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Code-Domain NOMA 1n Massive MIMO:
When Is It Needed?

Mai T. P. Le ¥, Luca Sanguinetti

and Maria-Gabriella Di Benedetto

Abstract—In overloaded Massive MIMO (mMIMO) systems,
wherein the number K of user equipments (UEs) exceeds the
number of base station antennas M, it has recently been shown
that non-orthogonal multiple access (NOMA) can increase the sum
spectral efficiency. This paper aims at identifying cases where code-
domain NOMA can improve the spectral efficiency of mMIMO in
the classical regime where K < M. Novel spectral efficiency ex-
pressions are provided for the uplink and downlink with arbitrary
spreading signatures and spatial correlation matrices. Particular
attention is devoted to the planar arrays that are currently being de-
ployed in pre-5G and 5G networks (in sub-6 GHz bands), which are
characterized by limited spatial resolution. Numerical results show
that mMIMO with such planar arrays can benefit from NOMA in
scenarios where the UEs are spatially close to each other. A two-
step UE grouping scheme is proposed for NOMA -aided mMIMO
systems that is applicable to the spatial correlation matrices of the
UEs that are currently active in each cell. Numerical results are
used to investigate the performance of the algorithm under different
operating conditions and types of spreading signatures (orthogonal,
sparse and random sets). The analysis reveals that orthogonal
signatures provide the highest average spectral efficiency.

Index Terms—Massive MIMO, uniform linear array, planar
rectangular array, spatial correlation matrices, code-domain
NOMA, spectral efficiency, channel estimation, arbitrary
spreading signatures.

1. INTRODUCTION

ASSIVE MIMO (mMIMO) [2], [3] and Non-Orthogonal
Multiple Access (NOMA) [4]-[6] are two physical layer
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technologies that have received large attention in recent years.
While mMIMO has already made it into the 5G standard [7], the
NOMA functionality remains to be standardized. Since mMIMO
will likely be a mainstream feature in 5G, it is important to
determine if and how NOMA can improve its performance. This
is the main topic of this paper.

A. Related Work and Motivation

Conventional multiple access schemes assign orthogonal
resources to each user equipment (UE). This provides re-
stricted/dedicated resources per UE but eliminates inter-UE
interference. It is well-known that this approach is inefficient
if the interference can be controlled in some other domain [4],
[5], [8]; the power and code domains are typically used for
interference suppression in NOMA, while the spatial domain
is used for mMIMO. While prior investigations addressed only
one of these three domains, some recent works consider systems
that combine NOMA and mMIMO. The vast majority of the
state-of-the-art contributions in this direction investigate the
performance of power-domain NOMA when combined with
mMIMO (see [9]-[12] and references therein). The gains are,
however, generally limited since, to be efficient, power-domain
NOMA requires UEs channels to be non-orthogonal, while a
core feature of mMIMO is to make UE channels nearly orthog-
onal [9].

Despite several theoretical works on code-domain NOMA
with the conventional MIMO have been addressed recently [13],
[14], the combination of code-domain NOMA with mMIMO
has received limited attention so far. The investigation in [15]
addresses the pilot transmission phase and analyzes two pilot
structures, namely, orthogonal and superimposed deterministic
pilots. It was shown that the superimposed approach achieves
better performance in a high mobility environment with a large
number of UEs. The uplink (UL) spectral efficiency and bit
error rate performance of mMIMO with a code-domain NOMA
scheme, called interleaved division multiple-access, were eval-
uated in [ 16] with a low-complexity iterative data-aided channel
estimation scheme and different suboptimal detection schemes,
such as maximal ratio (MR) and zero-forcing (ZF) combining.
In [17], the authors considered the UL of an overloaded set-
ting without any channel state information (CSI). Low density
spreading signatures were applied and a blind belief propaga-
tion detector was proposed. In [18], the mean squared error of
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code-domain NOMA was considered as the performance metric
of an overloaded mMIMO system.

The aim of this paper is to provide an analytical framework for
the analysis of the combination of code-domain NOMA and clas-
sical mMIMO. Particular attention is devoted to the underloaded
regime. This is motivated by the fact that a mMIMO network
works properly when each BS have more antennas, M, than
UEs, leading to an antenna-UE ratio M /K > 1 [3]. This makes
linear UL receive combining and DL transmit precoding nearly
optimal since each interfering UE contributes with relatively
little interference.

B. Contributions

The spectral efficiency (SE) of a classical mMIMO system
grows without bound as M — oo when the spatial correla-
tion properties of the interfering UEs’ channels are sufficiently
different [19], [20]. Nevertheless, the SE that is achieved at
any finite M can potentially be improved. In particular, there
might be use cases where the UEs are located close to each
other, such as in public hubs like stadiums, offices in high-rise
buildings, train stations, and public outdoor events, wherein
the UEs’ spatial channel correlation properties may be very
similar and, thus, a very large number of antennas is needed
to deliver acceptable performance when relying solely on the
spatial processing provided by classical mMIMO. Orthogonal
time-frequency scheduling algorithms that deal with this situ-
ation are described in [21], [22], but can these potentially be
improved using NOMA? The main objective of this paper is to
answer a simple question: What are (if any) the potential benefits
of code-domain NOMA with mMIMO in those use cases?

To provide some intuitions about the role that NOMA can
play, Section II first considers the UL of a case study setup
with a single cell, K =2 active UEs and perfectly known
line-of-sight (LoS) propagation channels. The base station (BS)
is equipped with M = 64 antennas deployed on a uniform
linear array (ULA) with half-wavelength spacing. The analysisis
carried out for maximum ratio (MR) and minimum mean square
error (MMSE) combining schemes for UEs that are located
spatially close to each other such that the array cannot resolve
the UE angles. This is known as an unfavorable propagation
scenario in the mMIMO literature [3], [22]. The analysis is
then extended in Sections III and IV to both the UL and DL
of a general multicell mMIMO system with NOMA. Novel
general SE expressions are provided (borrowing standard results
from mMIMO literature) with arbitrary spreading sequences and
spatial correlation matrices, that are used to design combining
and precoding schemes, and to evaluate system performance for
two configurations of antenna arrays and channel models; that s,
the 2D one-ring channel model for a ULA and the 3D one-ring
channel model for a planar array. In Section V, these SEs are
used to confirm the preliminary analysis of Section II for the case
study setup with M = 64 and K = 2. To fully take advantage
of NOMA in a general setup with multiple UEs, in Section VI
we propose a per-cell UE grouping algorithm based on the
k—means algorithm and using the chordal distance between
spatial correlation matrices as a similarity score metric [23].
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The proposed per-cell UE grouping algorithm possibly operates
in two steps and is applicable irrespective of the UE locations.
If the UEs are located close to each other, the second step makes
use of the Hungarian method to ensure that exactly N UEs are
assigned to each group such that GN = K, with GG being the
total number of groups. This allows to make efficient use of
spreading sequences in the network.

C. Outline and Notation

The paper is organized as follows. Section II provides some
intuition on why code-domain NOMA can be useful with
mMIMO: a case study setup with a single-cell network, two
UEs and deterministic LoS channels. Section III introduces a
general signal model for NOMA -aided mMIMO with multicell
operation, arbitrary spreading signatures and spatial correlation
matrices. The achievable SEs in the UL and DL are derived
in Section IV, and used to select the optimal combining and
precoding schemes. Numerical results are used to quantify the
SEs in the case study setup and to validate the intuition provided
in Section II. A UE grouping algorithm is developed in Sec-
tion VI. The performance of NOMA-aided mMIMO is evaluated
in Section VII under different operating conditions. Conclusions
are drawn in Section VIII.

Notation: We denote [x]; and [X]; ; the ith element of the
vector x and (7, j)th element of the matrix X, respectively.
[|lx||* denotes the L,-norm of vector x, i.e. || x> = />, |[x]:[%,
whereas the Frobenius norm of matrix X is denoted by || X|| p =

/2o X2 XT, X, X, trX, E{X} are the transpose,

the complex conjugate, the conjugate transpose, the trace and the
expectation of the matrix X, respectively. The operator ® stands
for the Kronecker product. The circularly symmetric complex
Gaussian distribution with zero mean and correlation matrix R
is denoted by N¢ (0, R).

II. A GENTLE START: SINGLE-CELL DEPLOYMENT WITH TWO
UES AND LOS CHANNELS

To showcase what benefits code-domain NOMA can bring
in a multi-antenna system, we consider the UL of a single-cell
network where the BS is equipped with a uniform linear array of
M antennas with half-wavelength spacing, and receives signals
simultaneously from K = 2 single-antenna UEs. We denote
by hy € CM for k = 1,2 the channel between UE k and the
BS. We further assume free-space LoS channels, leading to
the following deterministic channel response [3, Sec. 1.3.2]:
hy, = v/Brak(dr) where 3y, is the large-scale fading attenuation
and ay(¢y) = [1,™50@k)  em(M=1)sin(@0)]T ig the array
response vector with ¢ € [0,27) being the angle-of-arrival
(AoA) from UE k, measured from the broadside of the BS
array. We assume that UEs use N-length spreading signatures
for UL data transmission, where N is a positive integer. We
call u € CV the spreading signature randomly assigned to
UE k and assume that ||ug|[*> = N. The N x 2 matrix U =
[u;, uy] € CV*2 denotes the signature matrix. The received
signal Y € CM*N for the duration of spreading signatures is

Y = slhlulT + Sghzu;r + N, (1)
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where s; ~ N (0,p) is the data signal from UE 4 and N €
CMx*N ig thermal noise with i.i.d. elements distributed as
Nc(0,02)). Note that, in the absence of spreading signatures,
(1) reduces to the classical mMIMO signal model for the UL.
To detect s; from Y in (1), the BS uses the combining vector
v, € CMN, multiplied by the vectorized version of Y, to obtain

v{{vec (Y) = slv{{gl + szv{{gz + vflvec (N), 2)

where g, = vec(hkug) =u, ®h, € CMN fork = 1,2is the
effective channel vector. By treating the interference as noise,
the achievable SE for UE 1 is

1
SE, = N]EU {logy (1 +m)}, 3)

where 7 is the signal-to-interference-and-noise ratio (SINR)
|2

H
plvy g1
"= . @)

plvitga? + ogvitvy

and the expectation is taken with respect to the random assign-
ment of signatures. The pre-log factor % accounts for the frac-
tion of samples used for transmitting the spreading signatures
and it is smaller than 1 as it would be the case with classical
mMIMO. However, if the signatures are properly associated
with the UEs, the SE can be higher. To better understand this,
we now design the combiner v in (2), which must be selected
as a function of {g;, g}, rather than {h;,h,} as would be
the case in classical mMIMO. We assume that 3; = 5, = 3
and define the average received signal-to-noise ratio (SNR) as
SNR,; = 8p/cd?,. We begin by considering the popular MR
combining with perfect channel knowledge, defined as v| = g,
leading to

1
n N ®)
: |Mal (¢1)az(¢2) Pl uitva | + 3rvanms
given that'gtlg; = BM N and
&'l = B laj (¢1)az () P lui'wa .
‘We note that [3, Sec. 1.3.2]
sin(MQpn) ¢ s .
LAl (6))an(gn) = § M) 1) Zonioa)
M 1 if sin(¢;) = sin(¢,)

with Q5 = w(sin(¢) — sin(¢,))/2.

The term |1;all(¢))ay(¢2)|*| 4 ullus|* accounts for the in-
terference generated by UE 2 and M NSNRy,; represents the
received SNR in the absence of interference. From (6), it follows
that the interference is stronger when the AoAs are similar to
each other. However, if the UEs are associated to orthogonal
codes/signatures (i.e., u{{uz = 0), the interference vanishes ir-
respective of the similarity of the AoAs, and the SE grows
without limit as SNR,; — co. On the contrary, it saturates
to log, (1 + 1/|3;all(¢1)ax(¢)]*) with mMIMO, due to the
residual interference.

Instead of using the suboptimal MR combining, we note that
~1 in (4) is a generalized Rayleigh quotient with respect to v and

"(AeB)" = A @ BY and (A ® B)(C® D) = AC ® BD
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Fig. 1. SE of UE | for mMIMO-based scheme (M = 64) with two code-

domain NOMA approaches, under LoS propagation with ¢; = 30°, asa function
of the azimuth angle of the interfering UE. MR (Fig. 1(a)) vs. MMSE combining
(Fig. 1(b)) with perfect CSI are considered.

thus is maximized by the minimum mean square error (MMSE)
combining vector [3, Sec. 1.3.3]:
-1
) g, (N

(nggz

SNR

leading to
-1

1

MMSE H H

— +—1

M 23] (gzgz SNRy, MN) g1

B |&a?(¢1>az(¢z)mu{*uz|2)

1
I+ M NSNRy1

@ \NSNRy, (1

®)

where (a) follows from the matrix inversion lemma. The above
SINR contains the same terms as (5), but has a different structure.
+rall(¢1)ax(h2)[*| 3 ulluy|* must be interpreted as the
perfomance loss due to the cancellation of the interference
generated by UE 2. Similar to MR combining, this performance
loss increases as the signals arrive from similar angles, but
can be controlled (or even reduced to zero) by using spreading
signatures.

To quantitatively compare the different schemes, Fig. 1 shows
the SE of UE 1 when M = 64 and SNR = 0 dB with MR
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(Fig. 1(a)) and MMSE (Fig. 1(b)) combining schemes. The
nominal angle of UE 1 is fixed at ¢; = 30° while the angle of UE
2 varies from —60° to 60°. NOMA is employed with spreading
signatures of length N =2, which are either taken from an
orthogonal set or randomly picked up from an assemble of +1.
Irrespective of the combining scheme and type of spreading
signatures, mMIMO-NOMA outperforms mMIMO when the
UEs are closely located, meaning in this case |¢, — @] < 5°.
The reason is that mMIMO is unable to spatially separate the
UE:s in this case. However, mMIMO achieves higher SE with
both combining schemes already for |¢, — ¢1| > 8°, which is a
relatively small angular difference.

The bottom line message of Fig. 1 is that there exist specific
cases where NOMA can provide benefits if utilized with BSs
equipped with many antennas M, even when M > K. How-
ever, several strong assumptions were made in this example; that
is, single-cell operation with only 2 UEs and LoS propagation
with perfect CSI. Moreover, the 64 antennas were deployed on a
large uniform linear array with half-wavelength spacing, which
is unlikely to be the case in practice [20]. The question thus is:
What happens in the UL and DL of practical mMIMO networks
where these assumptions are not met?

III. SYSTEM MODEL

We consider an mMIMO network composed of L cells. The
BSin each cell is equipped with A antennas and simultaneously
serves K single-antenna UEs. We assume that the BSs and UEs
operate according to a TDD protocol with a data transmission
phase and a pilot phase for channel estimation. We consider
the standard block fading TDD protocol [3, Sec. 2.1] in which
each coherence block consists of 7, channel uses, whereof 7,
are used for UL pilots, 7, for UL data, and 74 for DL data,
with 7. = 75, + 7, + 74. We denote by h/, € C* the channel
between UE k in cell [ and BS j. In each coherence block,
an independent correlated Rayleigh fading channel realization
hj, ~ Nc(0ar, Rjy,) is drawn, where Rj, € C***M s the spa-
tial correlation matrix. The normalized trace /3, = tr(R],)/M
is the average channel gain from BS j to UE k in cell [.
The UEs’ channels are independently distributed. Notice that
the spatial correlation matrices {R7],} evolve slowly in time
compared to the fast variations of channel vectors {h{k}. The
measurements in [24] suggest roughly two orders of magnitude
slower variations. We thus assume they are available wherever
needed; see [25]-[28] for practical correlation matrix estimation
methods.

A. Channel Modeling

The spatial correlation matrix R{ .. describes both the array
geometry and the multipath propagation environment. Models
for generation of Ry, with arbitrary array geometries and envi-
ronments can be found in [3, Sec. 7.3].

In this paper, we consider the following two physically moti-
vated models:

1. 2D One-Ring Channel Model: This model considers a
ULA with half-wavelength spacing and average path loss 37,
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[21], [3, Sec. 2.6]. The antennas and UEs are located in the same
horizontal plane, thus the azimuth angle is sufficient to determine
the directivity. It is assumed that the scatterers are uniformly
distributed in the angular interval [¢], — A, ¢}, + A], where
@{k is the nominal geographical angle-of-arrival (AoA) and A
is the angular spread. This makes the (m, m;)th element of R{ &
equal to
J
Pk

Ry =
{ ] myme 20

2. 3D One-Ring Channel Model: This model considers a
uniform planar array with the half-wavelength horizontal and
vertical antenna spacing [3, Sec. 7.3]. We consider a quadratic
array consisting of /M horizontal rows with v/M antennas
each, which restricts M to be the square of an integer. In this
case, the (m, m,)th element of R, is given by

[m

5ljk / ejTr(ml —m;) sin(0) ej7r(m1 —my) cos(6) sin(p) f((P, a)d@de’

Vertical correlation

A ;
/ eiﬂ(ml*mz)sin(%"fk+"@)dg@. 9)
—-A

my,my

Horizontal correlation

(10)

where f(p,0) is the joint probability density function of the
azimuth ¢ and elevation # angles.

Following [3, Sec. 7.3.2], the 3D model is implemented by
assuming that the BS height is 25 m, the UE height is 1.5 m, and
a uniform angular distribution is used. We adopt a relative small
value azimuth ¢ = 2° thorough the paper. The elevation 6 of
each UE is defined based on its distance to the BS of interest [3,
Sec. 7.3.2]. With fixed ¢ = 2°, # in this model ranges from about
3° to about 43°.

Although the 2D model has been commonly used in the
mMIMO literature (cf. [21], [29]), the 3D model definitely better
reflects the typical pre-5G and 5G mMIMO array configurations
in sub-6 GHz bands [30]. While a 64-antenna ULA can have a
high angular resolution in the azimuth domain and no resolution
in the elevation domain, an 8 x 8 planar array has a mediocre
resolution in both domains. This might have an important impact
on the spatial multiplexing capabilities, depending on where the
UEs are located.

B. Channel Estimation

The UL pilot signature of UE £ in cell j is denoted by the
vector ¢;;, € C™ and satisfies ||¢;,||* = 75,. The elements of
@y, are scaled by the square-root of the pilot power ,/pj; and
transmitted over 7, channel uses, giving the received signal
Y? € CM*™ atBS j:

L K
SN Vbl + NP (1)

I=1,l#£j i=1

K
j 4T
Y= Vpiihje)i+
i=1

~—~

Desired pilots Noise

Inter-cell pilots

where Nf € CMx7o i noise with i.i.d. elements distributed as

Nc(0,02)). Note that we are not assuming mutually orthogo-
nal pilot signatures, but arbitrary spreading signatures. Hence,
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the MMSE estimator of h; ;. takes a more complicated form
than in prior works (e.g., [3, Sec. 3.2]), and is given by (see
Appendix A)

ﬂ \/E(@Z@R )( h) VQC(Y;-)),

Wlth J —le; IZ’LI/( lpl//( Ui r¢lr/)®R '+UUIIMTP
The estlmatlon error h), = hJ, — h{ is independent of hJ and
has correlation matrix C/, = E{hJ,(h],)"} = R}, — ®, with

(12)

), =pi (el o R) Q) (suoRE).  (13)
Note that the MMSE estimate in (12) holds for any choice
of pilot signatures {¢;,}, that can be arbitrarily taken from
orthogonal, non-orthogonal, random, or sparse sets. In clas-
sical mMIMO, orthogonal pilot signatures are usually em-
ployed leading to the snnphﬁed MMSE estimation expres-

sion h{z \ /plzRfl( ) 'Y} ¢y;) [3, Sec. 3.2], where Qj;
> (rinep,, Pri /TPRW + 0215 and Py; collects the indices of
UEs that utilize the same pilot as UE 7 in cell [.

C. UL and DL Data Transmissions

While classical mMIMO only uses spreading signatures for
UL pilot transmission, mMIMO with NOMA utilizes N-length
spreading signatures also for UL data transmission, /V being a
positive integer. We denote by u;;, € CN the spreading signa-
ture assigned to UE k in cell j and assume that |[u;[|> = N.
As for pilot transmission, the spreading signatures {u;;} are
also selected from an arbitrary set and different options will be
compared below. The received signal Y; € CM*N at BS j for
the duration of a spreading signature is given by

Y, g s],hjZ i+ E E lehhulZ +N;, 14
I=1,l#j i=1
- ~—~
Intra-cell signals Inter-cell interference Noise

where s;; ~ N¢ (0, py;) is the data signal from UE 7 in cell [ with
pui being the transmit power and N; € C**N js thermal noise
with i.i.d. elements distributed as N¢ (0, 0%,).

In the DL, the transmitted signal X; € CM*¥ is given by
X; =K ¢;iW; where ;. ~ Nc (0, p;i) is the data signal
intended for UE kin cell j and W ;; € C** is the correspond-
ing precoding matrix that determines the spatial directivity of the
signal. The received signal y j; € CV*! at UE k in cell j, during
the transmission of a spreading signature, is

K L K

Yie =Y i) Wi+ > Y " qi(hd) "Wy, +nll,
i=1 I=1,1#j i=1

(15)

where nj; € CV*! is thermal noise with i.i.d. elements dis-
tributed as N (0,03%,). No a priori assumption is made on
the precoding matrices {W;}. In Section IV-B, they will be
designed based on channel estimates as well as spreading sig-
natures used at the UEs for detection.
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IV. SPECTRAL EFFICIENCY

In this section, we will compute the SEs that are achieved in
the UL and DL when arbitrary spreading signatures are used and
we will design the combining/precoding vectors.

A. UL Spectral Efficiency

To detect the data signal s;; from Y in (14), BS j selects
the combining vector v;, € C MN “which is multiplied with the
vectorized version of Y ; to obtain

K

H ) — oo vH ol cvH ol

vivee (Y;) = sjuv;8h + E, 85iViL8ji
i=1,i%k

Intra-cell interference

L K
+ Z Z sliijkg{i + ijkvec (Nj), (16
I=1,1#j i=1
Inter-cell interference Noise
where g/, = vec(hlujl) € CMN or, equivalently,
glz =1, ® hlz (ulz & IM) hlz? (17)

is the effective channel vector with correlation matrix
E{glz(glz)H} - (ull ® I]W)R{z(ulz ® IM) (ul%uh) ® R
The MMSE estimate of gl is obtained as gh =u; ® hlZ
(ulz ® IM)th

Note that (16) is mathematically equivalent to the signal
model of a classical mMIMO system where the effective chan-
nel vectors are distributed as g7, ~ N¢(0a, (wyull) ® RY;)
and the effective channel estimates are distributed as @{k ~
Ne(0nr, (wpull) © ®7,) with &/, given by (13). The key
difference is the presence of the spreading signatures (used
for UL pilot and data transmissions) in the distributions. The
ergodic capacity in UL can thus be evaluated by using the
well-established lower bounds developed in the mMIMO lit-
erature [3].

Lemma 1: If the MMSE estimator is used, an UL SE of UE
kincell j is

1 u .
SEY = NT E {log, (1+~)} [bivsHz], (18)
where the effective instantaneous SINR fy“,i is given in

Pkl V&

ul _
Vik =

L K .
Vij ZZ:I z_: llg{i(glz) + Z p]lg]z(gjz) + Z] V]k
I#5 z;ék

(19)

. L K j
with Z; =32 S0 pu(uull) @ G, + 02 1. The ex-
pectation is taken with respect to the reahzatlons of the effective
channels, i.e., g/, = u; ® h, .2

2This is different from (3) in the case study of Section II, where the expectation
is only taken with respect to the random assignment of signatures since the
channel responses are deterministic under LoS propagation.
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Proof: The proof follows the same steps as that of [3, Th. 4.1]
for the signal model in (16) and is hence omitted.

Unlike the case study example of Section II where perfect
CSI was assumed, the pre-log factor %:—‘: in (18) accounts
for the fraction of samples used for transmitting pilot and data
signatures. Whenever N > 1, it is still smaller than :—“ which
would be the case with classical mMIMO. ‘

The SE expression in (18) holds for any combining vector
and choice of spreading signatures in the data transmission.
MR combining with v, = @ik is a possible choice. Similar
to (4), the expression in (19) has also the form of a generalized
Rayleigh quotient. Thus, the vector that maximizes the SINR
can be obtained as stated by the following lemma.

Lemma 2: The SINR in (19) is maximized by

L K

—1
Vik = Pjk (Z Y pugh(Elh) + Zj) o

=1 i=1

(20)

. _i \H i H
leading =pie(®jr) (Cirw Pusl;(8h) +
Z;)'g)).

Proof: Thisresult follows from [3, Lemma B.10] by replacing
the channel estimates hj with those of the effective channels,

to 'y;l]i

le gll =u; ® hl1

The combining vector v j;, in (20) is a function of the effective
MMSE estimates {g/; = w;; ® fl{l}, rather than {}Alfl} as would
be the case in classical mMIMO. Different spreading signatures
have an impact on its structure and on the corresponding SE.
We call it NOMA MMSE (N-MMSE) combining since it also
minimizes the mean-squared error (MSE) MSE;, = E{|s;; —
Y;)P {/g\ﬂ}} that represents the conditional MSE be-
tween the data signal s and the received signal v} vec(Y;),
after receive combining.

So far, we have not taken into account the structure of spread-
ing signatures {u;}, thus the SE expressions hold for any
set of signatures. We will now consider the special case when
the signatures are selected from a set of mutually orthogonal
vectors. In this case, the estimate of s;;, at BS j is obtained by
first correlating Y ; with the spreading signature u;;, and then
by multiplying the processed data signal’Y ju;j; € C* by the
combining vector v, € CM. We let C;;, denote the set of the
indices of all UEs that utilize the same spreading signature as
UE Ekincell j. It can be easily shown that the SINR is maximized
by

V?Ik vec(

-1
~. ~. H _ o~
%=m<§2m%@)+%>@w 1)
(L,1)eCyk

with ij = E(Li)ecjk pliC{i + %E”IM and maximum SINRV;-‘,i
(see eq. (30)).

B. DL Spectral Efficiency
We assume that, to detect the data signal ¢;; from y;; in

(15), UE k in cell j correlates y j; with its associated spreading

3The processed signal Y jujy is asufficient statistic for estimating s when
the signatures are selected from a set of mutually orthogonal vectors, since there
isno loss in useful information as compared to using Y ;; seee.g. [3, App. C.2.1].
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signature u, to obtain
<
Zik = Yk Uik

= (hgk)HWJkqugjk + Z
i=1,i#k

W]Zu]kgjl

L K
+ > > (1w

I=1,l#j i=1
Notice that the UE does not know the precoded channels
(h7 )W, since no pilots are transmitted in the DL. To mitigate
the interference of the other UEs, it can only use its assigned
spreading signature u;;. We denote the vectorized version of

W,; as wy; = vec(Wy;) € CMY and observe that

L) EWaq, + n?kujk- (22)

(0],) Wi = (wj @ hgk)Hvec(W”) — (g/,) Wi,
(23)
Hence, z;, reduces to
K
2k = (&) Wikge + Y (8]) Whissi
i=1,i%k
L K

+ > > (&) Wi+ nliu. (24)

1=1,1#j i=1
As in the UL, (24) is mathematically equivalent to the sig-
nal model of classical mMIMO. Characterizing the capacity
is harder in the DL than in the UL since it is unclear how
the UE should best estimate the effective precoded channel
(gjk)ijk. needed for decoding. However, an achievable SE
can be computed using the so-called hardening capacity bound,
which has received great attention in the mMIMO literature [3,
Sec. 4.3] and will be adopted here as well.*
Lemma 3: The DL ergodic channel capacity of UE £ in cell
j in mMIMO-NOMA is lower bounded by

T .
SEl = “tlogs (14+938) bivsttzl,  (25)

where the effective SINR 7 1 is given as
p]k |E{ijgjk}|2
L& H ol H ,J 2 .
; Z pliE“WligjkP} - pjk|E{ij:gjk}|2 +oq
(26)

The expectations are with respect to the realizations of the
effective channels g/, = u;; ® hj, V7,1, 1.

Proof: The proof follows the same steps as that of [3, Th. 4.6]
for the signal model in (24) and is hence omitted.

As in the UL, the DL SE in (25) holds for any choice of
precoding vectors and spreading signatures. Moreover, the pre-

log factor is reduced by a factor N compared to what it would
be in classical mMIMO (i.e., 7q/7¢). Unlike the UL, optimal

da _
Yk =

~
—_

4The hardening bound is a standard information theoretic tool for the analysis
of the capacity in the DL where channel state information is not available at the
UE side. The practical and theoretical implications of these bounds can be found
in mMIMO textbooks (e.g., [3, Sec. 4.3]).
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precoding design is a challenge since (25) depends on the pre-
coding vectors {w; } of all UEs. A common heuristic approach
relies on the UL-DL duality [3, Th. 4.8], which motivates to
select the precoding vectors as scaled versions of the combining
vectors w, = \/JE{VH]%MP} where the scaling factor is chosen to
satisfy the precoding normalization constraint E{||w|[*} = 1.
By selecting v 1, according to one of the UL combining schemes
described earlier, the corresponding precoding scheme is ob-
tained.

The expectations in (26) can be computed for any arbitrary
precoding scheme by using Monte Carlo simulations. However,
similar to [3, Cor. 4.5], we can obtain the closed-form expres-
sions when using MR precoding, as described in the following
corollary.

Corollary 1: If MR precoding is used with wj; =

gik

JEU the expectations in (26) become

E{wiigl P = piutr((wilh) © 27,

and

o uld l 1 J
E{jwig! [} = tr(((weulh) @ Ry ((al) @ ‘I’li)).
o tr((wujf) © @)

27)

If the spreading signatures {u;;} are selected from a set
of mutually orthogonal vectors, then we can choose W ;) =
Wy, where W € C™ is the precoding vector associated to
UE £k in cell j. Therefore, (22) reduces to

[ B ) J \He, .
Zjk = YjkWjk = N§Jl€(hjk) Wik

+ Z Nsz‘(h?k)HWu-i-n?kujm
(1.4)€C;1

(28)

from which the effective SINR in (26) reads as

pjk|E{wii b7, }|?

, -
e B[ Wiihg, [P} — pj[B{W L0, }? 4+ Fp
) €Lk

dl _
Vik =

(29)
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where the noise power is reduced by a factor N compared to
classical mMIMO (see [3, Th. 4.6]). If MR precoding is used

with W, = ﬁjk/\/]E{Hﬂijz}, then (29) reduces to (30), as
shown at the bottom of this page.

Unlike with mMIMO (e.g., [3, Cor. 4.7]), the strength of
coherent and non-coherent interference terms is determined by
how similar the spatial correlation matrices R}, with (1, 1) € Cjy,
and (1,4) € {Pjr N Cjx \ (j, k)} are to R, . By assigning or-
thogonal spreading signatures to the UEs with similar channel
conditions, the SE can be higher than with mMIMO. We notice
also that a N — fold reduction of the noise term is achieved.

V. NUMERICAL ANALYSIS FOR THE CASE STUDY:
SINGLE-CELL WITH Two UES

To quantify the potential benefits of code-domain NOMA in
mMIMO, we begin by considering the simple case study of
Section I with L = 1, M = 64, and K = 2, and numerically
evaluate the SE for the practical setup described in Table I. For
brevity, the analysis is carried out in the UL and MR and MMSE
combining using MMSE channel estimation are considered.
When NOMA is employed, we assume that orthogonal codes
of length N = 2 are assigned to the two UEs. The two practical
channel models described in Section III-A are used.

A. Is NOMA Needed?

Similar to Fig. 1, we investigate the SE behavior with respect
to the UEs’ locations. We fix the nominal azimuth angle of one
UE at 30° while we let the nominal azimuth angle of the second
one vary from —90° to 90°. Following the setup in Fig. 1, we
impose that the average channel gain per antenna stays the same,
i.e., B}, = Bl,. Fig. 2 shows the UL SE of UE 1 with classical
mMIMO and mMIMO-NOMA for the 2D and 3D models. With
the NOMA scheme, N-MMSE and N-MR are exactly the same
since N = 2 and thus no interference is present—this is why
only the N-MMSE curve is reported. Both channel models are
considered with a relatively small ASD of A = 2°. We observe
that classical mMIMO gives higher SE than NOMA in both
2D and 3D models for most of the angles of the interfering
UE. Different results are obtained for the case in which the
two UEs have very similar angles. This is a challenging setup
characterized by unfavorable propagation, wherein NOMA can
bring some benefit.

-1

~. ~. H _ —~.
> pubfi(h]) +Zj, | ),

| ~. H
Vik = pjk(h;'k)
(l,i)chk-

dl

) S
ijpjkTptf(ng(Qg'k) Rg'k)

ik = l Rl 1\ Ipt
tr(Rijli(Qli) Rli)
Pli
(l,i)GCjk

by

-1
tf(Rfi( 1i) R%i) (L)EPNCi\ (k)

. (30)

o2

-1
PLiPjkTp ’tr (Ré'k(in) sz)
e

tr (Réz( %i)ilRéz')

Non-coherent interference

Coherent interference
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TABLE I
NETWORK PARAMETERS

Parameter [ Value

Cell size 250m X 250 m

UL noise power 0?2 = —94

UL and DL transmit powers Djk = pjr = 20dBm
Samples per coherence block Te = 200
Distance between UE 7 in cell [ and BS j dljl.
Large-scale fading coefficient for ' dal, j
the channel between UE 4 in cell [ and BS j 1 = ~148.1 = 37.6 logyg | 1igy | + Fj; 4B

Shadow fading between UE ¢ in cell [ and BS j Fl]i ~ N(0,10)
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(b)
Fig. 2. SE of UE 1 in a single-cell two-user setup with A = 2° and M = 64

with mMIMO and mMIMO-NOMA for N = 2 as a function of the azimuth
angle of the interfering UE. The nominal azimuth angle of the desired UE is
fixed at 30°. The 2D (Fig. 2(a)) and 3D (Fig. 2(b)) channel models described in
Section III-A are considered.

For the 2D model, Fig. 2(a) shows that MMSE largely outper-
forms NOMA even in this poor favorable propagation condition.
This is because MMSE is a sufficiently powerful scheme to
reject the interference even when the UEs are very close in
space. However, we notice that this is achieved at the cost of
a higher computational complexity than with MR [3] since the
complexity scales as M?. Fig. 2 also shows that NOMA can
provide some gain compared to MR, without any increase in
complexity.

For the 3D model, Fig. 2(b) reveals that, when the UEs are
close in space, NOMA provides the highest SE irrespective of
the combining scheme used with mMIMO. This is because the

1 "

- = 2D, Gaussian A= 2°
08l —3D, Gaussian A= 2° ]
b e Uncorrelated
2
go6¢ |
£
3
c04r |
8
<
> X
0.2} i |
1
. ol
-90 -60 -30 0 30 % .

Angle of interfering UE [degree]

Fig. 3. Behaviour of the variance defined in eq. (31), for the same setup
of Fig. 2, with respect to the change of azimuth angle of the interfering UE.
Uncorrelated fading is also reported for comparison with 2D and 3D channel
models, described in Section III-A.

planar array has a smaller spatial resolution, that reduces the
spatial interference rejection capabilities of mMIMO and opens
the door for complementing it with NOMA.

B. A Look at the Favorable Propagation Conditions

To better understand the above results, Fig. 3 shows the
variance

1 \Hp1

5, (hyy)"hy,

1,1

\Y4 _ tr (RilR}Z)
’ VE{[hf, [PYE{[h},]?}

- MRBLB,
31

of the two UEs for 2D and 3D models in the same setup of Fig. 2.
The variance is quantitatively measuring the level of favorable
propagation [3, Eq. (2.19)]. It takes values in the interval 5%’12 €
[0, 1], where smaller values represent a higher level of favorable
propagation. Specifically, 6] ;, = 1if Rj; and R, are rank one
and have the same dominant eigenvector.

In contrast, 6] ;, = 0 if the correlation matrices R}, and
R/}, are orthogonal, i.e., tr(R};R{,) = 0, which is a special
case of linearly independent correlation matrices. Note that full
orthogonality is unlikely to appear in practice [20].

The variance in (31) equals 1/M? for uncorrelated fading
channels. However, Fig. 3 shows that the values of (31) changes
with angles when considering the 2D and 3D channel mod-
els. It achieves its maximum value at 30° for both models,
which coincides with the angle giving the lowest SE values in
Fig. 2. With the 2D model, the peak variance is relatively small
(= 0.25), leading to comparatively good favorable propagation
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conditions. This justifies why classical nMIMO performs fairly
well in the setup of Fig. 2. On the other hand, the variance is
substantially larger (= 0.95) with the 3D model. This is because
both horizontal and vertical spatial resolutions of the 8 x 8 array
is only given by 8 antennas. Therefore, separation of the UEs
in any of the two domains cannot be achieved. Hence, the two
UESs cause much interference to each other, and thus the SE of
mMIMO deteriorates, especially with MR. As shown in Fig. 2,
this issue can be solved with NOMA by assigning orthogonal
spreading signatures to the UEs with similar channel conditions.
A natural question is thus how to group the UEs in a cell into
groups that offer favorable propagation conditions. This problem
is addressed next.

VI. UE GROUPING

The concept of grouping UEs in mMIMO based on their
spatial correlation matrices was introduced in [21], but for
the purpose of orthogonal time-frequency scheduling when the
UEs in each group have identical low-rank spatial correlation
matrices. Inspired by [21], the vast majority of UE scheduling
algorithms (e.g., [31] and references therein) rely on the sparsity
of channels (i.e., rank-deficient correlation matrices). However,
channel measurements for mMIMO systems operating in sub—6
GHz bands have recently shown that the spatial correlation
matrices may have high rank, with a mix of several weak and
a few strong eigendirections [32], [33], and vary even between
closely spaced UEs; see also [20, Section III.C] for a discussion
on the main properties of practical spatial correlation matrices.
This implies that one cannot separate UEs into groups with
orthogonal spatial correlation matrices to guarantee favorable
propagation conditions, or expect UEs in the same group to have
identical statistics. In other words, the grouping of UEs is highly
non-trivial and will be addressed in this section. To this end, we
first define the notion of dominant eigenspaces to capture the
eigenspace that contains most of the energy of each correlation
matrix.

Definition 1 (p-Dominant eigenspace): Let A € CM*M bea
Hermitian matrix with eigenvalue decomposition A = UDU™!,
The p-dominant eigenspace eig,(A) = [u; ... u,] is the (tall)
unitary matrix composed of the p eigenvectors belonging to its
p largest eigenvalues.

The problem is how to group the UEs in a cell such that the
p—dominating eigenspaces of the (possibly full-rank) correla-
tion matrices of the UEs in each group are similar and different
from the correlation matrices of other groups. A similarity score
metric for measuring the difference between two eigenspaces is
needed. A possible choice is given by the chordal distance.

Definition 2 (Chordal distance): The chordal distance

dc(A, B) between two matrices A and B is defined as
dc(A,B) = [AAT — BB"|%. (32)

For two (tall) unitary matrices A,B € CM*P, the chordal
distance takes the form

dc(A,B) = [[AA" — BBY|[},
=tr((AAT — BBY)(AA"Y — BBT)H)

4717

Algorithm 1: k—means Algorithm for Cell j.

Input: {R?_k;k =1,...,K}, G, and p
Output: {U;,..., Uy}, {Uy,...,Ug}, and
{Ci.....Cc}

/* Compute the p—dominant eigenspaces of

all UEs */
for k=1,...,K do
| Up + eig,(R),)
end
/+ Initialization x/
t<0
/* Select the initial group indicies */
forg=1,...,G do

/* Set a random UE as the group center

*/
Cl+{igh, ig €{1,..., K} \US,CE )
/+ Compute the group eigenspaces */

Ug < Uig

end
/* Iteratively group the p— dominating
eigenspaces */

while {C1,...,Cq} £ {Ci71,...,C5 "} do
t—t+1

/* Prepare to save the new UE indices of
each group */

forg=1,...,G do

| Ch+0

end

/* Assign UEs to the nearest group */

for k=1,...,K do

gp < arg rngin dc(Uy, Uy)

Cly = Cly U

end

/+ Recompute the group mean */

forg=1,...,G do

0, - cig, (Crecs UL
Cy+C}

end
end

=tr(AA" + BB" - 2AATBB!)

p P
=2p—2) > |ai'b,[’

i=1 j=1

(33)

where a; and by denotes the kth column of A and B, respec-
tively. The chordal distance can be interpreted as the number
of dimensions of the subspace that can be reached by a linear
combination of the column vectors of only one of the two matri-
ces. For example, if A = B, we have dc(A, B) = 0. Although
each matrix individually spans p dimensions, all of them can
be reached through a linear combination of the column vectors
of A and B. On the other hand, for A"B = 0,xp, We have
dc(A,B) = 2p because each matrix spans a p—dimensional
space which cannot be reached through a linear combination of
the column vectors of the other matrix.
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y [m]

Fig. 4. Resulting association of UE positions to groups from the k—means
algorithm with G = 8, p = 6 and a 3D one-ring channel model with a planar
quadratic 8 x 8-antenna array.

Several solutions exist in the literature to form groups on the
basis of similarity scores [10], [21], [23], [31]. Among those, we
adopt the k—means algorithm, which is widely used and operates
as follows. For any cell j, k—means takes as inputs the set
of intra-cell spatial correlation matrices {Ri k=1, K},
the desired number of groups G, and the desired number of
dominant eigenspace dimensions per group p. The output is a
set of G tall unitary matrices {U, € CM*r: g =1,...,G},
representing the center (or mean) of each group, and the sets
{Cy:9=1,...,G}, where C, denotes the index set of UEs
belonging to group g. The pseudo-code provided in Algorithm
1 describes how the algorithm works. Notice that the use of
chordal distance in Algorithm 1 has three advantages: ¢) it can be
used to measure the difference of possibly full-rank correlation
matrices; 47) it reduces the computational complexity since only
the p—dominant eigenspaces (with p < M) of each UE are
used; ¢27) it can be applied with the k—means algorithm since it
is an Euclidean distance. If the latter condition was not satisfied,
solutions can be found using the k—medoid algorithm, which
has higher complexity. The k—medoid algorithm is for example
used in [31] based on the normalized channel correlation factor
(h?,)"h!, . . . .
AT which requires perfect channel state information.
Heuristic solutions can also be found using greedy algorithms
(e.g. [10]).

The k—means algorithm allows us to partition a cell into
geographical regions, which are characterized by correlation
matrices spanning almost orthogonal dominant eigenspaces.
This concept can be seen as a three-dimensional extension
of the traditional cell sectorization. While the latter is static
and fixed at the time of the antenna deployment, the former
covariance-based clustering algorithm adapts dynamically to the
UE locations and the propagation environment. The algorithm
can be applied ‘offline’ to a very larger number of correlation
matrices, which have been recorded over time to find static,
but environment dependent, group spaces. Only the association
of UEs to groups needs to be computed at the run-time. An
example of offline grouping is provided in Fig. 4, which shows
the resulting association of 1000 UE positions to G = 8 groups
of p = 6 dimensions under the 3D one-ring model for a planar
quadratic 8 x 8 antenna array with half-wavelength-spacing.
The UEs are uniformly distributed over a 120° sector with 125 m
radius. Note that the algorithm has partitioned the cell into eight
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Algorithm 2: UE Grouping Algorithm for Cell j.

Input: {R;k; k=1,...,K}, G,and p
Output: {C1,...,C}
1 Step 1 - Preliminary UEs grouping
/* Run the k—means algorithm in Algorithm 1
*/
2 {U1,..., 0, }: {Uy,...,Ux}: {C1.....Cq)
3 Step 2 - Assignment problem
/+ Find the distances between UEs and group

*/

centers

4fork=1,..., K do

5 forg=1,...,G do

6 ‘ dg,k’ < dc(Ug,Uk)

7 end

8 end

9 D={dgr;9=1,...,G,k=1,..,K} // Obtain the
distance matrix of size G x K

/* Formulate the square matrix (Hungarian

matrix) */

wH={dr=1,.,Kk=1.,K}+D®1ly
// replicate N—times each row of
D e RE*K to obtain H e REXK

/* Initialize the group slot indices */
unforr=1,..., K do
2 | i 0
13 end
/* Implement the Hungarian method */
14 forr=1,..., K do
/+ Find a unique column k of each row
with the smallest value */
15 if {k* < argmind, ,} U {d, p+ # dps p+}, where
k
e {1,...,K}\{r} then
/* Update the index of the selected
column of each row %/
16 iy < k*
17 end
18 end

/* Map the index of the selected column of
each row to the new respective group

slot %/
19 forg=1,...,G do
20 ‘ C; — {ig(N71)+17 e 7ig]\[}'
21 end

azimuth bins while no separation is visible in the elevation
dimension. This is because the horizontal angular spread dom-
inates the vertical angular spread in the chosen scenario. For a
smaller cell radius, a higher mounting height, a larger vertical
antenna spacing, also groups in the elevation dimension can
appear.

If the number of active UEs is not very large or UEs are
located close to each other, Algorithm 1 may provide some
groups that are empty while others are overloaded. To solve
this issue, a further step in the k—means algorithm is needed,
which assigns exactly N UEs to each group while minimizing
the sum of the chordal distance pairs. This can be achieved by
employing the Hungarian method [34], which is a combinato-
rial optimization algorithm that solves an assignment problem.
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Fig. 5. Resulting association of K = 32 UE positions to G = 8 groups with

Algorithm 1 and Algorithm 2. The latter allows to assign exactly N = 4 UEs to
each group.

This leads to Algorithm 2, which takes as input the output of
Algorithm 1, which is represented by the G unitary matrices
{U, e CM*P: g =1,...,G}, representing the center of each
group, the sets {Cy:g=1,...,G}, and the K tall unitary
matrices {Uy, € CM*P : k = 1,..., K}. The outputreturns the
set {Cy g =1,...,G}, where C} denotes the updated index
set of those UEs being reallocated to group g. The sets of
matrices {U,,g = 1,...,G}and {Uy, k= 1,..., K} areused
to obtain the matrix D € RE*¥ | whose generic element dg j,
represents the distance between UE k and the center of group
g. The distance matrix D is then used to compute the square
Hungarian matrix H € R % This is done through the follow-
ing operation H = D ® 1 € RX*X which simply replicates
N times the G rows of D.> The algorithm proceeds by finding
the minimum chordal distance (cost) when assigning UEs to
groups based on cost, and such that each UE must be assigned
to a different group. As mentioned above, the key of Algorithm
2 is that it assigns exactly N UEs to each group such that the
N —length spreading sequences can be efficiently used within
each group. An example is provided in Fig. 5 for the same
setup of Fig. 4 but with K = 32 UE positions. The resulting
association to G = 8 groups is shown with both Algorithm 1 and
Algorithm 2. Only the latter allows to assign exactly the same
number of UEs to each group, which is in this case N = 4. To
the best of our knowledge, there exists no other UE-grouping
algorithm in the literature that performs such operation.

SNotice that this step is needed because the Hungarian method works with
square matrices. The K — NG extrarows of H could also be made of all zeros
without changing the output of the algorithm.
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Remark 1: UE-grouping is a widely investigated topic
in multi-user wireless communications. There exist several
schemes in the literature that differ in terms of underlying
method (optimal, heuristic, greedy,...), similarity score metric,
available information (instantaneous channel estimates, statis-
tical knowledge,...), computational complexity, channel models
and so forth. A fair comparison among the existing solutions
is very hard and is out of the scope of this work since it would
require a fine-tuning of all the specific solutions. We believe that
the combination of Algorithm 1 and Algorithm 2 represents a
good baseline scheme to perform UE-grouping in the context
of code-domain NOMA, and quantifies the benefits that it can
bring into mMIMO.

VII. PERFORMANCE EVALUATION

This section compares the performance of mMIMO with
vs. without NOMA, and validates the benefits of the grouping
algorithm. A network with L = 4 cells is considered. Each cell
has an area of 250 m x 250 m. We numerically evaluate the
average sum SE per cell in the UL and DL, i.e.:

K K
SEY =Y SEY and SEI =Y SEL, (34
k=1 k=1

for the network setup defined in Table 1. Each BS is located in
the center of its cell, has M antennas, and serves /X UEs. The
analysis is carried out with both MR and MMSE combining
schemes, using MMSE channel estimation. Based on results of
Section V, only a3D channel model witha 8 x 8 planar array and
arelative small A = 2° is considered. If not otherwise specified,
we assume that 7, = K orthogonal pilot sequences are used for
channel estimation.

A. How Efficient Is the UE Grouping Algorithm?

We begin by assessing the benefits of properly grouping the
UEs with mMIMO-NOMA in the UL, with the two following
typical scenarios:

1) For a Fixed Number of UEs: Fig. 2(b) shows that SE
is largely reduced when UEs are located within a 30° sector.
Therefore, we assume K = 16 UEs uniformly and indepen-
dently distributed over a 30° sector (oriented as in Fig. 4), that
is randomly located at a distance of 100 m from the BS. Fig. 6
illustrates the average sum SE per cell, with classical mMIMO
and mMIMO-NOMA. With the latter scheme, the UE groups
are formed either in a random way (i.e., without grouping)
or through Algorithm 2 (i.e., with grouping). Sequences are
orthogonal and randomly assigned to active UEs. The impact of
length of spreading signatures N vs. number of BS antennas M
are shown in Fig. 6(a) and Fig. 6(b), respectively. In Fig. 6(a),
N —length signatures are assigned to the UEs in each group,
implying that the number of formed groups is G = K/N. With
N =1, there is no spreading and mMIMO-NOMA reduces to
mMIMO.

Results of Fig. 6 show that mMIMO-NOMA with Algorithm
2 achieves better performance than random grouping with both
MR and MMSE combining, as shown, in particular, in Fig. 6(a)
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Fig.6. Average sum UL SE with mMIMO and mMIMO-NOMA as a function
of the spreading signature length NV (Fig. 6(a)), and of the number of BS antennas
M (Fig. 6(b)) when K = 16 UEs are uniformly distributed over a 30° sector.
mMIMO-NOMA is operated with no grouping vs. with a grouping algorithm
(Algorithm 2). Orthogonal spreading signatures are used.

for N > 4, and in Fig. 6(b) for M > 16. Compared to mMIMO,
both approaches of mMIMO-NOMA can provide higher gain,
and the performance of MMSE is much greater than that of MR.
This happens since MMSE combining has better interference
cancellation capabilities. In summary, NOMA can bring some
benefits compared to mMIMO also when spreading signatures
are randomly assigned. Better performance can be achieved if
spreading sequences are assigned according to spatial correla-
tion matrices. Results are in agreement with those of the case
study (see Fig. 2). In particular, Fig. 6(b) confirms that there
exists specific cases where NOMA can provide benefits even
when M >> K. Similar results can be obtained for the DL due
to the UL-DL duality property, thus are skipped due to space
limitations.

2) Varying Number of UEs: We now consider the case in
which the number of active UEs, K, in each cell increases.
For an overall evaluation, we display the SE performance in
both underloaded and overloaded regimes, i.e. K ranges from
16 to 128, while the number of BS antennas is kept fixed at
M = 64. Similarly to Fig. 6, we assume that the UEs are located
close to each other. Unlike Fig. 6, however, we assume that
they are equally distributed in four distinct circle clusters with
radius » = 20 m, that have K /4 UEs each, and are randomly
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Fig.7.  Average sum SE as a function of number of UEs K with mMIMO and
mMIMO-NOMA with no grouping vs. with a grouping algorithm (Algorithm
2). UL and DL transmissions are considered. Orthogonal spreading signatures
are used.

deployed in each cell. This implies that the UEs are already
grouped into G' = 4 groups per cell. Spreading signatures of
length N = K/4 are assigned to the K /4 UEs in each group.
Orthogonal spreading signatures are adopted. This might be
a quite challenging setup for conventional mMIMO due to
the insufficient spatial resolution of a planar BS array with
64 antennas.

We compare classical mMIMO and mMIMO-NOMA with
and without grouping-based signature assignment. The average
sum SE as a function of number of UEs K is shown in the UL
(Fig. 7(a)) and DL (Fig. 7(b)). With mMIMO-NOMA without
grouping, the spreading sequences are randomly assigned to the
UEs in the cell; this means that UEs in the same group can
be assigned to the same spreading sequence. The result shows
that mMIMO-NOMA with proper assignment of sequences
performs well in both UL and DL, in particular when using
MMSE combining/precoding. mMIMO-NOMA with grouping
achieves higher SE than classical nMIMO already with K = 16,
and the gap slightly increases as K gets larger. With K’ = 32, the
SE gain is 20% in the UL and 40% in the DL. The constant gap
between mMIMO-NOMA with grouping and classical mMIMO
for both UL and DL remains in the overloaded regime, i.e. when
K > M, M = 64. The reason is that mMIMO-NOMA achieves
a roughly constant sum SE as K increases, while it reduces
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Fig. 8.  Average sum UL SE as a function of number of UEs K with mMIMO
and mMIMO-NOMA for different types of spreading signatures of length
N =4.

for classical mMIMO due to the lack of favorable propagation
conditions. The SE reduction is larger in the DL than in the UL,
which might be due to the suboptimality of MMSE precoding
and equal DL power allocation.

B. Which Spreading Signatures Are More Favorable?

We now compare the achievable SE with spreading signatures
of length N =4, taken from either orthogonal, random, and
sparse sets, as shown in Fig. 8. In the random case, the N-length
signatures are picked up from an assemble of {£1}, whereas
in the sparse case, low-density signatures are used, having only
one non-zero value randomly distributed within the N-length
signature [35], [36]. Herein Fig. 8 shows the sum UL SE as a
function of number of UEs in the same setup of Fig. 7. We notice
that orthogonal signatures give the highest performance with
both MR and MMSE combining. While mMIMO-NOMA with
orthogonal codes has better performance for K > 8, mMIMO-
NOMA with random codes might provide some gain compared
to mMIMO for K > 32. This is because the probability that
a given group of UEs is closely located in space increases as
K becomes larger. Interestingly, mMIMO-NOMA with MR
outperforms mMIMO only when orthogonal codes are used; this
is because MR cannot deal with the extra interference originating
from the non-orthogonality of random and sparse codes. As in
the case of Fig. 6, similar results are obtained for the DL, and
thus omitted due to space limitations.

C. Impact of Channel Estimation Quality

The spatial interference rejection capabilities of mMIMO
depend on the quality of channel estimates. So far, we have
assumed that 7, = K orthogonal pilot sequences are used for
channel estimation. This is the common approach in mMIMO
since it allows each BS to allocate orthogonal pilot sequences
among its UEs, which are those originating the strongest interfer-
ence. However, there might be use cases with stringent latency
requirements in which only few samples 7, can be dedicated
to channel estimation. In these cases, 7, will likely be smaller
than K and thus UEs within the same cell can be assigned
to the same pilot sequence. This gives rise to intra-cell pilot
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Fig. 9. Average sum UL SE as a function of number pilot signatures 7,
with mMIMO and mMIMO-NOMA. K = 32 UEs and orthogonal spreading
signatures of length N = 8 are considered.

contamination, which inevitably deteriorates the SE of mMIMO.
We now investigate if NOMA can bring some benefits in these
cases.

Fig. 9 depicts the sum UL SE as a function of number pilot
signatures 7, with mMIMO and mMIMO-NOMA. We adopt the
same setup of Fig. 7, where K' = 32 UEs are equally distributed
in four circle-areas of radius » = 20 m, and are randomly de-
ployed in the cell area. Orthogonal spreading codes with length
N = 8 are used for transmission and properly assigned to the
different groups with mMIMO-NOMA thanks to Algorithm
2. Fig. 9 shows that SE starts reducing when 7, < 16 with
both mMIMO and mMIMO-NOMA. However, the decrease in
performance is slightly lower with mMIMO-NOMA because
it does not rely only on the quality of channel estimates for
dealing with interference. Particularly, a large gain is observed
with NOMA when MMSE is used with only one channel use
(i.e., 7, = 1) for channel estimation. This is because MMSE is
affected much from not having good channel estimates.

VIII. CONCLUSION

We investigated cases where code-domain NOMA can im-
prove the spectral efficiency of mMIMO in the classical regime
where K < M. Novel general SE expressions for arbitrary
spreading signatures and combining/precoding schemes were
provided. We used these expressions to show, by means of
simulations, that the SE can be improved by NOMA in cases
when poor favorable propagation conditions are experienced by
the UEs. This may happen when the UEs are located close to
each other and/or when planar arrays with insufficient resolution
in the azimuth domain are considered.

A two-step grouping algorithm was developed based on the
k-means algorithm using the chordal distance as a similarity
score metric to group the UEs with similar spatial correlation
matrices. To fully take advantage of NOMA, the second step
makes use of the Hungarian method to ensure that the N —length
spreading sequences can be efficiently used for NV UEs per group.
Numerical results showed that mMIMO-NOMA may provide
some gains if spreading sequences are assigned to the UEs within
the same group. This is valid, as expected, in the overloaded
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regime, but also even with the classical mMIMO setup, i.e. M >
K. The analysis was carried out with orthogonal, random, and
sparse spreading signatures, revealing that orthogonal spreading
sequences are the best choice. We also showed that benefits
can be achieved with NOMA when channel estimates of lower
quality are available at the mMIMO BS. This can be of practical
interest for massive machine type communications where short
pilot sequences are generally used for channel estimation.

APPENDIX A
The MMSE estimate of hlj2 is obtained as [37]

E{Z =E {h{ivec (Yf)H} (IE {vec (Yf) vec (Yf)H})

vec (Yf) ) (35)

By using vec(ABC) = (CT @ A)vec(B) we obtain
. - .
E {nfvec (Y)"} = vAi R, (9 © L)
~ Vi (¢l o R},), (36)
since the channels are independent. Similarly, one gets

E {vec (Yﬁ-’) vec (Yf)H}
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By substituting (36) and (37) into (35) yields (12).
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