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TRAJECTORY SPECIFICATION FOR HIGH-CAPACITY
AIR TRAFFIC CONTROL

Russell A. Paielli
Ames Research Center

Abstract— The doubling or tripling of airspace capac-
ity that will be needed over the next couple of decades
will require that tactical separation guidance be au-
tomated for appropriately equipped aircraft in high-
density airspace. Four-dimensional trajectory assign-
ment (three-dimensional position as a function of time)
will facilitate such automation. A standard trajec-
tory specification format based on XML, the Extensible
Markup Language, is proposed for that purpose. Tra-
jectories are composed of a series of trajectory segments.
The horizontal path consists of a series of straight (great-
circle) segments connected by turns of specified radius.
Along-track position is specified as a low-order polyno-
mial function of time, and vertical profiles for climb and
descent are specified as low-order polynomial functions
of along-track position. Flight technical error tolerances
in the along-track, cross-track, and vertical axes deter-
mine a bounding space, at each point in time, in which
the aircraft is required to be contained. Periodic up-
dates in the along-track axis will adjust for errors in the
predicted along-track winds. An important safety ben-
efit of this regimen is that the traffic will be able to
fly free of conflicts for at least several minutes even if
all ground systems and the entire communication infras-
tructure fail.

INTRODUCTION

As the demand for air transportation increases, the ca-
pacity of the current U.S. air traffic management (ATM)
system will eventually be stressed to its limits. New tech-
nologies in communication, navigation, and surveillance
(CNS), along with new decision support systems and an
evolutionary development of the ATM system architec-
ture [1], can extend the capacity of the current system for
several years, but a revolutionary new approach will be
needed within perhaps twenty years to meet the growing
demand.

An often misunderstood or overlooked fact about
the current ATM system is that sector capacities are a
function of controller workload rather than the airspace
itself. In other words, current airspace capacity (as dis-
tinguished from airport capacity) is limited by the cogni-
tive capacity of human controllers to maintain safe sepa-
ration with high reliability. A controller can handle only
approximately fifteen aircraft with the ultra-high relia-

bility that is required. However, earlier studies [2, 3]
found that traffic in high-density sectors could be at least
doubled or tripled over current limits without saturating
the actual capacity of the airspace itself. Airspace ca-
pacity is difficult to define precisely, but it involves the
rate at which conflicts can be reliably resolved without
causing more conflicts.

Airspace capacity could conceivably be increased by
reducing sector sizes, but that causes other problems.
First, it increases the handoff workload because traffic
will cross sector boundaries more often. Second, it re-
duces the amount of space that controllers have available
to resolve conflicts within their own sector, hence more
coordination is required as aircraft are diverted through
adjacent sectors to resolve conflicts. The current sec-
torization of the airspace has already reached the point
of diminishing or negative return on reduction of sector
sizes, so that option cannot yield the needed increases in
capacity.

One way to substantially increase airspace capac-
ity is to automate separation monitoring and guidance,
thereby relieving human controllers of the primary re-
sponsibility for safe separation. Four-dimensional (4D)
trajectories (three-dimensional position as a function of
time) will greatly facilitate such automation. The con-
cept of 4D trajectories was proposed at least as far
back as 1972 [8], and it was a key idea in the Euro-
control PHARE program [9], for example. Several ad-
vanced ATM concepts intended for the 2025 time frame
[4, 5, 6, 7] are based on 4D trajectories. However, a
standard format for specifying continuous 4D trajecto-
ries, with error tolerances in all three axes, does not
exist, nor is one currently being developed by any major
standards organization.

The stringent regimen implied by assigned 4D tra-
jectories may seem to contradict the notion of “free
flight,” but it actually does not. The objective is not
to restrict routing options any more than necessary, but
rather to keep precise and reliable track of intent. Rather
than trying to “predict” the trajectory of each aircraft,
with no guarantee of correctness or even attempted con-
formance, trajectories will be assigned, and conformance
will be mandated. Without such a regimen, airspace ca-
pacity can never be safely maximized. Note, however,
that pilots and airlines will be allowed to request tra-
jectory revisions at any time (within reason), and if the
requested trajectory is free of conflicts and consistent



with the traffic flow requirements, it will be approved.
Flight will therefore be as “free” as it can be without
jeopardizing safety.

A major safety benefit of the proposed regimen is
that each equipped aircraft will always have a conflict-
free trajectory to fly for several minutes or more, even
during a complete failure of all ground systems and the
entire communication infrastructure. The duration of
this conflict-free period will depend on how long aircraft
can stay in conformance without updates, which in turn
depends mainly on wind-modeling accuracy. During pe-
riods of high accuracy, the conflict-free period could be
indefinitely long. This benefit could ultimately prove to
be critical for the acceptance of automated tactical sep-
aration in high-density airspace. Without 4D trajectory
assignments, a ground computer failure could dump the
responsibility for safe separation onto human controllers,
which would be unacceptable because some sectors will
contain more traffic than a controller can safely handle.
Recall that increasing the traffic density beyond what
a human controller can reliably handle is precisely the
objective of automated separation.

A standard called Controller/Pilot Datalink Com-
munication (CPDLC) [10] is currently being developed
for communicating specific maneuvers using standard
message types, but it is not designed to specify 4D tra-
jectories. Barrer proposed the concept of path objects
[11], which constitute a simple “path language” for ex-
pressing 3D route patterns such as straight segments,
turns, S-turn delays, holding patterns, etc. CPDLC and
path objects are potentially useful, particularly in the
period of time before 4D trajectory assignment can be
implemented, and for aircraft that are not equipped for
4D guidance, but they do not actually specify continuous
4D trajectories.

Barhydt and Warren [13] have recently proposed
“The Development of an Information Structure for
Reliable Communication of Airborne Intent and Air-
craft Trajectory Prediction.” Their proposal is associ-
ated with Automatic Dependent Surveillance-Broadcast
(ADS-B) [14, 15]. Because it is intended for implemen-
tation within the next few years, it is constrained by
current and next-generation FMS (Flight Management
System) capabilities. The ADS-B Trajectory Intent Bus
gives discrete 4D waypoints but does not precisely spec-
ify a 3D reference position as a continuous function of
time, nor does it precisely specify a 3D bounding space
at each point in time. ADS-B was designed for state dis-
semination rather than detailed trajectory specification,
and attempting to use it for the latter will be awkward
at best.

One problem with 4D waypoints is that they do not
specify a continuous trajectory. The points can be gen-
erated at a sufficiently high density to approximate a
continuous trajectory, of course, but that might require
an inefficient use of bandwidth. Another problem is that
they fail to capture the structure of the trajectory. Real

trajectories consist of a series of segment types, such
as climb at constant CAS (Calibrated Airspeed), cruise
at constant Mach, etc., but discrete 4D points do not
convey that structure. This paper will propose a struc-
tured, parametric approach based on straight (greatcir-
cle) segments, constant-radius turn segments, and low-
order polynomial approximation. In addition to data
compression, polynomials also provide other desirable
features such as analytic differentiation and simplified
interpolation.

A more fundamental problem with simply using a
sequence of discrete 4D points is that along-track po-
sition error couples into altitude. A trajectory can be
visualized as a 3D tube through which the aircraft flies,
where the scalar along-track position in the tube consti-
tutes the fourth dimension. The tube itself should be
fixed relative to the earth. Making altitude a function of
time causes the tube to shift, relative to the earth, as a
function of the along-track error. In other words, if the
aircraft is ahead of or behind schedule, its target alti-
tude should be a function of along-track position rather
than time. Altitude should therefore be specified as a
function of along-track position rather than time, which
cannot be done with 4D waypoints.

The objective of this paper is to propose a standard
and a parametric format for specifying 4D aircraft tra-
jectories, a standard 4D “path language.” The specified
trajectories could be entire flights from takeoff to land-
ing, or any portion thereof. This standard will be used to
precisely specify the assigned 3D reference position and
flight technical error tolerances as a continuous function
of time. At each point in time a 3D bounding space
will be determined in which the aircraft is required to be
contained. This bounding space is similar in principle to
the PHARE “contract tube” [12], but it will typically be
larger and more flexible, particularly in the along-track
direction. Trajectories will be synthesized to guarantee
the minimum required separation for any pair of aircraft
as long as both conform to their assigned trajectories
within the specified tolerances.

A key aspect of the format proposed in this paper
is that it is based on XML, the Extensible Markup Lan-
guage. XML is rapidly replacing binary formats for au-
tomated business-to-business transactions and is being
widely used for computing standards such as Scalable
Vector Graphics (SVG). Whereas binary formats typi-
cally require the same data to be transferred in the same
precise order every time, XML provides more flexibility
in the selection and ordering of the data fields. The
flexibility of XML will be indispensable for trajectory
specification because each trajectory can have a variable
number of segments of various types. XML also allows
aircraft characteristics and flight preferences to be easily
specified.

The remainder of the paper is organized as follows.
First, the basic requirements of the proposed trajectory
specification standard are discussed. Then the neces-



sary coordinate systems and transformations are out-
lined. Next, polynomial approximation of vertical pro-
files and along-track position is discussed. The proposed
XML format itself is then presented, after which routine
along-track trajectory updates are discussed. Finally,
the requirements for trajectory software objects are out-
lined, followed by some concluding remarks.

REQUIREMENTS

The trajectory specification standard to be proposed in
this paper is intended to be used for communicating tra-
jectories between air and ground. Pilots or Airline Op-
eration Centers (AOC) should be able to use it to down-
link requested trajectories, and ground systems should
be able to use it to uplink assigned trajectories. The
basic requirements are that it be:

e able to precisely specify any “reasonable” 4D refer-
ence trajectory.

e able to precisely specify error tolerances relative to
the reference trajectory.

e based on a global earth-fixed coordinate system.
e parametric and reasonably compact.
e based on a text format readable by humans.

e suitable for an international standard.

The first requirement is that the format be able to
precisely specify any “reasonable” 4D trajectory (3D po-
sition as a function of time). A unique 3D position must
be precisely determined at each point in time, and the
set of specifiable trajectories must not be unreasonably
restrictive. Efficient climbs and descents must be al-
lowed, for example, and turns must be allowed during
climb and descent. The horizontal path will be restricted
to straight (greatcircle) segments connected by turns of
constant radius to simplify computations and confor-
mance monitoring. These restrictions should not signifi-
cantly limit practical routing flexibility. Note that wind-
optimal routes can be approximated with sufficient accu-
racy for practical purposes using greatcircle segments of,
say, 100 to 200 nmi in length (depending on the length of
the flight). More general horizontal path segment types
can be added later if desired.

The second requirement is the ability to specify er-
ror tolerances for the flight technical error in each of the
three axes: along-track, cross-track, and vertical. The
error tolerances will precisely determine a 3D bounding
space in which the aircraft is required to be contained
at any point in time. Those bounds will be the key to
assuring that the minimum required separation is main-
tained at all times without the attention of a human
controller. If an aircraft fails to conform, or is expected
to fail shortly, its status will be temporarily downgraded

to unequipped, and if necessary it will be automatically
issued a basic heading or altitude resolution advisory (by
a system outside the scope of this paper). After the sit-
uation is under control, the aircraft will either reacquire
a new assigned trajectory or be handed off to a human
controller for conventional separation monitoring until it
is able to reacquire a new assigned trajectory.

Trajectories will be synthesized to guarantee the
minimum required separation for a specified period of
time called the conflict time horizon, which could be
perhaps fifteen minutes. The key point is that, if the
trajectories are correctly synthesized, conformance by
any two aircraft will guarantee the minimum required
separation between them for a specified period of time,
regardless of where each aircraft is within its bounding
space. In other words, the bounding spaces themselves
will always maintain the minimum required separation.
Note that minimum separation standards are specified
in terms of the separation distance between aircraft, re-
gardless of velocities or higher-order dynamics. Hence,
the trajectory error tolerances will also be specified in
terms of distance or length. Velocity and acceleration
can obviously affect future conformance, but actual cur-
rent conformance will not depend on them. Nevertheless,
a conformance monitoring system is free to use velocity
and acceleration to try to predict impending nonconfor-
mance.

In the current air traffic system, standard naviga-
tional conformance bounds of +4 nmi in cross-track de-
fine a lane width of 8 nmi. However, those bounds are
routinely violated for various reasons, such as loose pi-
loting or controllers issuing heading “vectors” but not
entering them into the system. In the vertical axis,
conformance bounds apply only in level flight, and no
bounds apply in the along-track axis (except arrival time
constraints). The lack of rigorous conformance bounds
in the current system makes conformance monitoring
a “fuzzy” problem, which Reynolds and Hansman [16]
have attempted to solve using fault detection methods.
But conformance monitoring itself is precisely defined
if conformance bounds are based on position only and
specified precisely, as proposed in this paper. The more
difficult and “fuzzy” problem is the detection of faults
that could lead to imminent non-conformance, and that
is where Reynolds’ approach could still apply.

The error tolerances will be based on Required Nav-
igation Performance (RNP) specifications [17], but they
could be relaxed in sparse traffic. Because winds can-
not be modeled exactly, the most challenging axis for
which to set tolerances is the along-track axis. Tighten-
ing the along-track tolerance increases airspace capacity,
but it also increases the probability that aircraft will be
required to fly at inefficient or even unflyable airspeeds.
Along-track position error tolerances must be set as a
compromise between those two effects. For more flexi-
bility, it will be allowed to vary linearly with time. Also,
the along-track assigned position and velocity will be up-



dated periodically to compensate for errors in modeling
and prediction of along-track wind magnitudes, but only
when doing so does not result in a conflict. The manage-
ment of along-track position assignments and tolerances
will be discussed in more detail later in this paper.

The next requirement is that the format be based
on a global earth-fixed coordinate system, which will
provide a common reference. Local coordinate sys-
tems, such as the (pseudo-Cartesian) stereographic pro-
jection used within each Air Route Traffic Control Cen-
ter (ARTCC), are inappropriate for enroute airspace be-
cause they are each valid only within one Center. The
complexity of switching coordinate systems for each Cen-
ter would be unnecessarily complicated. The standard
WGS84 geodetic coordinate system (latitude, longitude,
and altitude) will be used as the reference coordinate
system for enroute airspace. Local coordinate systems
might be convenient in terminal areas however, so that
option will be available too. Also, a curvilinear flight-
path coordinate system will be introduced in the next
section for specifying and monitoring the flight technical
error tolerances.

The fourth item in the requirements list is that the
format be parametric and reasonably compact. A con-
tinuous 4D trajectory can be approximated by a simple
sequence of discrete 4D points (t,x,y,2z), but such an ap-
proach tends to be inefficient in terms of storage and
bandwidth usage. It also fails to capture the structure
of the trajectory. Real trajectories consist of discrete seg-
ment types, such as climb at constant CAS (Calibrated
Airspeed), cruise at constant Mach, etc., but discrete
4D points do not convey that structure. This paper
will propose a structured, parametric approach based
on straight (greatcircle) segments, constant-radius turn
segments, and low-order polynomial approximation. In
addition to data compression, polynomials also provide
other desirable features such as analytic differentiation
and simplified interpolation.

A more fundamental problem with using a sequence
of discrete 4D points is that along-track position error
couples into altitude. Suppose, for example, that an
aircraft is on approach for landing and is one minute
ahead of schedule (but still within tolerance). If alti-
tude is specified as a function of time, the aircraft will
be required to land several miles before it reaches the
runway! On the other hand, if altitude is a function of
along-track position, the aircraft will be required to land
at the runway regardless of its status with respect to its
schedule. Clearly the latter is preferable. While discrete
4D points are good for specifying trajectories that have
already been flown, they are simply not the best choice
for specifying trajectories, with error tolerances, yet to
be flown.

The fifth requirement listed above is that the format
be in plain text, readable by humans. The traditional
standard for text is ASCII (American Standard Code
for Information Interchange), but the new more general

standard is Unicode. For the purposes of this paper, the
ASCII subset of Unicode is sufficient. Text-based for-
mats typically provide less efficient storage than binary
formats, but they also tend to be more flexible and less
prone to error. Also, text-based formats are more conve-
nient because they can be read directly by humans. Text
can be compressed and encrypted into a binary format
for efficient and secure radio transmission, but then it
would be decompressed and decrypted at the receiving
end to recover the original text. XML, the Extensible
Markup Language [18], is the new standard text-based
format for specifying structured data and transferring
it across platforms, and it will be used for the format
proposed in this paper.

XML is designed for creating application-specific
or domain-specific standards for data specification and
transfer. The resulting text-based standards are in-
tended to be independent of any particular computer
platform or language. XML is rapidly replacing binary
formats for automated business-to-business transactions
and is being widely used for computing standards such
as Scalable Vector Graphics (SVG). Whereas binary for-
mats typically require the same data to be transferred in
the same precise order every time, XML provides more
flexibility in the selection and ordering of the data fields.
The flexibility of XML will be indispensable for trajec-
tory specification because each trajectory can have a
variable number of segments of various types. The flex-
ibility will also allow trajectories to be updated without
repeating all the data that remains unchanged from the
previous update, which could more than compensate for
the inherent inefficiency of text-based data. Note also
that XML text compresses well for efficient use of band-
width.

The final requirement listed above for the proposed
trajectory specification standard is that it be suitable for
an international standard that is recognized by, and can
be automatically flown by, any standard FMS. The stan-
dard will be used onboard aircraft to downlink requested
trajectories constructed by the FMS or constructed by
the pilot using a graphical user interface. The standard
will also be used on the ground to check for conflicts
and to uplink assigned trajectories. Developing a con-
sensus for an international standard is obviously a major
challenge, but such a common language can greatly sim-
plify the logistics of high-capacity ATM. With a com-
mon trajectory language, the chances of miscommuni-
cation will be much less than they would be without
one. If adopted, the actual communication mechanism
would probably be an extension of CPDLC [10] or a new
datalink message over the Aeronautical Telecommunica-
tion Network (ATN).



COORDINATE SYSTEMS AND
TRANSFORMATIONS

An assigned trajectory consists of a 4D reference trajec-
tory and flight technical error tolerances. The reference
trajectory is the precise 4D trajectory the aircraft would
fly in the ideal case of zero flight technical error. It is
a precise 3D position that varies as a function of time,
and the position at any point in time will be referred
to as the reference position. The error tolerances, on
the other hand, are the maximum allowed error in each
of the three axes: along-track, cross-track, and vertical.
These tolerances define a 3D bounding space around the
reference position, at each point in time, that the aircraft
must stay within to be in conformance.

As explained in the previous section, the WGS84
geodetic coordinate system will be used as a global stan-
dard for specifying reference trajectories. Straight (i.e.,
minimum distance) segments between geodetic points
are great circles in general, but for short segments (away
from the earth’s poles) a greatcircle is close to linear in
latitude and longitude. Geodetic coordinates are incon-
venient for specifying and monitoring error tolerances,
however. For that purpose, a curvilinear flightpath co-
ordinate system, which follows the assigned trajectory,
will be used. An example of a segment of such a curvilin-
ear flightpath coordinate system is illustrated in figure
1, showing the along-track and cross-track grid.

A curvilinear flightpath coordinate system is a com-
bination of Cartesian and polar coordinate systems. The
first step in converting from W(GS84 coordinates to the
curvilinear coordinates is to determine the type of the
local coordinate region, which is Cartesian in the (as-
signed) straight segments and polar (or cylindrical in
3D) in the (assigned) turn segments, as shown in the
figure. Actually, these regions are not strictly Cartesian
or polar, because they follow the curvature of the earth,
but for practical purposes they are Cartesian or polar
within the local region of reasonable flight technical er-
rors. The key point is that each segment defines its own
local coordinate system, which is Cartesian for straight
segments and polar for turn segments.

Note that the bounding space is based on the defini-
tion of the along-track and cross-track error coordinates.
Thus, the bounding space follows the curvature of the
flightpath, as shown in figure 1. An alternative way to
define the error coordinates would be in terms of a time-
varying Cartesian coordinate system that follows the air-
craft as it turns, but that would not work very well. With
that definition, the bounding space shown in figure 1, for
example, would be rectangular and would not conform to
the curvature of the flightpath. As the reference position
progresses around the turn, the bounding space would be
a rectangle that rotates with the reference track angle,
which would clearly be inappropriate.

Coordinate transformations will be needed to trans-
form the geodetic coordinates of an aircraft position

reference
along-track
T position

cartesian

— along-track bounds

[<—x—>— cross—track bounds
—— reference horizontal path

Figure 1: Curvilinear flightpath coordinate system with
along-track and cross-track grid.

to the along-track and cross-track coordinates in the
curvilinear flightpath coordinate system. In the straight
(greatcircle) segments of the assigned trajectory, the lo-
cal flightpath coordinate system is approximately Carte-
sian within the range of practical error tolerances, and
the along-track and cross-track coordinates of a point
can be determined with established greatcircle algo-
rithms.

The earth is nearly but not quite spherical. The
equatorial and polar radii differ by approximately 12
nmi, or about 1/300th of the nominal radius. Great-
circle algorithms come in two forms: those based on a
simplified spherical model of the earth, and those based
on a more accurate but more complex ellipsoidal model.
The spherical model yields closed-form analytic solu-
tions, whereas the ellipsoidal model yields more accurate
but more complicated iterative algorithms. For the pur-
poses of this paper, the cross-track errors will normally
be a few nmi at most and are well approximated with the
spherical equations. However, the spherical equations for
along-track distances can be off by several nmi within the
continental U.S., which may be marginally unacceptable



for this application, hence algorithms based on the ellip-
soidal model may be required in practice.

The ellipsoidal greatcircle algorithms are too com-
plicated to be presented in this paper, but a few of the
key spherical equations are presented in the Appendix.
For the purposes of this paper, the important formulas
determine the along-track and cross-track coordinates of
a given point, relative to a greatcircle from one given
point to another. These formulas utilize functions that
are also given in the Appendix.

The greatcircle equations apply only in the
Cartesian-coordinate regions of the curvilinear flight-
path coordinate system, which correspond to the straight
(greatcircle) segments of the assigned trajectory. How-
ever, they can easily be adapted for use in the polar-
coordinate regions too, which correspond to the turning
segments of the assigned trajectory. The trick is to start
out by computing the along-track and cross-track coordi-
nates as if the point were still in the preceding Cartesian
region, then convert to polar coordinates. The origin
of the polar coordinate system will be the center of the
turn arc, and the reference azimuth angle will be at the
start of the turn. The actual cross-track coordinate will
be the radial coordinate minus the nominal radius of the
turn, so that the reference cross-track coordinate is al-
ways zero (consistent with the straight segments). The
along-track coordinate will be the angle from the start of
the turn, multiplied by the nominal radius of the turn.
Note that if the aircraft is flying the turn with a cross-
track error, the actual radius of the turn will be different
than the nominal radius, hence the actual along-track
distance traveled by the aircraft will be different than
the along-track coordinate.

A 4D trajectory also includes a vertical profile,
which is altitude as a function of time or along-track po-
sition. While either time or along-track position could
be used as the independent variable, along-track posi-
tion provides a critical advantage: it fixes the reference
trajectory in the earth-fixed coordinate system, which
simplifies conflict calculations. Using time as the inde-
pendent variable, on the other hand, would allow the
reference trajectory to drift (relative to the earth-fixed
coordinate system) with the along-track position error.
As mentioned earlier, a trajectory can be visualized as
a 3D tube in space, through which the aircraft flies,
with the along-track position in the tube constituting
the fourth dimension. The tube itself should be fixed
in space. Making altitude a function of time causes the
tube to shift in space as a function of the along-track
error.

The along-track position will be specified as a low-
order polynomial function of time for each segment, as
will be discussed in the next section. Also, altitude will
be specified as a low-order polynomial function of the
actual (as opposed to reference) along-track position, as
illustrated in figure 2. The figure shows the reference
trajectory as the solid curve with a dot on the curve
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Figure 2: Example showing that reference altitude is a
function of actual (not reference) along-track position.

to indicate the reference position at a particular time.
The other dot in the upper right portion of the figure
indicates the actual position of the aircraft. The along-
track position error is shown as the difference between
the actual and reference positions. Similarly, the altitude
error is shown as the difference between the actual and
reference altitudes. The key point of the figure is that the
reference altitude is a function of the actual, rather than
reference, along-track position. As mentioned earlier,
this fixes the 3D flight tube in the earth-fixed coordinate
system.

Figure 3 illustrates the same concept from a dif-
ferent perspective. The figure shows a notional block
diagram of a system in which the main input is time,
and the outputs are latitude, longitude, and altitude.
For each segment, the along-track reference position is
specified as a function of time (a low-order polynomial
function to be discussed later). The key point here is
that, whereas the latitude and longitude can be consid-
ered functions of the along-track reference position, the
altitude is a function of the actual along-track position
(another low-order polynomial function to be discussed
later). The actual along-track position is the sum of the
reference along-track position and the along-track posi-
tion error, as shown in the figure. Thus, the along-track
position error constitutes a second input, and the refer-
ence altitude is a function of along-track position rather
than time. The time-referenced altitude would be the
actual reference altitude only if the along-track position
error were zero.

In case this distinction is still unclear or seems un-
necessary, a simple thought experiment should help clar-
ify and justify it. Consider a trajectory that is specified
all the way through final approach to actual landing.
Now suppose the flight is one minute behind schedule
(but still within tolerance). If altitude is specified only
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Figure 3: Notional block diagram showing that altitude
is a function of actual rather than reference along-track
position.

as a function of time, then the aircraft will be required
to touch down one minute—or several miles—before it
reaches the runway! That obviously won’t work. But
if altitude is specified as a function of the scalar along-
track position, the flight will be required to touch down
at the correct point on the runway regardless of how far
ahead of or behind schedule it might be. Clearly, the
latter approach is correct.

POLYNOMIAL APPROXIMATION

In the current air traffic system, vertical profiles are diffi-
cult to predict accurately based on information available
on the ground. Part of the problem is that weight and
thrust (or throttle setting) are not accurately known on
the ground. Another major source of altitude prediction
uncertainty is the lack of knowledge of the actual time of
initiation of an altitude transition. When told to climb
or descend, the time taken by the pilot to initiate the
maneuver can vary by up to nearly a minute. As a re-
sult, controllers must reserve a large block of airspace
around any aircraft that is in, or is about to enter, an
altitude transition. With better information available
on the ground, altitude can be assigned more precisely,
which will increase airspace capacity.

The objective of specifying a vertical profile is to
provide reasonable bounds on altitude without signifi-
cantly compromising efficiency. The idea is to approxi-
mate the vertical profile that the aircraft would be most
likely to fly if unconstrained (or with normal arrival time
constraints), then assign that profile, along with reason-
able error tolerances. In climb and descent, commercial
transport airplanes normally fly with the throttle fixed
and with feedback to the elevator to maintain constant
CAS (at lower altitudes) or constant Mach (at higher al-
titudes). In the future, the intended CAS/Mach schedule
will be known on the ground, as will the throttle setting
and the estimated weight of the aircraft. The predicted
wind, temperature, and pressure fields will also be avail-
able from a centralized weather service. Given this data,
the vertical profile can usually be predicted fairly accu-
rately, and an approximation of the predicted profile can

be used as the assigned profile. If the wind data is rea-
sonably accurate, and if the altitude tolerances are rea-
sonable, the aircraft should be able to conform to the
specified trajectory by flying as usual with the specified
power and CAS/Mach schedule.

The mechanics of the procedure will be similar to
what is currently done in the Center/TRACON Automa-
tion System (CTAS) [19], but with a few key differences.
CTAS is a suite of ATC/ATM decision support tools
that is being developed at NASA Ames Research Cen-
ter. CTAS currently has to guess at the weight and the
CAS/Mach schedule to be flown, but those data will be
available from the aircraft or from the AOC. A more fun-
damental difference is that the predicted trajectory will
actually become the assigned trajectory if it is free of
conflicts; otherwise it will be modified to eliminate any
conflicts before becoming the assigned trajectory. The
current ATC system has no such precisely defined ver-
tical profiles, and a CTAS prediction is no guarantee of
actual, or even attempted, conformance. In fact, the no-
tion of vertical conformance itself isn’t even defined for
altitude transition.

The CTAS software process that predicts trajecto-
ries is called the Trajectory Synthesizer (TS) [20]. The
TS contains performance models of all major aircraft
types, and types that are not modeled directly are ap-
proximated with similar available models. The inputs
to the TS for each aircraft include the aircraft type and
weight, CAS/Mach values, throttle settings, the flight-
plan, and the current weather data file from the Rapid
Update Cycle (RUC) [21]. The output is the predicted
4D trajectory in the form of a discrete series of points in
which the time increment varies with the dynamic state.
The TS or its functional equivalent can be used to con-
struct the assigned trajectory as closely as possible to
the trajectory that would have been flown without the
constraints. The common trajectory modeling capability
currently being discussed by the FAA and Eurocontrol
[22] could eventually be applied here.

Figure 4 shows the altitude profile synthesized by
the TS for a constant-CAS climb segment of a Boeing
757 from an altitude of about 12,000 ft, where it exits
the TRACON, to 34,000 ft, in a randomly selected wind
field. The solid line represents the best-fit parabola, and
the dashed lines represent an example error tolerance of
42000 ft relative to the parabola. The constant-CAS
segment is followed by a short constant-Mach segment
(not shown), which would require its own curve fit. In
most cases, the aircraft should be able to fly the specified
CAS of 296 knots without altitude feedback or throt-
tle modulation, and stay within the specified altitude
range. Only if the TS is substantially in error would
the aircraft need to use feedback of altitude, and per-
haps also throttle modulation, to stay within tolerance.
Such error could be due to errors in wind, thrust, and/or
weight. Altitude feedback, and perhaps throttle modula-
tion, could be activated when the altitude deviation from
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Figure 4: Synthesized altitude profile and best-fit

parabola for the constant-CAS segment of a Boeing 757
in climb.

the reference reaches a threshold value of, say, 1000 ft.
Alternatively, an FMS could be programmed to use a
more refined criterion.

The curve fit error bounds of the parabola in figure 4
are —189 to +289 ft, for a total range of 478 ft (the curve
could be offset to make the error bounds symmetric, but
that was not done here). With a vertical error tolerance
of 2000 ft, that fit allows a worst-case altitude devia-
tion, relative to the TS output, of 189 — 2000 = —1811
to 2000 — 289 = +1711ft, which is probably sufficient.
However, if the error tolerance were tighter, say +1000
ft, that quadratic fit would only leave a worst-case alti-
tude deviation of —811 to +711 ft, which might not be
considered sufficient. In that case, the segment could be
divided into two or more segments, or a cubic or quartic
polynomial could be used for a better fit. For this exam-
ple, a cubic polynomial gives fit error bounds of —178 to
+94 ft (272 ft range), and a quartic gives —102 to +68
ft (170 ft range). Polynomials of fifth order or higher
could have numerical problems and should be avoided,
but polynomials of fourth order or less should not suffer
from significant numerical roundoff errors if a consistent
numerical precision of 64 bits is used in both ground-
based and airborne computers.

In the case of engine problems that prevent climbing
at a normal rate, the aircraft should notify the ground
immediately of the expected non-conformance, and the
ground will then reroute any affected aircraft. When
routing under climbing aircraft, precautions could be
taken to minimize the chance of a conflict in the case
of engine failure. For example, trajectories could be de-
termined for all levels of engine power from full power
down to one engine out, and those trajectories could be
avoided. The lower altitude tolerance, which will be dis-
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Figure 5: Synthesized along-track position and best-fit
parabola for the constant-CAS segment of a Boeing 757
in climb.

cussed later, could be used for this purpose.

Figure 5 shows the along-track position associated
with the climb of figure 4. The best-fit parabola fits
with error bounds of —0.05 to +0.07 nmi, which is close
enough for all practical purposes. The example error
tolerances represented by the dashed lines start out at
+2 nmi and grow linearly with time at a rate of 0.5
nmi/min to £6 nmi at 8 min from the start of the climb.

Figure 6 shows the altitude profile synthesized by
the TS for a constant-CAS, idle-thrust descent segment
of a Boeing 727 from an altitude of about 30,000 ft to
11,000 ft, where it enters the TRACON, in a randomly
selected wind field. Again, the solid line represents the
best-fit parabola, and the dashed lines represent a hy-
pothetical error tolerance of £1500 ft. The constant-
CAS segment is preceded by a short constant-Mach seg-
ment (not shown), which would require its own curve fit.
Again, the aircraft should normally be able to fly the
constant CAS of 280 knots without altitude feedback or
throttle modulation and stay within the specified alti-
tude range. As before, altitude feedback, and perhaps
throttle modulation, could be activated when the alti-
tude deviation reaches some threshold value. With error
bounds of —53 to 4+116 ft, the curve fit for this descent
is much more accurate than for the climb of figure 4.
Descents tend to be more nearly linear than long climbs,
and are usually well modeled with a parabola. In gen-
eral, an arrival descent would be followed by a short level
cruise segment into the meter fix, which would allow the
aircraft to cross the meter fix at a precise level altitude.

Figure 7 shows the along-track position associated
with the descent of figure 6. The best-fit parabola fits
with error bounds of —0.06 to 40.06 nmi, which is close
enough for all practical purposes. The example error
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Figure 7: Synthesized along-track position and best-fit
parabola for the constant-CAS segment of a Boeing 727
in descent.

tolerances represented by the dashed lines start out at
46 nmi and contract linearly with time at a rate of 0.5
nmi/min to slightly less than £2 nmi at 9 min from the
start of descent. Climbing aircraft usually only need to
control airspeed using the elevator (with throttle fixed).
However, descending arrivals need to control both alti-
tude and precise time of arrival at the meter fix, so they
need tighter control using not only the elevator but pos-
sibly also the throttle or speed brake.

The polynomial approximations discussed in this
section will be used in the trajectory specification for-

mat to be presented in the next section.

PROPOSED XML FORMAT

The purpose of XML (Extensible Markup Language)
is to create application-specific standards for platform-
independent data specification and transfer. Unlike its
more specialized sibling HTML (Hyper-Text Markup
Language), XML allows standards designers to define
their own data structures. XML is rapidly replacing bi-
nary formats for automated business-to-business trans-
actions and is being widely used for computing stan-
dards such as Scalable Vector Graphics (SVG). XML
provides flexibility in the selection and ordering of the
data fields, which is indispensable for trajectory specifi-
cation because each trajectory can have a variable num-
ber of segments of various types. The flexibility also
allows trajectories to be updated without repeating all
of the data that remains unchanged from the previous
update. Note that the use of XML is not required for
this application, but it’s versatility, popularity, and stan-
dardization seem to make it a good choice at this time.
That could change in the future, of course.

The structure and form of an XML document can be
formally described by another document called a Docu-
ment Type Definition (DTD), which itself has a standard
format. However, DTDs are expected to eventually be
superseded by XML Schema, which are considered more
versatile. XML Schema use XML itself to define the
allowed structure and form of other XML documents.
Other alternatives to DTD and Schema are also being
considered for standardization, but these alternatives are
outside the scope of this paper. The objective of this pa-
per is not to formally define an XML format but rather
to suggest how the format might look and what infor-
mation it should contain. A formal XML Schema (or
equivalent) would be premature at this time and will not
be presented. Instead, example XML code will be pre-
sented and discussed informally, but in sufficient detail
to provide high-level design requirements for a Schema.

At the most basic level, an XML document consists
of a hierarchy of elements, each of which can contain
subelements and/or attributes. Consider, for example,
the following XML fragment:

<elem attr="yes">
<sub attr2="100" attr3="no"/>
</elem>

The main delimiters in XML are “<” and “>,” which
enclose the opening and closing tags of each element
or subelement. This example shows an element called
“elem,” which has an attribute called “attr” and a
subelement called “sub.” The names of elements and
attributes are selected for each particular application
and are case sensitive. All attributes are specified in the
opening tag of an element, and the closing tag contains



Table 1: DEFAULT PHYSICAL UNITS

quantity | unit
time | hh:mm:ss (XML time format)
horizontal distance | nautical miles (nmi)
altitude | 100 feet (100 ft)
angles | degrees (deg)

knots
feet/minute (ft/min)
1000 pounds (klbs)

horizontal speed
vertical speed
weight

<flight ...>

<aircraft ...> ... </aircraft>
<preferences> ... </preferences>
<trajectory ...> ... </trajectory>
</flight>

XML Sample 1: Top-level structure

the element name preceded by a forward slash, such as
“</elem>” above. Elements or subelements that contain
only attributes and no subelements can end the opening
tag with “/>” in place of a separate closing tag, as shown
above. Attribute values must always be in quotes, and
the allowed values can be restricted to a specified list.
Attribute values can also be of specified types, such as
character strings, integers, and decimal numbers.

In this application, XML will be used to specify sev-
eral physical quantities such as times, distances, speeds,
etc. The units could be specified explicitly, but that
would be unnecessary in most instances because stan-
dard units are well established in aviation. Horizontal
distances are virtually always specified in units of nau-
tical miles (nmi), for example, and altitudes are always
specified in units of feet (ft), 100 ft, or 1000 ft. In this
paper, the default units will be as shown in table 1 unless
otherwise specified. In the unlikely event of a switchover
to metric units, the default English units can simply be
overridden using attributes. Time will be specified in the
standard XML format of “hh:mm:ss” (two digits each for
hours, minutes, and seconds).

At the top level, the proposed XML trajectory spec-
ification format appears as shown in XML sample 1. El-
lipses (“...”) represent text that has been omitted for
simplicity. The root element is “f1light,” and it contains
the top-level elements “aircraft,” “preferences,” and
“trajectory.” Note that these element names (and
those to follow) could be abbreviated if datalink band-
width is a problem, but full names will usually be used in
this paper for clarity. The “aircraft” element gives in-
formation about the aircraft itself. The “preferences”
element provides information about the airline or pilot
preferred flight parameters. Finally, the “trajectory”
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<flight ID="AAL2332/SF0" dest="JFK",
date="2004-02-04" time="13:25:00"
CID="324459" bcode="2187"
rev="0.0.0" status="request">

XML Sample 2: Flight element attributes

element specifies the trajectory itself. Each of these el-
ements will be discussed in more detail below. Note
that the “aircraft” and “preferences” elements can
be specified once and need not be repeated each time the
trajectory is revised, unless they are revised too.

The root element “flight” has several attributes,
as shown in XML sample 2. The “ID” attribute gives
the standard flight identification number with the orig-
inating airport code (for the current leg of the flight)
appended after a slash. The originating airport could be
another attribute, but appending it to the flight identifi-
cation number helps prevent confusion with previous or
subsequent legs of the same flight (which could be in the
system at the same time). The “dest” attribute gives
the destination airport code. The “date” and “time” at-
tributes specify the scheduled departure date and time.
The “CID” and “bcode” attributes give a unique com-
puter identification number and the aircraft transponder
beacon code, respectively. The “rev” element gives the
revision number of the trajectory in a format to be dis-
cussed later.

The “status” attribute tells whether the informa-
tion to follow is a “request” or is actually “assigned.”
Another possible status might be “mandatory,” which
might apply when an imminent conflict is being resolved.
The question of whether or when a pilot has veto power
over an assigned trajectory is an operational issue that
is outside the scope of this paper. Note, however, that if
a trajectory is tentatively assigned but pending approval
by the pilot, then both the tentative trajectory and the
active trajectory need to be kept clear of new conflicts
(as a result of new trajectory assignments) until the pilot
decides whether or not to approve.

The pilot or Airline Operations Center (AOC) need
not specify an actual trajectory request if they are not
equipped to do so or if they do not wish to do so. They
can simply specify their aircraft and flight preferences
and let the ground systems specify and assign a tra-
jectory. To do so, the pilot or AOC would use the
“aircraft” and “preferences” elements and omit the
“trajectory” element. The revision number of “0.0.0”
shown above applies in that case.

When the trajectory is initially assigned, the revi-
sion number in the “rev” attribute will become “1.0.0,”
and the “status” attribute will change from “request”
to “assigned.” The initial assigned trajectory could be
fully specified from start to finish, or it could be fully



<flight ID="AAL2332/SF0" CID="324459"
assigntime="14:05:32"
devtime="14:09:52" rev="1.0.2"
status="assigned">

XML Sample 3: Flight element attributes for trajectory
revision

specified for, say, the first hour, and only the horizontal
route tentatively specified for the remainder of the flight,
pending later, more precise specification. When a tra-
jectory is actually assigned, the root element “f1ight”
will have another attribute called “assigntime,” which
gives the assignment uplink time.

When the trajectory is revised, a trajectory devi-
ation time will also be specified in an attribute called
“devtime.” The revised trajectory must be continuous
with the old trajectory so the aircraft can maintain con-
tinuous conformance, and “devtime” specifies the time
at which the new trajectory actually deviates from the
old. The deviation time must follow the assignment time
by a sufficient margin (yet to be determined) to allow the
new trajectory to be uplinked, accepted, and processed
onboard the aircraft. An example of the “flight” tag
for a trajectory revision appears in XML sample 3. Note
that the scheduled departure date and time need not be
repeated because they are constant, and the same applies
to the destination airport and beacon code, assuming
they haven’t changed. However, the flight identification
and the computer identification number need to be given
for positive identification.

During flight, a trajectory modification request can
be specified and downlinked to the ground for approval
at any time. The requested trajectory will then be
checked on the ground, and if it is free of conflicts for
some specified time horizon on the order of, say, 15 min,
and if it is also consistent with the longer range traffic
flow plan, it will be approved. In that case, no assigned
trajectory needs to be uplinked. Instead, an MD5 or
SHA-1 [23] message digest signal can be uplinked to ap-
prove the request and guarantee integrity. However, if
the requested trajectory needs to be further modified to
resolve conflicts or for some other reason, the modified
trajectory will be uplinked. In that case, the aircraft
will downlink an MD5 or SHA-1 message digest of the
assigned trajectory to guarantee integrity.

Aircraft

As mentioned above, the “aircraft” element, a top-
level subelement of the root element, will be used by
the AOC or the pilot to specify the aircraft model and
parameters. An example is shown in XML sample 4.
The “tail” attribute of the “aircraft” element
gives the tail number of the aircraft. The “model” at-
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<aircraft tail="N788" model="MD80">
<weight unit="klbs" value="135"/>
<fuel unit="gal" amount="5226"/>
<engine model="JTI9D" factor="0.98"/>
<equip code="GAF" status="1"/>
</aircraft>

XML Sample 4: Aircraft element

tribute gives the aircraft model, which will be selected
from an approved list of several hundred models. The
ground systems will have performance models of each
aircraft type, which will be used to construct an efficient
trajectory when a fully specified trajectory request is not
received from the aircraft or its AOC.

The “weight” element specifies the takeoff weight
of the aircraft in units specified by the “unit” attribute.
The units of “klbs” (1000 lbs) shown in the example
could be the default, and other options such as “kg,” for
kilograms, might be allowed. The “fuel” element gives
the amount of fuel stored at takeoff and could be used
to update the fuel status if it becomes a concern. The
“engine” element has attributes “model” and “factor,”
which specify the engine model and an optional thrust
factor, which defaults to “1.0.” The thrust factor scales
the nominal maximum thrust for that engine model, and
it could be used to provide a more precise maximum
thrust for that particular engine, if known. The “equip”
element gives an avionics equipment code and a func-
tional status code that could be considered optional if
everything is functioning properly.

Flight Preferences

As mentioned above, the “preferences” element, a top-
level subelement of the root element, is used by the AOC
or pilot to specify preferred flight parameters. It gives
the ground systems the basic parameters needed to con-
struct an efficient trajectory consistent with the airline
or pilot preferences. An example is given in XML sample
5.

Most of the information in the “preferences” el-
ement is self-explanatory. The “climb” and “descent”
elements each have a “thrust” attribute to specify a
preferred thrust power setting in percent of maximum
thrust, where maximum thrust is determined by the en-
gine type as specified in the “engine” element discussed
previously. Climbs and descents usually consist of a long
constant-CAS (Calibrated Airspeed) segment at low al-
titudes and, for jets, a constant-Mach segment above
the CAS/Mach transition altitude. The “climb” and
“descent” elements each have “CAS” and “Mach” at-
tributes to specify the constant CAS and constant Mach
to be flown. The “cruise” element specifies the pre-
ferred cruising altitude and Mach or CAS.



<preferences>
<climb thrust="90" Mach="0.74"

CAS="280"/>
<descent thrust="5" Mach="0.74"
CAS="290"/>

<cruise alt="310" Mach="0.76"/>
<turn radius="9.0"/>
<depart runway="10L" order="23"/>
<arrive runway="22L" order="14"/>
<route>xxX.XXX,XXX.XXX

XXX .XXX,XXX.XXX

XXX .XXX,XXX.XXX

XXX .XXX, XXX .xxx</route>
</preferences>

XML Sample 5: Preferences element

The “turn” element has a “radius” attribute to
specify the preferred default turn radius. Alternatively,
a maximum bank angle for a coordinated turn could
be specified using a “bank” attribute. The “depart”
and “arrive” elements each have a “runway” attribute
to make known the preferred runways. They also each
have an optional “order” element to specify the pre-
ferred takeoff or landing order relative to other flights
of the same airline company. Finally, the “route” ele-
ment can be used to specify the desired horizontal route
waypoints in terms of WGS84 (latitude and longitude)
points. Each waypoint could be a comma-separated pair,
and the waypoints could be separated by spaces, the
same format used to represent polygon vertexes in the
XML standard for Scalable Vector Graphics (SVG).

Trajectory

The actual trajectory is specified in the “trajectory”
element, a top-level subelement of the root element. It
could be specified by the aircraft as a request, or it
could be specified on the ground as an assignment. The
“trajectory” element consists of a preamble, followed
by a series of “segment” elements, each of which spec-
ify a trajectory segment. An example is shown in XML

sample 6.
The “trajectory” element has attributes
“reftime” and “wthr.” The “reftime” attribute

specifies the trajectory reference time, relative to which
all other times in the trajectory will be specified. By
changing this reference time, the entire trajectory can be
shifted in time when necessary, which will be discussed
later. The zero reference for along-track position will
correspond to the assigned position of the aircraft at this
trajectory reference time. As the flight progresses, past
segments can be dropped and the reference time can
be moved up to the beginning of the current trajectory
segment, if desired. The “wthr” attribute specifies the

12

<trajectory reftime="13:46:17"
wthr="2004-02-04T13:00">

<depart runway="10L"/>
<tolerances>
<cross tol="2.0"/>
<vert tol="2"/>
<along tol="-2.0 2.0"
rate="-10 10" time0="0:32"
max="-10 10"/>
</tolerances>

<segment ...> ...
<segment ...> ...

</segment>
</segment>
<segment ...> ... </segment>

</trajectory>

XML Sample 6: Trajectory element

exact weather data that was used in the construction of
the trajectory. The “depart” element has an attribute
called “runway” that is used to specify the departure
runway, and an “arrive” element could be added later
in the flight to specify the arrival runway.

The “tolerances” subelement of “trajectory” is
used to specify the default trajectory tolerances. It
contains “along,” “cross,” and “vert” subelements to
specify the default along-track, cross-track, and vertical
tolerances, which can be overridden in each trajectory
segment. Each of those elements has a “tol” attribute
that is used to specify the actual tolerances. The default
cross-track tolerance will always be symmetric left and
right, so only a single value is given, in the default units
of nmi. The default vertical tolerance will apply only to
level flight, and it will also be symmetric up and down,
so a single value is given in the default units of 100 ft.

The along-track tolerance is slightly more compli-
cated. While unexpected cross-winds can be compen-
sated for with only minor loss of efficiency, the same
is not necessarily true of unexpected along-track winds
(headwinds or tailwinds). Attempting to compensate for
errors in the along-track wind predictions to maintain a
specified groundspeed can result in flight at an ineffi-
cient airspeed. Tightening the along-track tolerances in-
creases airspace capacity, but it also increases the proba-
bility that aircraft will be required to fly at inefficient or
perhaps even unflyable airspeeds. Along-track position
error tolerances must be set as a compromise between
those two effects. To allow more flexibility, along-track
tolerances will be allowed to vary linearly with time and
to be asymmetric. Also, the along-track assigned posi-
tion, tolerances, and speed will be updated periodically



<segment number="1" vtype="climb"
htype="straight" stype="constCAS">

<time start="0:08:42" duration="7:42"/>

<begin coords="WGS84" lat="xxx.xxxx"
lon="xxx.xxxx"/>

<end coords="WGS84"
lon="xxx.xxxXx"/>

lat="xxx.xxxx"

<along coeffs="xxx.xxx xxx.xxXx"
CAS="280" length="27.815"/>
<alt coeffs="126.8 21.609 4.1417e-3"
thrust="90" end="270" max="272"/>
<tolerances>
<along rate="-15 15"/>
<vert tol="-15 10"
rate="-1.5 1"/>
</tolerances>
</segment>

XML Sample 7: Trajectory segment element

to compensate for errors in modeling and prediction of
along-track winds, as will be discussed later.

The “tol” attribute of the “along” element, there-
fore, has two values: the forward and rear tolerances, in
units of nautical miles. These are the initial tolerances
at the time specified in the “time0” element, which is
relative to the trajectory reference time specified in the
“reftime” attribute of the “trajectory” element dis-
cussed earlier. The actual tolerances vary as a function
of time at a rate specified in the optional “rate” at-
tribute, if specified, which also has two values, in units
of knots, that default to zero. However, the maximum
magnitude of the along-track tolerances is capped by the
optional “max” attribute, if specified.

Trajectory Segments

The actual trajectory is specified as a series of seg-
ments, each of which is specified in a “segment” subele-
ment of the “trajectory” element, which is itself a top-
level subelement of the root element. An example of a
“segment” subelement is given in XML sample 7.

The “number” attribute of “segment” gives the seg-
ment number in the sequence. This is redundant infor-
mation if the segments are listed in order, but it provides
a handy reference tag and minimizes the chance of con-
fusion. The “vtype,” “htype,” and “stype” attributes
specify the type of the segment, which determines which
other subelements apply. The “vtype” element specifies
the vertical type, “htype” specifies the heading type, and
“stype” specifies the speed type. The allowed types are
listed in table 2. The vertical types are climb, level, and
descent. The heading types are right turn, left turn, and
straight. The speed types are constant CAS, constant
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Table 2: TRAJECTORY SEGMENT TYPES

name | description
vtype vertical type
climb increasing altitude
level constant altitude
descent decreasing altitude
htype heading type
rturn right turn
lturn left turn
straight | greatcircle path
stype speed type
constCAS | constant CAS
constMach | constant Mach
speedup increasing CAS or Mach
slowdown | decreasing CAS or Mach
dependent | dependent CAS or Mach

Mach, speedup (increasing CAS or Mach), slowdown
(decreasing CAS or Mach), and dependent. Note that
the speed types are based on airspeed (CAS or Mach)
rather than groundspeed, which changes during altitude
transition even when CAS or Mach are constant with
no winds. Whether speedup or slowdown refer to CAS
or Mach will depend on which is specified, which will
be discussed shortly. The dependent type is a catch-all
for cases where CAS or Mach could vary depending on
other requirements, such as a constant flightpath angle
for climb or descent. The total number of permutations
of possible segment types is 3 x 3 x 5 = 45, though some
will rarely or never be used. The rationale behind these
trajectory segment types will be discussed in more detail
later.

The “time” subelement of “segment” specifies the
precise time range of the segments. The “start” at-
tribute gives the starting time of the segment relative
to the trajectory reference time, and the “duration”
attribute gives the duration. The “begin” and “end”
subelements of “segment” specify the exact ground po-
sition of the beginning and end of the segment. The
attribute “coords="WGS84"” shown in the example in-
dicate that the coordinate are latitude and longitude in
the WGS84 geodetic reference system, which could be
considered the default. (The beginning of a segment
must match the end of the previous segment, so it is re-
dundant information that could perhaps not be required
if bandwidth is an issue.)

Local coordinate systems could also be convenient
in terminal areas around major airports. A standard
stereographic (pseudo-Cartesian) coordinate system can
be defined for each major airport or TRACON. The
“coords” attribute will be the airport code, and the co-
ordinates will be specified, in units of nautical miles, with
“x” and “y” attributes, as they are traditionally called.
For example:



<begin coords="DFW" x="34.344" y="9.439"/>

All straight segments will be assumed to follow greatcir-
cles, regardless of the coordinate system used to spec-
ify their endpoints. Note that when the segment length
is less than, say, 15 nmi, the difference between a
greatcircle and a straight line in stereographic coordi-
nates is very small. Finally, conventional named way-
points will still be allowed, and will be designated with
“coords="named".” For example:

<end coords="named" name="GREGS"/>

Named waypoints could be useful for arrival meter fixes,
as in the current system.

Referring back to XML sample 7, the “along”
subelement of “segment” specifies the along-track po-
sition as a polynomial function of time. The “CAS” at-
tribute gives the nominal CAS that is expected to be
flown. It could be replaced by a “Mach” attribute when
appropriate, of course. The “length” attribute gives
the along-track length of the segment. The “coeffs”
attribute lists the coefficients of the polynomial in order
of increasing powers, starting with the constant term.
The distance units will be nautical miles for all coef-
ficients. The linear coefficient should be in standard
units of knots (nmi/hr) for readability, but the succeed-
ing coefficients should probably be in units of knots/min,
knots/min/min, etc., for better scaling. Consistent units
are desirable, but readability and reasonable scaling are
more important. As long as the units are clearly spec-
ified in the standard, the mixing of hours and minutes
should not be a problem. The value of time used as the
argument of the polynomial will be the time relative to
the start of the segment. Thus, the first (constant) coef-
ficient will give the along-track (scalar) starting position
of the segment, where the zero reference for along-track
position corresponds to the assigned reference position
of the aircraft at the trajectory reference time. The sec-
ond coefficient is the groundspeed, in units of knots, at
the start of the segment.

Referring back again to XML sample 7, the “alt”
subelement of “segment” specifies the altitude as a func-
tion of along-track (scalar) position. The “thrust” at-
tribute gives the nominal thrust for the climb segment,
in percent of full power, and the “end” attribute gives
the assigned altitude at the end of the segment. The
“max” attribute gives an upper altitude limit that over-
rides the vertical tolerance near the end of the climb,
as will be discussed later. The “coeffs” attribute gives
the coefficients of the altitude as a function of actual
(not reference) along-track position, as was illustrated
in Figs. 2 and 3. As with the “along” element, the coef-
ficients will be listed in order of increasing powers. The
distance used as the argument of the polynomial will be
the along-track position, in units of nmi, relative to the
start of the segment. Thus, the first (constant) coef-
ficient will be the altitude, in hundreds of feet, at the
start of the segment. The second coefficient will be the
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<tolerances>

<along type="relative" tol="-2.0 -3.0"
rate="-10" time0="0:32"/>
</tolerances>

XML Sample 8: Relative along-track tolerance

altitude rate at the start of the segment, in units of 100
ft /min.

An interesting side issue is whether altitude should
be specified in terms of geometric altitude or pressure
altitude. In the United States, pressure altitude is
currently used above the transition altitude of 18,000
ft, and aircraft performance charts are based on pres-
sure altitude. However, geometric altitude can be de-
termined by GPS/WAAS (Global Positioning System
with Wide Area Augmentation System) much more ac-
curately than pressure altitude can be measured using
a baro-altimeter. GPS/WAAS can also determine geo-
metric altitude rate much more accurately than pressure
altitude rate can be determined. Accurate altitude and
altitude rate determination are indispensable for rapid
detection of trajectory nonconformance or impending
nonconformance. Accurate altitude control is also very
desirable for the “continuous altitude rule” that was pro-
posed in reference [24]. This rule designates cruising al-
titudes as a continuous function of course angle, which
spreads cruising traffic vertically, greatly reducing the
chance of collision. For these reasons, geometric alti-
tude should eventually replace pressure altitude as the
standard for trajectory assignment.

Referring back yet again to XML sample 7, the
“tolerances” subelement of “segment” specifies the
trajectory error tolerances for the segment. It has the
same basic format as the “tolerances” subelement of
the “trajectory” element one level up in the XML tree,
which was used to specify the default tolerances for all
segments. If no tolerances are specified for a particular
segment, the defaults apply. If tolerances are specified
for a particular segment, they apply only to that seg-
ment.

During climb and cruise, the along-track position
error tolerance will typically expand with time in both
directions, which means that the lower bound of the
along-track tolerance rate will be negative and the up-
per bound will be positive. That would be reversed for
descent, however, if the aircraft targets a precise ar-
rival time at a meter fix. For in-trail arrivals on the
same flightpath, along-track tolerances could conceiv-
ably be relative. That is, the forward along-track tol-
erance for one aircraft could be specified relative to the
preceding aircraft. This would obviously require that
the following aircraft be equipped to track the leading



<segment number="1" vtype="level"
htype="rturn" stype="constMach">

<time .../>
<begin .../>
<end .../>
<alt .../>

<turn begin="84.6" angle="7.3"
end="91.9" radius="15.0">
<wind speed="46" dir="243"/>
</turn>
<tolerances> ... </tolerances>
</segment>

XML Sample 9: Turn segment

aircraft. Such a relative along-track tolerance could be
specified, for example, as shown in XML sample 8. The
attribute “tol="-2.0 -3.0"” would be interpreted as
follows. The —2.0 is the along-track rear tolerance, as be-
fore. The forward tolerance of —3.0, on the other hand,
indicates that the aircraft must stay at least 3.0 nmi
behind the preceding aircraft.

Also, for non-level (climbing or descending) seg-
ments, the vertical tolerances can be asymmetric and
will be allowed to vary linearly for enhanced flexibility.
Hence, the “vert” subelement has a “tol” attribute that
specifies both a lower and an upper tolerance in units of
100 ft, and it also has a “rate” attribute that specifies
the rate of change of those tolerances in units of 100
ft/nmi. The implied along-track (scalar) reference po-
sition for vertical segments is the beginning of the seg-
ment. This is different from the along-track reference
time, which is specified independently of any particular
segment, as discussed earlier.

The “along” subelement of “segment,” as shown
in XML sample 7, applies to straight (greatcircle) seg-
ments. For turning segments, all the same elements
apply except “along,” which is replaced with “turn.”
An example of a turn segment is shown in XML sample
9. The elements in common with all segment types are
shown in abbreviated form for simplicity.

The “turn” subelement has attributes “begin,”
“end, “angle,” and “radius.” The “begin” and “end”
attributes specify the course angle at the beginning and
end of the turn, and the optional “angle” gives the an-
gle of the turn, where positive is to the right (“angle”
is for the convenience of the human reader). Note that
course angle is the angle of the groundtrack, indepen-
dent of winds, where zero is due North and 90 deg is due
East. The “radius” attribute gives the radius of the
turn in units of nautical miles, as usual, and it should
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probably be limited to something like 100 nmi. The
“turn” element has one subelement, “wind,” with at-
tributes “speed” and “dir” to specify the speed and
direction of the wind in units of knots and degrees, re-
spectively. Since turns are relatively short in duration,
the wind field will be assumed to be uniform through-
out the turn. These parameters precisely determine the
horizontal position of the aircraft as a function of time
throughout the turn.

The wind vector is added to the airspeed “vector”
(based on airspeed and heading relative to the wind)
to determine the varying groundspeed of the aircraft
as it progresses through a turn. The law of cosines is
then used to compute the resulting groundspeed, which
can be numerically integrated to precisely determine the
along-track position as a function of time. In any non-
zero wind field the groundspeed will vary through the
turn, and the bank angle must be varied accordingly to
maintain a coordinated turn (in which gravity and cen-
trifugal acceleration add vectorially to a force normal
to the floor of the aircraft). The necessary bank angle,
¢, is given in terms of the varying groundspeed, v, by
¢ = atan(v?/(rg)), where r is the (constant) turn ra-
dius, and g is gravitational acceleration. The radius of
the turn can be selected so that the maximum bank angle
through the turn does not exceed a specified magnitude.

A few additional points are worth mentioning with
regard to trajectory segment types listed in table 2.
Higher-order turn dynamics could be modeled with addi-
tional trajectory segment types, but the small improve-
ment in accuracy they would provide is not likely to
justify the added complexity. Segment types could be
added to model the roll dynamics at the start and end
of turn segments, for example, but those roll dynamics
last only a few seconds and their effect can simply be
absorbed into the cross-track error tolerance. Turns of
small magnitude should probably be given a large ra-
dius (but not more than, say, 100 nmi) to minimize the
bank angle and the resulting modeling error due to the
roll dynamics. Note also that an FMS can compensate
for the effective delay simply by starting the turn a few
seconds early. The turn lead time is approximately half
of the time needed to bank over (bank angle divided by
nominal roll rate).

The normal (vertical) acceleration dynamics at the
start and end of altitude transitions are another matter.
Those dynamics can last up to approximately twenty sec-
onds, and their effect on the trajectory can be significant.
The same sort of lead compensation discussed in the pre-
ceding paragraph for roll dynamics can be used, but that
may not match the assigned trajectory closely enough.
In that case, a short climbing or descending segment of
ten to twenty seconds can be used to model the verti-
cal acceleration dynamics. That is, a simple parabolic
segment can be used to provide a smooth transition be-
tween the level segment and the climbing or descending
segment that leads or follows it.



Figure 8: Turn geometry.

To be valid, segments must be labeled with the cor-
rect type. For example, level segments must have a con-
stant altitude, climb segments must have a positive al-
titude rate, and descent segments must have a negative
altitude rate. Also, position, groundspeed, and course
(groundtrack) angle must all be continuous to form a
valid trajectory. This means that a turning segment is
required between any two segments for which the course
angle at the end of the first segment does not match
the course angle at the start of the second. Similarly, a
speedchange segment is required between any two seg-
ments for which the groundspeed at the end of the first
segment does not match the groundspeed at the start of
the second. A small discontinuity should be allowed in
the vertical speed, however, at the beginning and end of
altitude transitions and at CAS/Mach transitions.

The turn angle between adjacent straight (great-
circle) segments can be determined using the “course”
function given in the Appendix for determining the ini-
tial course angle of a greatcircle segment (the spherical-
earth equations are plenty accurate for this purpose).
The turn angle between greatcircles (A,B) and (B,C)
is “course(B,C) — course(B,A) + 180 deg.” Each turn
must be tangent to the two greatcircle segments that it
connects. The turn corner is at the intersection of the
two greatcircle segments, and a turn of angle Ay must
start at a distance d = rtan(Ay/2) before the corner,
as shown in figure 8.

The 45 combinations of segment types cover all nor-
mal flight modes. The types involving turns and/or air-
speed changes will typically be of relatively short dura-
tion compared to the straight segment types with con-
stant airspeed. The segment types involving a simul-
taneous turn and speed change will probably be used
rarely but are available when needed. These segment
types may seem to preclude certain combinations, such
as a turn that continues through a transition from climb
to level flight, for example. Note, however, that such a
combination could be constructed, if necessary, by sim-
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ply following a climbing turn segment with a level turn
segment. Note also that sequential turn segments could
be used for S-turn delays. They could also be used for
unusual flight plans that go back and forth for aerial sur-
veying or other specialized tasks in which the straight
segments are parallel and closer together than the mini-
mum acceptable turn radius of the aircraft.

The 45 different possible combinations of segment
types are not all parametrically distinct. Climb and de-
scent segments have the same parameters, for example,
and differ only by the the sign of the altitude rate. Sim-
ilarly, level segments are just a special case in which the
altitude rate is zero. The climb, level, and descent des-
ignations are therefore not necessary for the actual con-
struction of the trajectory; they are essentially for the
convenience of the human reader. The only distinction
as far as parametrization is concerned is the distinction
between turning and straight segment types. The turn-
ing segment types need a few additional parameters such
as the radius of the turn and the wind vector, which were
discussed earlier.

A problem with transitioning from a non-level seg-
ment to a level segment is that the altitude tolerance
will virtually always be discontinuous. A typical alti-
tude tolerance for level flight might be +200 ft, but for
climb or descent the tolerance could be ten times larger.
Going from a level segment to a non-level segment is
not a problem because the tolerance increases, but going
from a non-level segment to a level segment is a problem
because the altitude tolerances decrease sharply and dis-
continuously, as shown in figure 9. The linearly decreas-
ing “transition tolerance” shown for the lower altitude
tolerance is one possible approach for reducing the toler-
ance less abruptly. The along-track distance over which
the tolerance decreases, which could be something like 5
to 10 nmi, will be specified in the “ttdist” (“tolerance
transition distance”) subelement of the “segment” ele-
ment for the level segment. Note that “ttdist” could
also apply to the cross-track tolerance in transitioning
from a turn segment to a straight segment. However, it
does not apply to the along-track tolerance, which will
always be continuous between segments.

Figure 9 also illustrates another problem with tran-
sitioning from a non-level segment to a level segment.
The upper altitude tolerance during the climb segment
allows the aircraft to go significantly above its intended
cruising altitude, exposing it to potential conflicts with
traffic at the next higher flight level. To prevent such ex-
posure, an “altitude limit” can be specified in the “max”
attribute of the “alt” subelement of “segment.” This
maximum altitude limit overrides the upper altitude tol-
erance, as shown in the figure. For a descent segment,
the “max” attribute would be replaced by “min.” This
maximum altitude limits any “overshooting” of target
altitude and will normally be the upper altitude toler-
ance for the level segment. The same geometry turned
upside down applies to descent.
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Figure 9: Altitude limit and transition tolerance for typ-
ical transition from climb to level segment with decreas-
ing altitude tolerances.

As mentioned earlier, curved wind-optimal routes
can be approximated as a series of waypoints connected
by greatcircles. The closer together the waypoints are
placed, the better the approximation will be, of course.
As a practical matter, something like six straight seg-
ments are sufficient to maximize wind efficiency in cross-
ing the entire North American continent. Nevertheless,
better accuracy could be achieved for a given number of
waypoints by using low-order (quadratic or cubic) poly-
nomial cross-track offsets from nominal greatcircle seg-
ments. That would allow some curvature to be put in
each segment for more flexible routing. It is not clear,
however, that the benefits would justify the additional
complexity, so it will not be pursued in this paper. Note
that the added complexity is not just in defining the ref-
erence trajectory itself, but even more so in determining
the bounding space. Recall that each segment deter-
mines its own local coordinate system.

Also, as mentioned earlier, the “rev” attribute of
the root element “flight” gives the trajectory revision
number in the form “i. j.k,” where “i” is the horizontal
path revision number, “j” is the vertical profile revision
number, and “k” is the along-track update number. The
revision number will start as “1.0.0” for the first as-
signed trajectory. If the horizontal path is revised, then
“i” will be incremented and “j” and “k” will each be
reset to zero. Similarly, if the vertical profile is updated
(as in a temporary altitude assignment to resolve a con-
flict), then “j” will be incremented, and “k” will be reset
to 0, but “i” will remain unchanged. If an along-track
update occurs, which will be the most common type of
update (to correct for wind modeling and prediction er-
rors), then “k” will be incremented and “i” and “j” will
remain unchanged. Along-track updates are discussed in
the next section.
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ALONG-TRACK UPDATES

The three axes in which the error tolerances are speci-
fied are along-track, cross-track, and vertical. In terms
of energy, the cheapest axis in which to maintain confor-
mance is the cross-track axis. If the aircraft can fly the
assigned groundtrack to within the cross-track tolerance,
the marginal energy required to do so is usually small.
In the case of unexpected crosswinds, the aircraft only
has to “crab” to stay on track, and the main controls
required are the ailerons and the rudder.

In cruise, vertical conformance is also cheap, but
along-track conformance can be far more expensive, de-
pending on how accurately the along-track winds can
be modeled and predicted. Airplanes normally cruise at
constant airspeed (CAS or Mach), and the groundspeed
corresponding to the most efficient airspeed obviously
varies with the along-track wind speed. If the wind field
prediction is accurate, then an efficient groundspeed can
be determined and assigned. If the predicted winds are
substantially in error, however, the airspeed correspond-
ing to the assigned groundspeed could be inefficient or
even unflyable. The two relevant concerns here are the
wind prediction accuracy and the speed range of the air-
craft.

Reference [25] cites wind prediction accuracy results
for the Rapid Update Cycle (RUC-1) [26] augmented
with aircraft wind reports. The wind error vector mag-
nitude was 7.85 m/s (15.3 knots) or less 90 percent of
the time, and error vector magnitude exceeded 10 m/s
(19.4 knots) only 4 percent of the time. The errors tend
to be somewhat worse during the winter months because
of higher wind speeds in general, but they are somewhat
better than the quoted figures the rest of the year. The
errors also tend to be larger at higher altitudes where the
wind speeds are higher, but the figures quoted above are
from actual aircraft at their operating altitudes. These
performance figures can perhaps be expected to improve
over the next twenty years. Note also that the along-
track component of the wind error, which is the signif-
icant quantity here, is less than the vector magnitude.
Averaged over all heading directions, the mean headwind
error is 2/7(~ 0.64) times the magnitude of the error
vector (that probably overstates the average effective re-
duction, however, because neither heading directions nor
wind error vectors are uniformly distributed).

The other relevant factor here is aircraft speed
range. Figure 10 is a plot of the speed envelope for an
MD-80 aircraft at a gross weight of 135,000 1b on a stan-
dard day. This figure is taken from reference [27] and
is based on data that came from a McDonnell Douglas
performance handbook. These data, as well as the air-
craft weight, would be known by the ground systems for
all equipped aircraft. Any uncertainties in the weight
would need to be accounted for to guarantee that the
speed range is not overestimated.

The speed bounds shown in figure 10 are the re-
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Figure 10: MD-80 Aircraft Speed Envelope for a stan-
dard day at 135 klb gross weight.

sult of four different effects, as shown in the figure. At
lower altitudes, the upper speed is limited by the maxi-
mum dynamic pressure that the airframe can withstand.
At higher altitudes, the upper speed is limited by the
maximum cruise thrust, which is primarily a function of
airframe drag and engine thrust. At the highest alti-
tudes, speed is limited to the minimum and maximum
buffet speeds, beyond which airframe vibration becomes
excessive (the buffet speed limits in this particular plot
may be somewhat conservative). Finally, at lower alti-
tudes, the wing stall speed (multiplied by a safety factor
of 1.3) is the effective lower bound on speed.

Figure 10 shows that the speed range falls off
sharply as the pressure altitude ceiling of approximately
FL330 (for this weight) is approached. At FL310 the
speed range is approximately 75 knots, and at FL290 it
is slightly below 100 knots. Suppose the aircraft is fly-
ing at FL310 at the recommended cruise speed of Mach
0.76, which is equivalent to 446 knots at that altitude.
The speed envelope then goes from approximately 394
to 469 knots, as shown in figure 10, so the speed can
be increased by a maximum of 23 knots or decreased by
a maximum of 52 knots from the recommended speed.
Thus, if the wind prediction error is within the range of
—23 to +52 knots, the aircraft can maintain the assigned
groundspeed exactly.

Although the aircraft can fly from 394 to 469 knots
at FL310, it cannot fly efficiently over that entire range,
of course. Suppose the efficiency is deemed “accept-
able” from 430 to 454 knots at that altitude and weight.
Then, as long as the wind prediction error is within —8
to 416 knots, the aircraft can maintain the assigned
groundspeed exactly and still fly with acceptable effi-
ciency. Outside that range, an incentive exists to fly at
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an efficient airspeed until a point is reached at which the
aircraft can no longer conform to the along-track error
tolerances. Hence, additional rules may need to be es-
tablished for how tightly an aircraft should track the as-
signed groundspeed, but such rules will not be discussed
in this paper.

The aircraft isn’t required to fly the assigned
groundspeed exactly; it is only required to stay within
the along-track position bounds, which can vary linearly
with time. Suppose the along-track tolerance rates are
zero, the along-track position tolerances are +2 nmi, and
the aircraft is centered within the along-track position
bounds. If the along-track wind error is within 410
knots, the aircraft will be able to maintain its recom-
mended airspeed for at least 12 min, worst case, before
it can possibly fall out of conformance.

Alternatively, if the along-track tolerance rates are
412 knots, then the along-track tolerances will increase
at that rate, which is 0.2 nmi per minute, in each di-
rection. Thus, the aircraft will be able to fly at the
recommended airspeed and maintain a constant or in-
creasing margin from the along-track bounds even if the
along-track wind predictions are in error by up to £12
knots.

Commercial transport airplanes normally climb
with throttle fixed somewhere in the range of 85 to 95
percent of full throttle, with feedback to the elevator
to maintain constant CAS (at lower altitudes) or con-
stant Mach (at higher altitudes). If the errors in the
prediction of the along-track wind speed are reasonably
small, the aircraft should still be able to fly in that mode.
However, when altitude or along-track position approach
their bounds, the throttle may also need to be adjusted
to maintain conformance. The feedback to the throt-
tle could be programmed to start automatically when
the deviation reaches some threshold magnitude. The
error tolerances should be set to accommodate the en-
tire range of potential wind errors to some high level of
certainty, say 99.9%. This could make the error toler-
ances fairly large, but at least they will clearly bound
the area (as a function of time) that needs to be avoided
by other aircraft. In the current system, the lack of ex-
plicit bounds forces controllers to effectively block out
excessively large amounts of airspace for climbing and
descending aircraft, which reduces airspace capacity.

In the event of substantial errors in the prediction
of along-track winds, aircraft could be forced to fly at
grossly inefficient speeds to maintain along-track posi-
tion conformance. Worse yet, they could reach a state
in which they are aerodynamically incapable of flying at
the speed necessary to maintain conformance. To avoid
either of those two undesirable conditions, particularly
the latter, the along-track assignments will be updated
periodically. The updates could apply to position, speed,
and error tolerances. With proper updates, the worst
that should happen is that some traffic may be forced
to fly inefficiently for short periods of time to avoid a



conflict, but they would obviously never be required to
fly at speeds of which they are incapable of flying.

A complete 4D trajectory can (optionally) be filed
by each participating aircraft or its AOC prior to takeoff.
The trajectory reference time, which is specified by the
“reftime” attribute of the “trajectory” element, will
be defined as the time at which the aircraft is expected
to cross some predefined marker, such as the end of the
takeoff runway. Because takeoff time usually cannot be
predicted exactly, the first along-track update will oc-
cur immediately after takeoff. When the aircraft crosses
the reference marker, its reference time will be adjusted
accordingly. Because all other times are relative to the
reference time, no other times need to be changed. By
adjusting the trajectory reference time, the entire tra-
jectory can be effectively shifted in time.

After takeoff, the FMS will guide the aircraft along
its assigned climb trajectory. As explained earlier, con-
ventional feedback of speed error to the elevator will be
used to maintain constant CAS or Mach, and feedback to
the throttle will be used only if the vertical or along-track
deviation reaches some threshold value, which shouldn’t
happen often if the wind predictions are reasonably ac-
curate and the error tolerances are reasonable. If the air-
craft does drift away from its reference trajectory and ap-
proach its along-track error bounds, however, the ground
can update the along-track assignment by changing the
assigned position, speed, and/or error tolerances. Such
updates would be done only if they do not cause a con-
flict within the conflict time horizon of, say, 15 min.

The most common type of along-track assignment
update will be to change the assigned position to the
current position and to simultaneously reset the posi-
tion error tolerances to their initial values. The assigned
groundspeed (the rate of change of the assigned along-
track position) could also be changed if the wind model is
determined to be significantly in error. This kind of up-
date could be done periodically at a rate of, say, once per
two minutes, except that it would not be done if it pro-
duces a potential conflict within the conflict time hori-
zon. A potential conflict is defined as having the bound-
ing spaces of two aircraft come closer together than the
required minimum separation. In other words, confor-
mance to their assigned trajectories by any two aircraft
must guarantee the minimum required separation.

Because all the times given in the trajectory speci-
fication are relative to the trajectory reference time, the
entire trajectory can be shifted in time by changing the
reference time. That is equivalent to changing the as-
signed along-track position. As a flight progresses, tra-
jectory segments that are completely in the past can be
discarded. Because along-track updates will be a com-
mon operation, an abridged format is appropriate, where
unchanged data is not repeated. An example of a sim-
ple but complete along-track update is shown in XML
sample 10.

As explained earlier, the “devtime” attribute of
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<flight ID="AAL2332/SF0" CID="324459"
assigntime="14:05:32"
devtime="14:06:32" rev="1.1.3"
status="assigned">
<trajectory reftime="14:02:17">

<tolerances>
<along tol="-2.0 2.0"
rate="-10 10" time0="0:00"
max="-10 10"/>
</tolerances>
</trajectory>

XML Sample 10: Along-track update

“flight” gives the trajectory deviation time, which is
the time at which the new trajectory deviates from the
previous trajectory. The new trajectory reference time
adjusts the trajectory to the current along-track posi-
tion of the flight, and the along-track tolerance is reset
to its nominal initial value. Note also that the last field
of the trajectory revision number in the “rev” attribute
is incremented for an along-track update. Although the
entire trajectory specification is not transmitted, it will
be stored on the ground and reconstructed onboard the
aircraft based on the update and the previously stored
trajectory.

TRAJECTORY SOFTWARE OBJECTS

The trajectory specification concept could be the basic
building block for the entire ATM system. It could be
used for tactical and strategic separation as well as long-
range traffic flow management (TFM). The proposed
XML format represents trajectories independently of the
computer platform and programming language, but it
also translates directly into software data structures and
objects. XML bindings are available for languages such
as Ada, Java and C++. For example, Java Architecture
for XML Binding (JAXB) provides a convenient way to
bind an XML schema to a representation in Java code.

The methods or functions that will be needed for
trajectory objects can be categorized as those needed
only on the ground, those needed only in the air, and
those needed both on the ground and in the air. In any
case, the methods will need to:

e read and write the XML format and verify integrity
using the MD5, SHA-1 [23], or similar algorithm.

e revise the XML document, given a full version and
a partial (“delta”) revision.

e parse the XML format and convert the data into a
corresponding object data structure.



e check the sequence of trajectory segments for valid-
ity, continuity, and flyability.

e compute the reference position and the bounding
space as a function of time and current position.

e determine the along-track, cross-track, and vertical
deviations of the current position from the reference
position.

e generate and/or modify trajectories using a graphi-
cal user interface with user-friendly point-and-click
functionality.

e determine the minimum horizontal separation be-
tween the bounding spaces for a pair of trajectories,
and the minimum vertical separation while the hor-
izontal separation is less than the prescribed stan-
dard.

The last item, although simple in concept, could be
a challenge to implement efficiently. In principle it re-
quires the determination of the minimum separation be-
tween any point in one (horizontal) bounding space and
any point in the other at any point in time. Clearly the
closest points will be on the boundary of the bounding
spaces, but that still leaves a theoretically infinite num-
ber of possible points on each boundary that need to be
checked against each of an infinite number of points on
the other boundary. Efficient geometric algorithms will
need to be developed to get a reasonably efficient and
accurate approximation.

On the ground, more advanced methods will be
needed. For example, methods will be needed to find a
conflict-free trajectory “nearest” a requested trajectory
in terms of pathlength, flight time, fuel consumption,
or some other appropriate metric. Conflicts should be
avoided with other aircraft as well as convective weather
cells. In some cases, merely tightening the tolerances
temporarily, without changing the reference trajectory,
may resolve potential conflicts, and methods for doing
that could be useful. Also useful would be methods for
determining how much the error tolerances (particularly
along-track) can be relaxed without causing a conflict
in moderate or light traffic. Finally, methods for con-
structing efficient, conflict-free sets of trajectories could
be useful. Existing multi-aircraft trajectory optimiza-
tion methods can be adapted for this purpose.

Additionally, methods for detecting critical maneu-
vers and no-transgression zones would be useful. A crit-
ical maneuver is a planned maneuver (turn, climb, de-
scent, leveloff, etc.) that must be executed on schedule to
avoid an imminent conflict. No-transgression zones are
areas that must be strictly avoided due to proximity to
another aircraft. More generally, it will be useful to be
able to determine and highlight trajectory “hotspots,”
or points in a trajectory where separation approaches
the minimum required separation, and conformance is
critical to avoid a loss of separation. The situation is
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analogous to driving a car on a two-lane road: the cen-
ter line bounds the driving path, but the opposite lane
becomes a no-transgression zone only when an oncoming
car approaches.

As for the unique onboard requirements for trajec-
tory objects, the main one is that the aircraft be capable
of conforming to its assigned trajectory. This will most
likely be an automated function of an advanced FMS.
Another onboard requirement is to display the reference
trajectory for the pilot, which could be done with an ad-
vanced CDTI (Cockpit Display of Traffic Information),
perhaps as a head-up display. A CDTI could also con-
ceivably be used for real-time guidance, instead of an
FMS, to allow aircraft not equipped with an FMS to fly
in high-density airspace for short periods of time for ar-
rival at busy airports. This possibility will be discussed
briefly in the next section.

TRAJECTORY DISPLAY

In twenty years, virtually all commercial transport air-
craft are likely to be equipped with an advanced FMS
capable of automatically flying a specified trajectory. Pi-
lots will still need to be able to visualize their assigned
trajectory and monitor conformance, however. New
CNS technologies should be able to provide that capa-
bility at a reasonable cost. A technology called Cockpit
Display of Traffic Information (CDTI) uses GPS/WAAS
and ADS-B to provide an onboard visual representation
of the local traffic environment. An advanced CDTI
could also show assigned trajectories for improved sit-
uational awareness.

Such an advanced CDTT could also conceivably be
used in place of an FMS for pilot guidance. Whereas an
FMS must be developed for a particular aircraft model,
generic CDTT units can be produced for any aircraft
with a compatible slot in the cockpit, and are potentially
cheaper to test and certify, hence a CDTI unit could po-
tentially be cheaper than an FMS. This fact could allow
lower-cost aircraft, perhaps even general aviation, to par-
ticipate for short periods of time as equipped aircraft in
high-density airspace, which could be critical in crowded
terminal and transition airspace. The trajectory error
tolerances for such aircraft would probably need to be
larger than for aircraft equipped with an FMS, but they
would still fly much more precise and predictable trajec-
tories than aircraft not equipped with CDTI guidance.

Figure 11 shows how an advanced CDTT might be
used for situational awareness. It shows the local traffic
as any CDTT would, but it also shows the bounding space
and the future assigned horizontal path of the user and
the local traffic, so surprise maneuvers are minimized.
The start of descent point is also indicated, and a vertical
guidance bar appears on the right edge of the display
so that all three axes are represented in one view. The
small box in the upper-left corner shows current altitude,
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Figure 11: CDTI for situational awareness.

course, and speed, and a compass pointer appears in the
lower-left corner.

Figure 12 shows how the same CDTI could be
zoomed in for finer guidance, again perhaps as a head-up
display. The horizontal position of the user within the
bounding space is clearly shown, as is the velocity rela-
tive to the reference velocity. Again, a vertical guidance
bar appears on the right edge of the display, but more
detailed vertical guidance could also be provided during
climb and descent, as shown in figure 13. The vertical
guidance display includes a cross-track guidance bar so
that some guidance is always provided in all three axes.

CONCLUSION

An XML data format standard has been proposed for
specifying trajectories for appropriately equipped air-
craft in future high-capacity airspace. The format spec-
ifies a 4D reference trajectory along with error toler-
ances, which together define a bounding space, at each
point in time, in which the aircraft is required to be
contained. The assigned trajectories and tolerances will
be constructed such that conformance by any two air-
craft will guarantee the minimum required separation
between them for a period of time known as the conflict
time horizon, which could be something like 15 minutes.

Each AOC or pilot will be allowed to submit re-
quests at any time for specific trajectories or trajectory
revisions. Requested trajectories and revisions will be
checked on the ground for conflicts within the conflict
time horizon, and if they are free of conflicts and consis-
tent with the longer range traffic low plan, they will be
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CDTI zoomed in for Horizontal Guidance
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Figure 12: CDTI zoomed in for horizontal guidance.
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Figure 13: CDTT for vertical guidance.

approved. Otherwise, the requested trajectory will be
minimally revised on the ground to resolve the conflict
or other problem, then it will be uplinked as the assigned
trajectory. Message digests such as MD5 or SHA-1 can
be used to guarantee datalink integrity.

Trajectories are broken down into a series of trajec-
tory segments of various types. With three vertical types
(climb, level, and descent), three heading types (straight,



right turn, and left turn), and five speed types, the total
number of possible combinations is 45. The horizontal
path consists of a series of geodetic waypoints connected
by great circles, and the great-circle segments are con-
nected by turns of specified radius. Along-track position
is specified as a low-order polynomial function of time,
and vertical profiles for climb and descent are specified as
low-order polynomial functions of actual (not reference)
along-track position. Flight technical error tolerances in
the along-track, cross-track, and vertical axes determine
the bounding space. Periodic updates in the along-track
axis adjust for errors in the predicted along-track winds.

This regimen of assigned 4D trajectories can elim-
inate the need for separation monitoring (of equipped
aircraft) by human air traffic controllers. It can also
guarantee that the equipped traffic will be able to fly
free of conflicts for at least several minutes even if all
ground systems and the entire communication infras-
tructure fail. This failsafe guarantee, along with the
elimination of the human factor from the primary separa-
tion feedback loop, has the potential to greatly increase
airspace capacity. That increase in capacity will be nec-
essary within the next couple of decades if the U.S. air
traffic system is to keep pace with the growing demand
for air travel.
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APPENDIX: GREATCIRCLE
FORMULAS

The earth is nearly but not quite spherical, with an ec-
centricity of about one part in 300. Greatcircle algo-
rithms come in two forms: those based on a simplified
spherical model of the earth, and those based on a more
accurate but more complex ellipsoidal model. The spher-
ical model yields closed-form analytic solutions, whereas
the ellipsiodal model yields more accurate but more com-
plicated iterative algorithms. The ellipsoidal greatcircle
algorithms will be needed for accurate along-track dis-
tances but are too complicated to be presented in this
paper. A few of the key spherical equations are presented
here for reference. The geodetic coordinates of a point
will be represented as (¢, A), where ¢ is latitude and A
is longitude.

Given a point A on the surface of the earth at
(¢a,Aa), and a greatcircle from point A with initial
course (groundtrack) angle x4, the point a distance d
(in radians) along the greatcircle at (¢, A) is given by

¢ = asin(singycosd + cospasindcosxa) (1)
A = modAg —y+m27) —7 (2)
where

(3)

Given points A and B on the surface of the earth
at (pa4,A4) and (¢B,Ap), the angular distance between
them is given by

v = atan2(sin x4 sind cos ¢ 4, cos d — sin ¢ 4 sin @)

dist(A, B) = 2 asin(y} + cos ¢4 cos ¢pY3)

(4)

where

sin((¢p — ¢4)/2)
sin((Aa — AB)/2)

§a!
72

The result must be multiplied by the radius of the earth
to determine the actual length of the greatcircle. The
official FAA earth radius is 3440.655273 nmi.

Given a greatcircle that starts at point A at (¢4, A4)
and ends at point B at (¢p,Ap), the initial course
(groundtrack) angle of the greatcircle at point A is given

by
course(A, B) = atan2(f1, 32) (5)
where
B1 = sin(Aa — Ap)cosop
B2 = cos¢asingp —singscosppcos(Aa — Ap)

Note that the course angle at the end of the greatcircle
can be determined by simply reversing the order of the
arguments of the course function, which is useful for de-
termining the turn angle between consecutive greatcircle
segments.
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Given these utility functions, the cross-track error
(positive to the right) of a point C that was supposed to
be on the greatcircle from A to B is given by

cross(A, B, C') = asin(sin(4, C)

sin(course(A, C') — course(A, B))) (6)

where
sin(A, C) = sin(dist(4, C))

The along-track position is given by

along(A, B, C) = asin(((sin(4, C'))*—

(sin cross(A, B, C))?)Y2/ cos cross(A, B,C))  (7)
As before, these results must be multiplied by the radius
of the earth to convert them from angles (radians) to
lengths.
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