is O(S2 + MS? + M1S,) with upper bound O(M?I). For MvDA,
computational costs are mainly from matrix inversion and eigenvalue decompo-
sition, and both are O(83). Table E tabulates comparison results under Probe
s view 54°. As shown in Table E, the proposed methods consistently outperform
other state-of-the-art methods. The average recognition rate of the proposed
methods is 14%, 13% , 27%, 16% and 7% higher than CMCC, VITM+QM, SVD,
SVR and MvDA. Particularly, the proposed methods achieve more remarkable
increase under large view differences. Compared to GEI + CNNs, the proposed
w0 approaches achieve equivalent performances under small view variance, i.e., 18°.

But, the performances of the proposed approaches are still posterior when the
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view differences are enlarged. Though GEI + CNNs achieves better perfor-
mances, it demands large volume of labelled data and high computational costs
which is not practical in gait recognition. In contrast, our proposed approaches
overcome the drawbacks which aims at small size sample problem and reduces
dependences on computational sources. Especially, our framework can achieve

equal performance under small view variances.

5.2.2. Evaluation on the OU-ISIR large population gait database

Since OU-ISIR gait database contains two gait sequences per subject, each
query subject’s one angle view GEIs are used as gallery samples, and GEIs
under other angle view are used as query samples. We repeat the experiment
by swapping the samples in the training and testing sets, therefore, we test the
recognition rates for 10 times for each cross-view as [b5]. The average recognition
rates over these 10 runs are reported in this paper.

We evaluate the accuracies of the proposed GaborD-CMLP, GaborD-CMMF,
GaborD-CMDA, GaborS-CMLP, GaborS-CMMF, GaborS-CMDA, GaborSD-
CMLP, GaborSD-CMMF and GaborSD-CMDA, and also the effect of view angle
variations. Table @ illustrates the recognition rates with the gallery view and
probe view of 55°, 65°, 75° and 85°. We observe that the recognition rates
decrease monotonically as the view difference between the gallery and probe
views. The lowest recognition rate can reach more than 96% even when the
maximum view difference is 30° (85° — 55°).

We also compare the proposed methods with those above-mentioned state-of-
the-art cross-view gait recognition methods using OU-ISIR database. Because
the performance results of the proposed method are very close, the data is
retained to the third digit after the decimal point, which is easier to distinguish
between the pros and cons of them. Namely, we report the results accurate
to one-thousandth for the OU-ISIR database. Table H presents the results in
terms of recognition rate for the different methods. We can see that the proposed
methods yield average increases of 13%, 17%, 19%, 20% and 5% as compared to
CMCC, VITM+QM, SVD, SVR and MvDA. These results, again, corroborate
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Table 4: Comparison on various methods on OU-ISIR (the best record under each Gallery

view is marked in bold, the second best is marked by underline ’_ ")
Probe View (°) 55 65 75 85
Gallery View (°) 65 75 85 55 75 85 55 65 85 55 65 75
GEI [54] 0.284 0.058 0.277 0.277 0.670 0.195 0.507 0.640 0.969 0.262 0.207 0.969
CMCC[B1] 0.968 0.785 0.646 0.974 0.963 0.826 0.800 0.975 0.969 0.749 0.785 0.965
VTM+QM[23] 0.941 0.704 0.491 0.957 0.966 0.785 0.756 0.971 0.964 0.555 0.838 0.978
SVD [24] 0.932 0.704 0.523 0.923 0.936 0.771 0.774 0.940 0.947 0.523 0.763 0.925
SVR [B2] 0.936 0.710 0.531 0.940 0.943 0.720 0.753 0.943 0.941 0.511 0.711 0.938
MvDA[55] 0.975 0.922 0.858 0.974 0.984 0.949 0.925 0.984 0.985 0.877 0.957 0.988
GEI+CNNs[4d] 0.983 0.960 0.805 0.963 0.973 0.833 0.942 0.978 0.851 0.900 0.960 0.984
GaborD-CMLP 0.999 0.990 0.972 1.000 1.000 0.996 0.989 1.000 0.995 0.969 0.996 1.000
GaborD-CMMF | 0.998 | 0.991 | 0.970 | 1.000 | 1.000 | 0.996 | 0.990 | 1.000 | 0.999 | 0.971 | 0.994 | 1.000
GaborD-CMDA 0.998 0.992 0.967 1.000 1.000 0.995 0.991 1.000 1.000 0.967 0.994 1.000
GaborS-CMLP 0.999 0.992 0.971 1.000 1.000 0.997 0.993 1.000 1.000 0.972 0.996 1.000
GaborS-CMMF 0.999 0.992 0.972 1.000 1.000 0.997 0.993 1.000 1.000 0.970 0.997 1.000
GaborS-CMDA 0.998 0.989 0.968 1.000 1.000 | 0.997 0.990 1.000 1.000 0.963 0.997 1.000
GaborSD-CMLP 0.998 0.989 0.971 1.000 1.000 | 0.997 0.975 1.000 1.000 0.970 0.993 1.000
GaborSD-CMMF 0.999 0.991 0.965 1.000 1.000 0.996 0.987 0.999 1.000 0.966 0.994 1.000
GaborSD-CMDA 0.998 0.984 0.967 1.000 1.000 0.994 0.988 1.000 1.000 0.964 0.994 1.000

the useful tensor representation framework in addressing the cross-view gait
recognition. It worth to point out that the proposed approaches achieve slightly
prior performance compared to GEI + CNNs. This verifies the conclusion on
CASIA(B) dataset that the proposed framework is effective when view difference

is relevant small.

5.2.8. Ablation Study

In this section, we evaluate the effectiveness of each component, i.e., Gabor-
based features and tensor-based coupled metric learning framework. Figure
E compares identification accuracies versus various tensorial coupled mapping
methods using GEI and Gabor-based features on OU-ISIR large population gait
dataset. We show the recognition results of various gallery views under fixed
probe view 75° in sub-figure (a)-(c). From the figures, it can be seen that Gabor-
based features achieve superior performances than GEI in most cases when the
tensorial coupled mapping approach is fixed. This verifies that Gabor-based
feature features boost the performances compared vanilla GEI. It is reasonable

since Gabor-based features are learned from GEIs and sensitive to gait pattern
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Figure 3: A comparison of different features on the OU-ISIR database.
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Figure 4: An illustration of the proposed tensorial coupled mapping framework with Gabor-

based features on the OU-ISIR database.
variations. The conclusion is also verified in many deep learning studies [@, @],
and they prove that CNN learns Gabor features in shallow layers.

410 Figure H illustrates the effectiveness of the proposed tensorial coupled map-
ping framework. Sub-figure (a)-(c) show the recognition results of various gallery
views, i.e., 55°,65° and 85°, when the probe view is set to 75°. It is easy to
observe that the proposed approaches under the unified tensorial coupled map-
ping framework outperform the deep CNNs with a large margin when combining

a5 with Gabor-based features. It demonstrates the effectiveness of our proposed
tensorial coupled mapping framework. In another aspects, it exposes the short-
age of deep CNNs that it is easy to be overfitting when the training data is
limited. In particular, gait data is simple which also restricts the depth of deep
CNNs [@} It is worth to noting that GEI + CNNs achieves better performance

w20 than Gabor-based features 4+ CNNs as in Table H We believe that the reason

is two-fold: one is that data-driven learned filters using deep CNNs are more

24



425

430

435

440

445

450

appropriate than hand-crafted filters using Gabor; the other one is that it is
easier to overfit for Gabor-based features than GEI when using the same depth
CNN framework, because the deep CNNs learn Gabor features in shallow layers
66

Thus it is appropriate to combine Gabor-based features and the proposed
tensorial coupled mapping framework together. Each component improves per-

formance of the whole gait recognition system.

5.3. Discussion
Based on the comparative experiments on the CASIA(B) and OU-ISIR gait
databases, we discuss and analyze the effects of Gabor gait representation and

three criteria of tensorial coupled mappings.

(1) The experiments in Section @ show that the GaborS-based representation
performs slightly better than GaborD-based representations which some-
what outperforms the GaborSD representation for cross-view gait recogni-
tion. This observation is consistent with [45]. GaborS and GaborD benefit
cross-view gait recognition with Gabor functions over scales and directions
representation.

(2) CMLP criterion has the ability to learn the essential gait manifold struc-
ture. By minimizing the distance between gait tensor data under two differ-
ent observation angles for the identical subject, simultaneously suppressing
the similarity of different subjects, as defined in (@)7 CMLP algorithm
can enlarge the discrimination between different subjects, and meanwhile
compact the variations of the same subject. Therefore, GaborD-CMLP,
GaborS-CMLP and GaborSD-CMLP generally achieve good performance.

(3) CMMF criterion minimizes the ratio of intra-class similarity to the inter-
class similarity, which ensures the intra-class compactness and inter-class
separability. Compared with CMLP criterion, CMMF criterion relies on
Fisher discrimination which is more conducive to classification. Therefore,
CMMF criterion yields better recognition performance than CMLP crite-

rion.
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(4) Due to the lack of constrained relationship between cross-view gait tensor
data, CMDA criterion is worst among the three criteria. Still, it is far

superior to other state-of-the-art methods.

6. Conclusion

Cross-view gait recognition is a challenging task because the appearance
change caused by view variation. We handle this problem by designing a gen-
eral tensor representation framework that employs coupled metric learning from
cross-view gait tensor data. First, we use GaborD, GaborS and GaborSD to
extract Gabor feature with different scales and directions from GEIs. To en-
hance discrimination between different subjects, and meanwhile compact the
variations of the same subject, three criteria of tensorial coupled mappings are
proposed to project Gabor-based representations to a common subspace for
recognition. Extensive experiments conducted on CASTA(B) and OU-ISIR gait
database demonstrate the proposed methods are superior to other state-of-the-
art methods. Moreover the proposed methods achieve slightly prior performance
compared to GEI + CNNs when view difference is relevant small. When view
difference is large, the advantage of CNNs may be more obvious. In the fu-
ture, we will try a CNN representation framework to select view-invariant gait

features for large cross-view gait recognition.

Appendix A. Similarity between A; and B;

sim (Ai, Bj) = || A; = Bj |} wi
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Appendix B. Derivation of mode-n objective function of (@)

The mode-n objective function of (EI) is obtained as follows:
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Appendix C. The solution of ([L3)
(@) can be solved by a generalized eigen-decomposition of
T T
Z) G2 = A (ZwZ () P (C.1)
Taking the eigenvectors pgn), pg"), . ,pg:? corresponding to F,, (F,, < max(H,, L))

smallest eigenvalues )\gn) < )\én) <... < )\gl), the optimal solution of (22) can

be represented as

P | o =[] (©2)

Vi
Z(n)ZE;z) is usually non-invertible. In order to eliminate the singularity and
to avoid over fitting, a regularizer 71 is imposed on the item Z(n)Z(Tn), where
I € RHn+Ln)x(Hatln) and is a small positive constant, such as 7 = 1076 used in
this paper. P,, can be divided into two matrices U,, and V,,. U,, corresponds

to the 1st to H,-th rows of P, and V, corresponds to the (H, + 1)-th to
(H, + L,)-th rows of P,,.
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Appendix D. Derivation of the mode-n objective function of (@)

490 The denominator of (@) can be rewritten as
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Thus, the alignment expression is obtained as J,, (U, V,) =
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The numerator of (@ can be rewritten as

)
- TR T TR T TR T % T.)
(Z M (Unx(n)Un —u] X(n)Un) (Un X0, Unx(n)Un)

Jo (Un, Vi) =T c () () T
Ty )y TV ¥ T~7(¢) x7 TS ~
M (VI ¥ = VI¥ (V) (VI V0 - VI, V) )

28



500

505

510

where

G

=Y (KeI- %(ee—r) ®TI)

.
Y

Thus, the alignment expression is obtained as follows
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So the objective function for mode n can be expressed as (@)
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